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Ruderman–Kittel–Kasuya–Yosida interaction1–3 is an indirect
magnetic coupling between localized spins in a non-magnetic
host mediated by conduction electrons. In diluted systems it is
often the dominating magnetic interaction and has played a key
part in the development of giant magnetoresistance devices4,5,
drives ferromagnetism in heavy rare-earth elements6 as well as
in diluted magnetic semiconductors7 and gives rise to complex
magnetic phases such as spin glasses8. For bulk systems, an
isotropic and continuous model of Ruderman–Kittel–Kasuya–
Yosida interaction is often sufficient. However, it can be
misleading in magnetic nanostructures consisting of separate
magnetic atoms adsorbed on the surface of a non-magnetic
material. Here, an atomically precise map of the magnetic
coupling between individual adatoms in pairs is measured and
directly compared with first-principles calculations, proving
that Ruderman–Kittel–Kasuya–Yosida interaction is strongly
directional. By investigating adatom triplets of different shapes
we demonstrate that the map can serve to tailor the magnetism
of larger nanostructures.

Ruderman–Kittel–Kasuya–Yosida (RKKY) interaction is ubiq-
uitous in solid-state systems containing diluted magnetic moments
in a conducting non-magnetic host. It becomes dominant when-
ever there is a sufficiently strong exchange coupling between the
localized moments and the conduction electrons. Then, the spins
of the conduction electrons, which are on average unpolarized, are
forced into a preferred direction in the vicinity of each moment.
This preferential direction oscillates with increasing distance from
the moment. A second localized moment will interact with this
spin-density oscillation and perceive either a ferromagnetic or an
antiferromagnetic coupling to the first, depending on their distance.
Therefore, RKKY interaction is also called indirect magnetic ex-
change. The first indications of indirect magnetic exchange through
conduction electrons came with the research on diluted bulk alloys,
where a dependence of the interaction strength on the distance
between the moments with an oscillation period of half the Fermi
wavelengthwas proposed in an isotropic and continuousmodel1–3.

Direct experimental evidence for RKKY-like coupling of mag-
netic layers through transition-metal layers was obtained by
spatial-averaging techniques9–12. There have been theoretical13–15
and experimental16 hints that accurate RKKY models have to
take into account the topology of the Fermi surface and the
discrete distribution of magnetic moments on the atomic lat-
tice, but a direct experimental proof was hampered by the spa-
tial averaging, which provides only fragmentary information on

1Institute of Applied Physics, Hamburg University, Jungiusstrasse 11, D-20355 Hamburg, Germany, 2Institut für Festkörperforschung and Institute for
Advanced Simulation, Forschungszentrum Jülich, 52425 Jülich, Germany. *e-mail: jwiebe@physnet.uni-hamburg.de.

the distribution. However, as magnetic devices are becoming
smaller and approaching the limit of nanostructures built by
separate atoms, knowledge of the RKKY interaction on the
atomic scale is essential.

By using scanning tunnelling spectroscopy, it became possible
to investigate magnetic interactions in atom pairs17–19, but RKKY
coupling was still detected only indirectly through the Kondo
effect20. A direct detection of interactions is feasible with the
recently developed technique of measuring magnetization curves
of individual atoms using spin-polarized scanning tunnelling
spectroscopy21. Here, we study the indirect exchange interaction in
well-defined pairs of magnetic adatoms with different orientations
and distances both experimentally, by measuring single-atom
magnetization curves, and by first-principles calculations, using the
fully relativistic Korringa–Kohn–Rostoker Green function (KKR)
method22,23. Our results show that an exact knowledge of the RKKY
interaction on the atomic scale can be essential even for systems
showing a rather simple Fermi surface.

We study the model system of cobalt adatoms on platinum(111)
whose magnetic moment is forced to point perpendicular to the
sample surface at the measurement temperature of T =0.3K owing
to a strong out-of-plane anisotropy of K ≈ 9.3meV (ref. 24). The
adatom together with the neighbouring Pt atoms forms a large
effective magnetic moment of on average m = 3.5µB (ref. 21).
Examples of isolated adatom pairs with decreasing separations
between two and five lattice constants are shown in Fig. 1a–e. Their
lattice sites given in Fig. 1k–o can be extracted without ambiguity
and we focus on face-centred-cubic adatoms (see Supplementary
Information). Using Cr-coated probe tips sensitive to the out-
of-plane magnetization, we measure the spin-resolved differential
conductivity dI/dV of both adatoms to access their out-of-plane
components of the time-averaged magnetization 〈M z

i 〉 in each pair
as a function of the applied external magnetic field B (single-atom
magnetization curves; see Methods and Supplementary Fig. S1).
The corresponding curves are shown in Fig. 1f–j. In the following,
their shape will be interpreted in terms of the magnetic interactions
between the Co adatoms.

The two atoms in the pair with the largest separation of 1.21 nm
(Fig. 1a) have typical S-shaped magnetization curves shown in
Fig. 1f similar to the ones measured on isolated adatoms21. The
magnetization of these two atoms is thus aligned parallel. When
the separation in the pair is decreased by about one lattice constant
(Fig. 1b), the corresponding magnetization curves are drastically
changed (Fig. 1g) and a plateau appears aroundBz=0 T.Obviously,
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Figure 1 |Magnetization curves of Co pairs. a–e, Topographs (2.1 nm×2.1 nm) of Co pairs with decreasing distance as indicated (vertical scale from 0 to
0.15 nm). f–j, Single-atom magnetization curves measured on the left atom (black dots) and on the right atom (blue dots) of each pair. The curves are
vertically normalized to the saturation magnetization and horizontally offset to compensate for the effective tip field BT (ref. 21). The straight lines are
calculated from the Ising model assuming magnetic moments m given in each panel. k–o, Ball models of the atomic configuration in the pairs and J
resulting from the Ising model fit. The same colour indicates ferromagnetic coupling, different colours indicate antiferromagnetic coupling. (Tunnelling
parameters: stabilization current Istab=0.8 nA, stabilization voltage Vstab=0.3 V, modulation voltage Vmod= 20 mV (rms).)

the two magnetic moments of the pair couple to zero. Only when
Bz exceeds a critical value |Bz

crit| ≈ 0.25 T does the antiparallel
coupling break and the magnetizations of both adatoms saturate
parallel to B. For another pair with identical distance but with
a different neighbourhood of surrounding adatoms and defects
(Fig. 1c), the right atom shows paramagnetic behaviour whereas the
left atom behaves diamagnetically at low magnetic fields (Fig. 1h).
Accordingly, its magnetization is again aligned antiparallel to that
of the right atom and thus turns opposite to B. The coupling
again breaks for |Bz

crit| ≥ 0.48 T. The same behaviour is found
for the pair with a slightly lower separation (Fig. 1d,i), but now
with significantly larger |Bz

crit| ≈ 1.25 T. When the interatomic
distance is still smaller (Fig. 1e,j), the magnetization curves again
look similar to those of isolated adatoms, indicating parallel
alignment of the two spins.

Obviously, atoms 1 and 2 in the pair are subject to an oscillatory
coupling energy J12, which forces their magnetizations to be
aligned parallel (ferromagnetic coupling, J12> 0) for pairs a, e and
antiparallel (antiferromagnetic coupling, J12 < 0) for pairs b, c, d.
However, for some pairs an additional effect breaks their symmetry,

resulting in the asymmetric shape of the two magnetization curves.
The symmetry breaking can be explained by a difference in the
effective magnetic moments m1 and m2 of the two adatoms,
which vary by ±2µB around 3.5µB owing to an inhomogeneous
indirect-exchange mean field and to electronic inhomogeneity of
the substrate21 (see SupplementaryDiscussion S2 and Figs S2,S3).

To theoretically describe the experimentalmagnetization curves,
we use the following Hamiltonian:

H =−
1
2

∑
i,j(i6=j)

Jij
(
rij
)
Si ·Sj−K

∑
i

(
Szi
)2
−

∑
i

miSi ·B (1)

where i (j) numbers the adatoms, Si = Mi/mi are normalized
magnetic moments and mi are their absolute values (in µB).
K is the anisotropy per atom. The first sum describes the distance-
dependent exchange interactions. The second sum describes a
uniaxial anisotropy favouring an out-of-plane (z) orientation
of magnetization for positive K , and the third sum is the
Zeeman energy. We apply two different models: (1) an Ising limit
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Figure 2 |Distance dependence and directionality of RKKY interaction. a,b, Measured Jexp and calculated Jcalc in Co pairs (circles) and triplets (triangles,
triangular triplet; crosses, straight triplet) as a function of distance d. The data points are coloured corresponding to the lattice positions of the adatoms in
the pairs shown in c (first atom, black ball with spin up; second atom, coloured ball with spin direction as indicated by the arrow). Values in a are extracted
from the magnetization curves by fitting to the Ising model. The error bars are calculated from the uncertainty in the magnetic moments (see Methods).
The dotted line is a fit to the data of the pairs oriented along [11̄0] using a two-dimensional isotropic and continuous RKKY model. d, Plot of the calculated J
values of b as a function of position in the (111) plane. Each hexagon corresponds to the lattice site of the second atom in a specific pair with the first atom
fixed in the centre. The height and colour of each hexagon correspond to the size of J. e, The same as d, but with J values from the two-dimensional
isotropic RKKY model evaluated on the discrete lattice.

(Si = ±1 · ez , with ez being the unit vector along z) and (2) a
quasiclassical Heisenberg limit. The expectation values of the atom
magnetizations 〈M z

i 〉 have been calculated exactly and in case (2)
additionally by Monte Carlo simulations assuming a temperature
of T = 0.3K and an anisotropy of K = 9.3meV (see Methods). We
vary m1, m2 and J12 to fit the measured magnetization curves. We
find that the two different models are undistinguishable within the
experimental error because of the large anisotropy, which forces the
magnetization to point out of plane. Therefore, the results from the
most instructive Ising model are shown. The fitted curves and the
correspondingm and J values are given in Fig. 1f–o, demonstrating
an excellent reproduction of the measured data. Obviously, for
antiferromagnetic interaction between two atoms with magnetic
moments m1 and m2 (m1 ≤ m2, without loss of generality), the
coupling can be broken if the externalmagnetic field becomes larger
than |Bz

crit| =−J12/m1. Assuming m1 = 3.5µB, this simple formula
results in an antiferromagnetic interaction of J ≈ −100 µeV for
pairs b, c and J ≈−250 µeV for pair d, which is already close to the
results from the fits in Fig. 1. We carried out fits for about ten pairs
with different distances d placed at different locations on the bare
Pt(111) substrate. The resulting interaction energies J (d) are shown
in Fig. 2a together with the relative position of the two atoms on the
lattice in Fig. 2c. The J values from adatom triplets are also included
(see below). Measurements of the local electronic density of states
reveal that the atoms in pairs with a separation of larger than
one lattice constant are sufficiently separated to exclude a strong
overlapping of the electronic orbitals (Supplementary Fig. S5).
Thus, there is no direct exchange interaction. Furthermore, dipolar
interaction is at least three times smaller than the measurement
temperature. Consequently, the extracted J values are dominated
by RKKY interaction.

Note that the orientation of the pairs relative to the un-
derlying Pt(111) lattice changes when the distance in the
pairs is increased. Our measurements show that the RKKY

interaction is ferromagnetic for small distances, becomesmaximally
antiferromagnetic for a distance of three lattice spacings in the [11̄0]
direction (J ≈ −250 µeV) and then shows a damped oscillation
between ferromagnetic and antiferromagnetic coupling. However,
there is no well-defined wavelength. The data of the pairs along the
close-packed direction ([11̄0]) may be fitted to a two-dimensional
isotropic and continuous RKKY model J (d)∝ cos(2kFd)/(2kFd)2
using a Fermi wavelength λF = 2π/kF = 2 ± 0.5 nm (Fig. 2a).
However, for slightly different orientations, the isotropic model
fails, and a strongly different wavelength has to be assumed
(cyan-coloured, yellow and red data points). This proves a strong
directionality of the RKKY interaction on the atomic scale. We
propose that an upward-dispersing surface resonance crossing the
Fermi energy at λF≈ 1.6 nm with an effective mass of about 1.5me
could bemediating the observed RKKY interaction25.

To explore the directionality further, we calculated the inter-
action energy J of adatom pairs using density functional theory
in connection with the KKR method (see Methods). The calcu-
lated J (d) (Fig. 2b) reveals the same direction dependence as the
measured data with a maximum in the antiferromagnetic coupling
for a distance of three lattice spacings in the [11̄0] direction.
The values are about three times larger than the experimental
ones. Given the small absolute values of J of only several tens
of a microelectronvolt, the correspondence is remarkably good.
Figure 2d shows a different view of the calculated J values in a
three-dimensional plot, which highlights the strong anisotropy of
the RKKY interaction at the surface when being compared with
a similar plot of the two-dimensional isotropic RKKY model in
Fig. 2e. The strongest variation of J with increasing interatomic
distance is observed along [11̄0], whereas it is weaker along [112̄].

To demonstrate that the pairwise indirect exchange J (d) from
Fig. 2 enables us to predict the behaviour of nanostructures
built from a larger number of adatoms, we investigated triplets
shown in Fig. 3. Figure 3a represents a triplet with an almost
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Figure 3 |Magnetization curves of Co triplets. a,b, Topographs (2.8 nm×2.8 nm) of Co triplets with triangular (a) and straight (b) shape (vertical scale
from 0 to 0.15 nm). c,d, Ball models and relative distances of the atom configuration in the triplets. e–j, Single-atom magnetization curves (dots with
colours corresponding to c,d) measured on the three atoms in the triangular triplet (e–g) and straight triplet (h–j). The straight lines are calculated from
the Ising model assuming mi= 3.5µB and Jij as indicated in c,d. (Tunnelling parameters: Istab=0.8 nA, Vstab=0.3 V, Vmod= 20 mV (rms).)

equidistant triangular shape with atom positions shown in Fig. 3c.
From the map of the pairwise interaction in Fig. 2a,b, we
expect a weak ferromagnetic coupling between the black and
the red and between the green and the red adatoms, and a
strong antiferromagnetic coupling between the black and the
green adatoms. The measured magnetization curves are shown in
Fig. 3e–g together with the calculated magnetization curves from
the Ising model (equation (1)). Note that the experimental curves
are very noisy around zero magnetic field, indicating that the
moments are magnetically frustrated and switch between different
almost degenerate ground states. The fitted J values in Fig. 3c in

fact show that the energy difference between the two configurations
(Szblack,S

z
green,S

z
red)= (↑↓↑) and (↑↓↓) is only 20 µeV, which is lower

than the thermal energy.
The fitted J values are also included in Fig. 2a. Indeed, the

J values deduced from the triplet are consistent with the values
from the according pairs. The same comparison can be made
for a triplet with an almost straight shape shown in Fig. 3b. The
calculated J values from the KKR method for these two triplet
geometries are included in Fig. 2b, also showing that the deviation
from the pair interactions is negligible, that is, J tripletij ' J pairij . Figure 2
thus enables us to precisely predict the magnetic state for larger
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adatom nanostructures coupled by indirect exchange simply by
superposition of pairwise interactions.

As the RKKY interaction is mediated by the conduction
electrons, which reside at the Fermi surface of the material,
anisotropies of the Fermi surface could naturally explain the
observed directionality. Indeed, even the shape of the rather simple
Fermi surface of copper strongly modifies the electron motion as
demonstrated recently26. In platinum, moreover, on top of the
Fermi-surface hot spots there exists a Stoner enhancement for
the investigated adatom-pair distances, which further modifies the
interaction. This result will be important for the design of new
nanostructures exploiting the indirect exchange in other materials,
which usually have evenmore complex Fermi surfaces.

Using the obtained map of the pairwise exchange-coupling
constants together with the technique of tip-induced adatom
manipulation, it will be possible to design and build artificial
adatom assemblies with interesting functionalities. For example,
chains of coupled adatoms, which communicate the spin state
through RKKY interaction, can serve to build elements for spin-
logic circuits carrying out conventional binary computation using
only the spin degree of freedom27. Finally, we anticipate that
the demonstrated methods for extracting the interactions between
individual magnetic atoms can be applied to other systems where a
detailed knowledge of the indirect exchange is still lacking.

Methods
All measurements were made with an ultrahigh-vacuum system operated at
T = 0.3K (ref. 28). Details of the measurement procedures, sample preparation
and tip material can be found in ref. 21 (see also Supplementary Information).
For Monte Carlo simulation of the magnetization curves in the quasiclassical
Heisenberg model the Metropolis single-flip algorithm has been used. Up to
107 Monte Carlo steps have been carried out for each value of the out-of-plane
component Bz of B after the system has reached thermal equilibrium. An additional
averaging over several identical systems has been carried out.

The error in the experimental J , which is obtained from the fit of the measured
magnetization curves to the model (equation (1)), is given by the uncertainty in
the magnetic moments. They can vary by±2µB around the average value of 3.5µB

(ref. 21). The resulting error in J is ±60% in the antiferromagnetic case. J cannot
be determined exactly for the ferromagnetic pairs (Supplementary Discussions
S2,S3 and Figs S2–S4).

For the ab initio calculations we use the KKR method within the
local-spin-density approximation (see Supplementary Methods). We implemented
the solver of full-Dirac equations, available in the Jülich–Munich program23,
in the real-space version of the program22. As the sizes of cobalt and platinum
atoms are extremely different the deposited adatoms sink towards the substrate
by about 20% of the surface interlayer distance. The total magnetic moment of a
single cobalt atom with its four neighbouring platinum shells reaches a value of
m= 3.53µB, in which the spin(orbital) contribution is about 3.05µB(0.48µB).
The pairwise magnetic exchange interactions have been extracted by mapping the
ab initio calculations to the quasiclassical Heisenberg model (equation (1)) and
considering two magnetic configurations: a ferromagnetic solution with energy E↑↑
where both magnetic moments are parallel (perpendicular to the surface) and an
antiferromagnetic solution with E↑↓, where the magnetic moments are antiparallel
to each other. Jij is then given by (E↑↓−E↑↑)/2.

Although it is well known that strong spin–orbit coupling, which is present
on Pt(111), might lead to a significant Dzyaloshinskii–Moriya type of exchange
Dij ·(Si×Sj ) resulting in a canting of the two spins in the pair29, we ignore it
in the present analysis. Our KKR calculations show that the components of Dij

are at most of the same strength as Jij . However, even then, because of the large
K , the resulting canting angle is small (6◦) and will not affect the measured
magnetization curves considerably.

Received 28 July 2009; accepted 17 December 2009;
published online 31 January 2010

References
1. Ruderman, M. A. & Kittel, C. Indirect exchange coupling of nuclear magnetic

moments by conduction electrons. Phys. Rev. 96, 99–102 (1954).
2. Kasuya, T. A theory of metallic ferro- and antiferromagnetism on Zener’s

model. Prog. Theor. Phys. 16, 45–57 (1956).
3. Yosida, K. Magnetic properties of Cu–Mn alloys. Phys. Rev. 106,

893–898 (1957).
4. Baibich, M. N. et al. Giant magnetoresistance of (001)Fe/(001)Cr magnetic

superlattices. Phys. Rev. Lett. 61, 2472–2475 (1988).

5. Binasch, G., Grünberg, P., Saurenbach, F. & Zinn, W. Enhanced
magnetoresistance in layered magnetic structures with antiferromagnetic
interlayer exchange. Phys. Rev. B 39, 4828–4830 (1989).

6. Hughes, I. D. et al. Lanthanide contraction and magnetism in the heavy rare
earth elements. Nature 446, 650–653 (2007).

7. Dietl, T., Ohno, H., Matsukura, F., Cibert, J. & Ferrand, D. Zener model
description of ferromagnetism in zinc-blende magnetic semiconductors.
Science 287, 1019–1022 (2000).

8. Hewson, A. C. The Kondo Problem to Heavy Fermions (Cambridge Univ.
Press, 1997).

9. Majkrzak, C. F. et al. Observation of a magnetic antiphase domain structure
with long-range order in a synthetic Gd–Y superlattice. Phys. Rev. Lett. 56,
2700–2703 (1986).

10. Grünberg, P., Schreiber, R., Pang, Y., Brodsky, M. B. & Sowers, H. Layered
magnetic structures: Evidence for antiferromagnetic coupling of Fe layers
across Cr interlayers. Phys. Rev. Lett. 57, 2442–2445 (1986).

11. Parkin, S. S. P., More, N. & Roche, K. P. Oscillations in exchange coupling and
magnetoresistance inmetallic superlattice structures: Co/Ru, Co/Cr, and Fe/Cr.
Phys. Rev. Lett. 64, 2304–2307 (1990).

12. Parkin, S. S. P. & Mauri, D. Spin engineering: Direct determination of the
Ruderman–Kittel–Kasuya–Yosida far-field range function in ruthenium.
Phys. Rev. B 44, 7131–7134 (1991).

13. Roth, L. M., Zeiger, H. J. & Kaplan, T. A. Generalization of the
Ruderman–Kittel–Kasuya–Yosida interaction for nonspherical Fermi
surfaces. Phys. Rev. 149, 519–525 (1966).

14. Bruno, P. & Chappert, C. Ruderman–Kittel theory of oscillatory interlayer
exchange coupling. Phys. Rev. B 46, 261–270 (1992).

15. Simon, E., Lazarovits, B., Szunyogh, L. & Újfalussy, B. Ab-initio investigation
of RKKY interactions on metallic surfaces. Phil. Mag. 88, 2667–2672 (2008).

16. Inosov, D. S. et al. Electronic structure and nesting-driven enhancement of the
RKKY interaction at the magnetic ordering propagation vector in Gd2PdSi3
and Tb2PdSi3. Phys. Rev. Lett. 102, 046401 (2009).

17. Lee, H. J., Ho, W. & Persson, M. Spin splitting of s and p states in single
atoms and magnetic coupling in dimers on a surface. Phys. Rev. Lett. 92,
186802 (2004).

18. Kitchen, D., Richardella, A., Tang, J.-M., Flatté, M. E. & Yazdani, A.
Atom-by-atom substitution of Mn in GaAs and visualization of their
hole-mediated interactions. Nature 442, 436–439 (2006).

19. Hirjibehedin, C. F., Lutz, C. P. & Heinrich, A. J. Spin coupling in engineered
atomic structures. Science 312, 1021–1024 (2006).

20. Wahl, P. et al. Exchange interaction between single magnetic adatoms.
Phys. Rev. Lett. 98, 056601 (2007).

21. Meier, F., Zhou, L., Wiebe, J. & Wiesendanger, R. Revealing magnetic
interactions from single-atommagnetization curves. Science 320, 82–86 (2008).

22. Papanikolaou, N., Zeller, R. & Dederichs, P. H. Conceptual improvements of
the KKR method. J. Phys. Condens. Matter 14, 2799–2823 (2002).

23. Ebert, H. & Zeller, R. The SPR-TB-KKR package,
<http://olymp.cup.uni-muenchen.de/ak/ebert/SPR-TB-KKR>.

24. Gambardella, P. et al. Giant magnetic anisotropy of single cobalt atoms and
nanoparticles. Science 300, 1130–1133 (2003).

25. Wiebe, J. et al. Unoccupied surface state on Pt(111) revealed by scanning
tunneling spectroscopy. Phys. Rev. B 72, 193406 (2005).

26. Weismann, A. et al. Seeing the Fermi surface in real space by nanoscale electron
focusing. Science 323, 1190–1193 (2009).

27. Bandyopadhyay, S., Das, B. &Miller, A. E. Supercomputing with spin-polarized
single electrons in a quantum coupled architecture. Nanotechnology 5,
113–133 (1994).

28. Wiebe, J. et al. A 300mK ultra-high vacuum scanning tunneling microscope
for spin-resolved spectroscopy at high energy resolution. Rev. Sci. Instrum. 75,
4871–4879 (2004).

29. Bode,M. et al. Chiral magnetic order at surfaces driven by inversion asymmetry.
Nature 447, 190–193 (2007).

Acknowledgements
We acknowledge financial support from SFB 668, GrK 1286 and SPP1153 of the
DFG, from the ERC Advanced Grant ‘FURORE’, from the Cluster of Excellence
‘Nanospintronics’ and from the ESF EUROCORES Programme SONS under contract
N. ERAS-CT-2003-980409. F.M. acknowledges financial support from the German
Academic Exchange Service. We thank A. Lichtenstein, S. Schuwalow, S. Kettemann and
K. Patton for discussions.

Author contributions
L.Z., F.M. and J.W. did the experiments and the data analysis, S.L. did the first-principles
calculations, E.V. did the magnetization curve modelling and J.W. wrote the paper. All
authors discussed the results and commented on themanuscript.

Additional information
The authors declare no competing financial interests. Supplementary information
accompanies this paper on www.nature.com/naturephysics. Reprints and permissions
information is available online at http://npg.nature.com/reprintsandpermissions.
Correspondence and requests formaterials should be addressed to J.W.

NATURE PHYSICS | VOL 6 | MARCH 2010 | www.nature.com/naturephysics 191
© 2010 Macmillan Publishers Limited.  All rights reserved. 

http://www.nature.com/doifinder/10.1038/nphys1514
http://olymp.cup.uni-muenchen.de/ak/ebert/SPR-TB-KKR
http://www.nature.com/naturephysics
http://npg.nature.com/reprintsandpermissions
http://www.nature.com/naturephysics

	Strength and directionality of surface Ruderman–Kittel–Kasuya–Yosida interaction mapped on the atomic scale
	Main
	Methods
	Acknowledgements
	References


