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Cell Size Modulates Oscillation, 
Positioning and Length of Mitotic 
Spindles
Hongyuan Jiang

Mitotic spindle is the main subcellular structure that accomplishes the chromosome segregation 
between daughter cells during cell division. However, how mitotic spindles sense and control their 
size, position and movement inside the cell still remains unclear. In this paper, we focus on the 
size effects of mitotic spindles, i.e., how cell size controls various interesting phenomena in the 
metaphase, such as oscillation, positioning and size limit of mitotic spindles. We systematically 
studied the frequency doubling phenomenon during chromosome oscillation and found that cell size 
can regulate the period and amplitude of chromosome oscillation. We found that the relaxation time 
of the positioning process increases exponentially with cell size. We also showed that the stabler 
microtubule-kinetochore attachments alone can directly lead to an upper limit of spindle size. Our 
work not only explains the existing experimental observations, but also provides some interesting 
predictions that can be verified or rejected by further experiments.

Mitotic spindle, a bipolar assembly of dynamic microtubules and various proteins, is the main subcellu-
lar structure that accomplishes the chromosome segregation between daughter cells during cell division. 
For a long period of time, the spindle size was expected to be proportional to the cell size since the cell 
size is the main control parameter determining the size of subcellular structures1–3. However, recent 
experiments found that the size of the mitotic spindle scales with the cell size only in small cells, but 
approaches an upper limit (about 60 μm) in large cells during the early embryogenesis of Xenopus laevi 
eggs4. Similar phenomena can be recapitulated by in vitro experiments5,6, where spindles containing 
kinetochores and centrosomes are assembled in Xenopus egg extracts. Although it has been shown that 
the spindle size can be tuned by certain factors, such as the number of building blocks5,6, the morphogen 
gradient7, or the growth velocity of microtubules8, how mitotic spindles sense the cell size and accord-
ingly regulate their own size still remains unclear.

Cell size is also expected to be an important control parameter for some interesting phenomena, such 
as the positioning and oscillation of spindle and chromosome. Correct and accurate positioning of the 
mitotic spindle plays an important role in chromosome segregation and selection of the cell division 
plane9,10. Either the pushing forces generated by the polymerization of microtubules11–14 or the pulling 
forces generated by the walking of molecular motors15–17 can position microtubule organizing centers 
(MTOC) or spindles to the geometry center of the cell. The combination of pulling and pushing forces 
provides a more robust mechanism for the spindle positioning18–20. Chromosomes positioned near the 
metaphase plate can undergo directional instability, i.e., sustained chromosome oscillations between the 
two spindle poles during the metaphase of cell division21. Positioning the spindle inside the cell and driv-
ing the sustained chromosome oscillation require the sensing and control on the position and movement 
of chromosome through length-dependent or position-dependent forces1. Therefore, cell size should be a 
key control parameter for these processes. Although various models22–29 have been developed, how cell 
size regulates the positioning and oscillation of spindle and chromosome is still unknown.
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Furthermore, although the previous models22–29 can reproduce the chromosome oscillation and posi-
tioning phenomenon qualitatively, they cannot explain the fine behaviors of the mitotic spindle discov-
ered by some recent experiments. For example, recently it has been shown that the transitions from the 
poleward (P) to the away-from-the-pole (AP) movement of the chromosomes, i.e., P-to-AP reversals, 
always occur 6 seconds before AP-to-P reversals30 and chromosomes oscillate at a period twice that of 
the oscillation of inter-kinetochore distance30–32. Previous studies usually treat the oscillation and posi-
tioning of mitotic spindles as isolated problems and investigate them separately. For example, in most 
models about chromosome oscillation22–29, astral microtubules and cell boundary are neglected so that 
the positions of the spindle poles and the spindle size are fixed. Therefore, these models cannot be used 
to investigate the positioning of the whole spindle structure and how cell size regulates the oscillation and 
positioning. In contrast, in the previous models about the positioning process12,14,18–20, the whole complex 
spindle structure is usually represented by a single point, i.e., one MTOC. Therefore, these simplified 
models cannot be used to study the chromosome oscillation and how the spindle size is determined by 
the cell size. Therefore, in order to study all these interesting phenomena in a single model and find the 
most essential factors regulating these phenomena, a minimal but general model with as few parameters 
as possible should be developed.

In this paper, we will focus on the size effects of mitotic spindles, i.e., how cell size regulates the oscil-
lation, positioning and size limit of mitotic spindles. Here we will show that the oscillation, positioning 
and size limit of mitotic spindles can be studied in a general model by considering the properties that 
are intrinsic to the spindle, such as the growth dynamics of microtubules, the pulling forces generated 
by molecular motors, the pushing forces limited by the buckling force or stall force of microtubules, and 
the difference between microtubule-kinetochore attachments and microtubule-cortex attachments. We 
will show that cell size can regulate the period and amplitude of chromosome oscillation. We’ll also show 
that the relaxation time of the positioning process increases exponentially with cell size. Finally, we will 
demonstrate that the stabler attachments between microtubule and kinetochore can directly lead to an 
upper limit of spindle size.

Results
A minimal model to study the oscillation, positioning and size limit of mitotic spindles. As 
shown in Fig. 1a, the mitotic spindle has two poles and each pair of sister chromatids has two attach-
ment sites, named kinetochores. Microtubules are nucleated from the spindle poles and undergo rapid 
stochastic switching between growth and shrink states (dynamic instability of microtubules) to search for 
kinetochores33,34. Once both kinetochores of the sister chromatids are caught by microtubules, tension 
are built up and stabilize the whole structure. In the meanwhile, the sister chromatids are still mechan-
ically connected by cohesin protein complexes until anaphase. Therefore, the duplicated chromosomes 
are aligned near the spindle equator to form the metaphase plate during the metaphase.

In this paper, we consider a one-dimensional (1D) cell with size L (Fig. 1b). Inside the cell, there are 
two poles at r1 and r 4, and one pair of sister chromatids at r 2 and r3. The spindle size can be characterized 
by the distance between the two spindle poles, i.e., −r r4 1. The position of the spindle, i.e., the center of 
the spindle, is given by ( + )/r r 21 4 . Microtubules can grow from the two poles and catch chromatids or 
reach the cell periphery. = / +l L r21 1 and = / −l L r24 4 represent the length of astral microtubules 
(aMTs), while = −l r r2 2 1 and = −l r r3 4 3 indicate the length of kinetochore-associated microtubules 
(kMTs). Notice that the spatial and temporal regulation of microtubules and associated proteins inside 
the spindle is quite complex and motors are almost everywhere inside the spindle. To reduce this com-
plexity, we follow the previous models about spindle structure and chromosome oscillation to assume 

Figure 1. (a) Schematic showing a mitotic spindle inside a cell. (b) A simplified 1D force balance model. 
Two poles (r1 and r4) and one pair of sister chromatids (r2 and r3) are connected by aMTs and kMTs 
with length l1, l2, l3 and l4. The position and the size of the spindle are given by (r1 +  r4)/2 and r4 −  r1, 
respectively. The two sister chromatids is simply connected by a linear spring with rest length Δ  and spring 
constant α.
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that microtubules are directly connected to kinetochores22–25,28. The mechanical connection between the 
two sister chromatids is simplified to be a linear spring with rest length ∆ and spring constant α. 
Following Ref. [14, 19, 20], we consider two populations of microtubules in the i-th microtubule segment 
( = , ,i 1 2 3 or 4): pushing microtubules with number +ni  and pulling microtubules with number −ni , 
where +  and − indicate the pushing and pulling, respectively. The force balance equations on the poles 
are

ξ− + + − − = ( )
− + − +

F F F F r 0 1p1 1 2 2 1

ξ− + + − − = ( )
− + − +

F F F F r 0 2p3 3 4 4 4

and the force balance equations on the chromatids are

α ξ− + + ( − − ∆) − = ( )− +
F F r r r 0 3c2 2 3 2 2

α ξ− − ( − − ∆) − = ( )− +
F F r r r 0 4c3 3 3 2 3

where ξp and ξc are the viscous drag coefficients of spindle poles and chromatids, respectively. +Fi  and 
−Fi  are the pushing and pulling forces in the i-th microtubule segment with length li (Fig. 1b). Here we 

have neglected inertial forces since Reynolds number is very low in this system. We also neglected the 
viscous forces on the microtubules because they are negligible compared to other forces considered 
here35.

When the plus end of a microtubule growing from a spindle pole makes contact with some object, it 
will apply a pushing force on the object. If the pushing force exceeds a critical value, the growing micro-
tubule will be buckled due to its own compression. Experiments have shown that high percentage of free 
microtubules will buckle when they reach the cell cortex or barrier20,36,37. Therefore, we assume that the 
pushing force +Fi  is limited by this critical force14,19,20, which is given by Euler buckling formula fc =  π2κ/l2. 
Here κ and l denote the bending rigidity and the length of microtubules, respectively. By solving the 
post-buckling shape of the microtubule, one can show that the pushing force increases very slowly with 
the growth of microtubule after it exceeds the Euler buckling force. Therefore, given that the catastrophe 
rate is high, the deflection of the buckled microtubule will be small and we can assume the pushing force 
is approximately equal to the Euler buckling force14,19,20. Notice that when microtubules are very short, 
the Euler buckling force fc will exceed the stall force of microtubule Fs. So the pushing force generated 
by the polymerization of microtubules can be given as

π κ π κ

π κ
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The lateral reinforcement by the surrounding elastic cytoskeleton could greatly increase the critical 
force38. In this case, the critical force is fc =  8π2κ/b2, where b is the buckling wavelength instead of the 
microtubule length. Considering this effect only changes our results quantitatively. Notice that the push-
ing force given in equation (5) is naturally position-dependent without any other assumptions. Therefore, 
buckled microtubules are not only force generators, but also the simplest rulers to sense the position 
inside the cell.

Some molecular motors, such as dyneins, can walk to microtubule minus ends while bound to the 
cell cortex or kinetochore so that they can generate pulling forces. In contrast, kinesins usually walk to 
microtubule plus ends and therefore generate a pushing force. The force generated by motors is 

( )= −− −
, ,F n N f N fi i d d i k k i

, where Nd and Nk are the number of dyneins and kinesins on each microtu-
bule, respectively. fd,i and fk,i are the force generated by each dynein and kinesin. The velocity of dyneins 
and kinesins has been shown to be strongly influenced by the load39–42. The velocity and force of dyneins 
can be modeled as vd,i =  vd,0(1 −  fd,i/fd,s), where fd,s and vd,0 are the stall force and unloaded velocity of the 
dynein, fd,i is the pulling force on the dynein. Similarly, the velocity and force of kinesins can be written 
as vk,i =  vk,0(1 −  fk,i/fk,s). Therefore, by introducing λ =  Nd/(Nd +  Nk) and N =  Nd +  Nk, the force generated 
by motors can be given as
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If λ =  1, only dyneins apply forces on the microtubule. In contrast, if λ =  0, only kinesins generate 
forces. In most cases, dyneins dominate the force generation so that the resultant force generated by 
motors is a pulling force25. The walking velocities of motors relative to microtubules are related to the 
motion of spindle poles and chromatids by = − = − −, , v v r vd k f1 1 1 , = − = − −, ,  v v r r vd k f2 2 1 2 , 
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= − = − −, ,  v v r r vd k f3 3 3 4  and = − = −, , v v r vd k f4 4 4 , where vf is the poleward flux of microtu-
bules.

It should be noted that the effects of polar ejection forces have been carefully considered in this 
model. Polar ejection forces can be generated by the pushing of polymerizing microtubule plus ends 
against the chromosomes or by chromokinesin motors1. The polar ejection force due to the polymeriza-
tion of microtubules has been given by +F2  and +F3 . And the polar ejection force generated by kinesins 
has been included in equation (6). Notice that polar ejection forces were proposed to decrease with the 
distance from the spindle pole23 and the assumption has been verified experimentally43. This is consistent 
with the formula of +F2  and +F3 . It should also be noted that although the inhibition of chromokinesin 
motors reduces chromosome-to-pole distance in monopoles1, kinetochores are on average under ten-
sion44. This indicates that pulling force applied by dyneins is bigger than the pushing force generated by 
kinesins in equation (6) so that −Fi  should be a pulling force. Therefore, without loss of generality, we 
can assume λ =  1 in our simulation, i.e., only dyneins contribute to the force generation in equation (6). 
In this case, equation (6) is reduced to
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Finally, we assume that the pushing forces are exerted on the chromosome arms, while the pulling 
forces are exerted on the kinetochore. In another word, we assume that kMTs only provide pulling forces 
in our model and we don’t have to consider the buckling of kMTs. When we simplify the model to 1D 
case, the chromosome arm and kinetochore are reduced to a single point (r2 or r3) as shown in Fig. 1b. 
Therefore, by using the 1D approximation, we cannot distinguish the different locations of the chromo-
some arms and kientochores. This is one major limitation of this 1D model. If we extend this model to 
2D and 3D cells to study the orientation of the spindle, we must consider the population evolution of 
microtubules connected to the chromosome arms and kinetochores separately.

The two populations of microtubules +ni  and −ni  are mainly determined by the binding and unbind-
ing rate of motors, the catastrophe rate of microtubules, and the number of microtubules reaching the 
cell cortex or chromosome per unit time14, 19. Therefore, the time evolution of the two populations of 
microtubules can be described by the following equations

ρ= − − ( )

+

,
+

,
+dn

dt
k n k n 8

i
i c i i b i i

= − ( )

−

,
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−dn
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where ρi is the number of microtubules reaching the cell cortex or chromosome per unit time, kc,i is the 
catastrophe rate of pushing microtubules, kb,i is binding rate of motors to pulling microtubules, and ku,i 
is unbinding rate of motors from pulling microtubules. The unbinding rate ku,i increases exponentially 
with the applied load as =, ,

/k k eu i u i
f f0 i i

0
 Ref. [22,25], where ,ku i

0  is the unloaded unbinding rate, f i
0 is 

characteristic force indicating the sensitivity of the unbinding rate to the applied load. It should be noted 
that following the previous models about chromosome oscillation22–25,28, we assume that microtubules 
are directly connected to kinetochores and only motors binding to or unbinding from the two ends of 
microtubule contribute to evolution of the two populations of microtubules. Notice that the dynamic 
instability of microtubules can affect the value of ρi and in general ρi should be the function of the dis-
tance between the spindle pole and the destination. How the dynamic instability of microtubules influ-
ences the formula of ρi will be discussed in the last section.

Frequency doubling and regulation of chromosome oscillation by cell size. By solving 12 
coupled equations, i.e., equation (1)-(4),(8) and (9), we can obtain 12 unknowns. Therefore, we can 
study the size and position of the spindle (r4 −  r1 and (r1 +  r4)/2), and the inter-kinetochore distance 
(r3 −  r2). If the fixed point of the above nonlinear equations is stable, chromosomes and spindle poles 
will approach a steady position. In contrast, if it’s unstable, both chromosomes and spindle poles will 
undergo sustained periodic oscillations (Fig.  2a) and the oscillation period is about several minutes 
as observed in experiments30,31,45. Interestingly, chromosomes oscillate at a period twice that of the 
oscillation of inter-kinetochore distance (Fig. 2a,b), which is consistent with the accurate experimental 
measurement of the positions of the sister kinetochores30–32. The asymmetry between the poleward (P) 
and away-from-the-pole (AP) moving speed leads to frequency doubling of inter-kinetochore distance 
(Fig.  2c,d) as proposed in Ref. [31]. We found the P-to-AP reversals occur 6 seconds before AP-to-P 
reversals in Fig.  2c which is quantitatively consistent with the PtK2 oscillation in vivo30. Interestingly, 
spindle poles also oscillate and lag behind the chromosome oscillation by about 180 degrees (Fig. 1a). 
Notice that we only consider one pair of chromosomes, and therefore we predict the same oscillations 
period for chromosome and spindle poles. However, their oscillation period and amplitude could be 
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very different due to the coupling dynamics of multiple chromosomes and spindle poles. Also notice 
that the chromosome oscillation is faster than the oscillation of the whole spindle (the period is about 
30 minutes)46 since the drag coefficient of the whole spindle structure is much larger than that of a single 
chromosome.

Remarkably, both the period and amplitude of the oscillation of chromosome and inter-kinetochore 
distance increase with cell size in small cells, but saturate in large cells (Fig. 3). This has not been reported 
and still need further experimental verification. Without loss of generality, we can assume that ξc =  ξp ≡ ξ 
in our calculation and discuss the phase diagram of chromosome movement (Fig. 4). Apparently, if the 

Figure 2. Frequency doubling during directional instability. (a) The oscillation of chromosomes (r2 and r3) 
and spindle poles (r1 and r4). (b) The oscillation of inter-kinetochore distance r3 −  r2. (c) and (d) show the 
details of (a) and (b). Red and blue lines indicate P and AP movement, respectively. Parameters used in the 
simulation are summarized in the Table 1.

Figure 3. The oscillation period (a) and amplitude (b) of chromosomes (blue) and inter-kinetochore 
distance (red) as the function of cell size.
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viscous friction is too strong, i.e., the dimensionless viscous drag ξv0/Nfs is big, the system is overdamped 
and chromosomes cannot oscillate. For given viscous drag, chromosomes cannot oscillate too if the 
binding rate kb,i is too small or the unbinding rate ,ku i

0  is too big (Fig. 4).

Cell size affects the positioning of mitotic spindles in cortical pulling mechanism. We found 
that the spindle can be positioned to the cell center no matter whether the chromosome oscillates or 
not. For example, Fig. 5a shows when there is no chromosome oscillation, the spindle returns to the cell 
center after it is displaced from the center by Δ x0 and the time needed for the positioning process is 
roughly the same for various Δ x0 in a certain cell. If we use characteristic time T1/2 (the time at which 
the displacement of spindle Δ x decreases to Δ x0/2) to represent the relaxation time of the spindle, the 
relaxation time increases exponentially with cell size (Fig.  5b). This indicates that the spindle can be 
positioned to the cell center quickly in small cells, but in a cell bigger than a critical size Lc, this cortical 
pulling and pushing mechanism can not center the spindle effectively since the relaxation time is even 
larger than the duration of metaphase Tc. In very large cells, the astral microtubules do not reach the 
cortex, but the mitotic spindle can still be centered47,48. In this case, cells may use an alternative way, 
cytoplasmic pulling mechanism, to center the spindle9,47,48.

The upper limit of spindle size. This model can also be used to study how spindle size is regulated 
by cell size. We found that the spindle size is always proportional to the cell size and there is no upper 
bound for the spindle size if we assume all the parameters are the same for i =  1,2,3 or 4 (black curve in 
Fig.  6). Notice that the microtubule-kinetochore attachments can be directly stabilized by tension49 or 
indirectly stabilized by suppressing the destabilizing activity of Aurora B50. Therefore, we assume that the 
microtubule-kinetochore attachments are stabler than the microtubule-cortex attachments. There are 
three ways to achieve this in the model: (1) ,ku 2

0  and ,ku 3
0  are smaller than ,ku 1

0  and ,ku 4
0 ; (2) f 2

0 and f3
0 are 

smaller than f1
0 and f 4

0; (3) both (1) and (2) are true. For all the above possibilities, we found that the 
size of mitotic spindles increases approximately linear with the cell size in small cells, but approaches an 
upper limit in large cells, which perfectly agrees with the experimental data during the early embryogen-
esis of Xenopus laevi eggs4. For example, we can fit the experimental results accurately if we only assume 
= = ., ,

−k k s0 07u u2
0

3
0 1 and = = ., ,

−k k s0 1u u1
0

4
0 1 and other parameters are the same (red curve in Fig. 6). 

The stabler attachment between microtubules and kinetochores breaks the symmetry between kMTs and 
aMTs. The asymmetry is more obvious in large cells since the pushing force is position-dependent or 
length-dependent according to equation (5) in our model. Therefore, the spindle size does not scale with 

Figure 4. Phase diagram of chromosome movement characterized by dimensionless parameter ξv0/Nfs and 
(a) the binding rate kb,i or (b) the unbinding rate ,ku i

0  ( ,ku i
0  are the same for all i in this calculation).

Figure 5. Cell size influences the positioning of spindles. (a) The positioning of spindle to the cell center for 
various perturbation Δ x0. (b) The relaxation time increases exponentially with cell size. ξ =  8 is used so that 
there is no chromosome oscillation.
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cell size any more. Although the spindle size can be tuned by factors, such as the number of building 
blocks5,6, the morphogen gradient7, or the growth velocity of microtubules8, our result indicates the 
intrinsic property of the spindle that the microtubule-kinetochore attachments are stabler than the 
microtubule-cortex attachments49,50 can directly lead to an upper limit of spindle size.

The influence of the dynamic instability of microtubules. In our model, ρi denotes the number 
of microtubules reaching the destination (cell cortex or chromosome) per unit time. Apparently, the 
growth and the dynamic instability of microtubules should play an important role on the value of ρi. 
Experiments and theories have showed that there is an average growth rate which controls the transition 
between bounded growth and unbounded growth of microtubules51,52. The average behavior of microtu-
bules in the two states is quite different. In the unbounded growth, microtubules switch between growing 
and shrinking states, but on average they have a constant growth velocity ui. The length distribution 
propagates linearly with time and its shape evolves towards a Gaussian distribution51. If there is a wall at 
distance l away from the nucleation cite, it will take an average time /l ui for microtubules to reach the 
wall. After that, the transition state is over, the peak of the microtubule length distribution will stop 
before l, and the length distribution reaches a steady state due to the existence of the wall. Therefore, in 
this case, we may simply assume ρi is a constant. In the bounded growth, microtubules switch between 
growing and shrinking states, but each microtubule will eventually shrink to the nucleating site at some 
time. Their average length saturates at some constant value due to the constant re-nucleation, and the 
length distribution at the steady state is a simple exponential distribution51. Apparently, the bigger dis-
tance the microtubule has to reach, the more unlikely microtubules will reach the destination (cell cortex 
or chromosome) since the length distribution at the steady state is an exponential distribution. Therefore, 
ρi should be the function of the distance li between the spindle pole and the destination. In our simula-
tion, we found if we assume ρi =  Ai/li where Ai is a constant, the populations of pushing and pulling aMTs 
( +n1 , −n1 , +n4  and −n4 ) tends to vanish as cells become larger(see Fig. 7a,d,e,h). But kMTs still remain finite 
values. This is consistent with the experimental observations that aMTs are too short to reach the cortex 
in extremely large cells47,48. Notice that ρi also becomes a length-dependent parameter if we assume 
ρi =  Ai/li. However, we found even we assume ρi is a constant, the upper limit of mitotic spindles still 
exists as long as the microtubule-kinetochore attachments is stabler. Therefore, ρi is not a dominant 
parameter regulating the spindle size. Except for the difference of microtubule population, we found a 
length-dependent ρi only changes our results quantitatively.

Discussion
In this paper, we use a minimal model to identify the most essential factors that govern the oscillation, 
positioning and size limit of mitotic spindles. We show that mechanical force could be an effective tool 
to sense and regulate the size of subcellular structures, as has already been demonstrated in the growth 
and morphology of bacterial cells53–55. We found simple analysis, such as position-dependent forces gen-
erated by buckled microtubules and the intrinsic property that microtubule-kinetochore attachments are 
stabler than microtubule-cortex attachments, can explain the exiting data and provide some insightful 
predictions. Our model is based on a 1D cell, but it¡¯s possible to generalize it to two and three dimen-
sions to study the position and orientation of the spindle for various cell shapes or when external forces 
are applied.

Figure 6. The property that the microtubule-kinetochore attachments are stabler than the microtubule-
cortex attachments directly leads to an upper limit of spindle size. Our model can fit the experimental 
results4 perfectly if we assume = = ., ,

−k k s0 07u u2
0

3
0 1 and = = ., ,

−k k s0 1u u1
0

4
0 1 (red curve). In contrast, there 

is no upper limit for mitotic spindles if = .,
−k s0 1u i

0 1 for i =  1,2,3 or 4 (black curve).
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Methods
The 12 coupled equations, i.e., equation (1)–(4),(8) and (9), were solved by using MATLAB ordinary 
differential equation initial value problem solver ode15s. The initial values were taken to be approxi-
mately equal to the mean values of each unknown variable. The parameter values used in the simulation 
and the range of the parameter values tested in the simulation are given in Table 1. We can define three 

Figure 7. The populations of aMTs and kMTs during the chromosome oscillation when we assume ρi =  Ai/li, 
where Ai =  300 μm/s. The populations of pushing and pulling astral microtubules ( +n1 , −n1 , +n4  and −n4 ) tends 
to vanish as cells become larger. Blue and reed curves indicate different cell size (L =  100 μm and 
L =  1000 μm).

Parameter Description
Value used in 

figures
Value tested in 

model Reference

κ Bending rigidity of 
microtubules 21 pN ⋅  μm2 21 pN ⋅  μm2 [56]

Δ Rest length of the 
cohesin bonds 1 μm 0.5 ∼  2 μm [44]

α Spring constant of 
cohesin bonds 70 pN/μm 1 ∼  100 

pN/μm [23, 25]

fd,s Stall force of dyneins 7 pN 7 pN [39, 40, 57]

vd,0
Unloaded velocity of 

dyneins 0.2 μm/s 0.02 ∼  2 μm/s [39, 40, 57]

Fs
Stall force of 
microtubules 4.2 pN 1 ∼  10 pN [58]

fi
0 Characteristic force in 

the unbinding rate fs/3 fs/10∼ 3fs [57]

ξc
Viscous drag coefficient 

of chromatids 2.1 nN ⋅  s/μm 0.1 ∼  10 nN ⋅  
s/μm estimate

ξp
Viscous drag coefficient 

of spindle poles ξc
0.1 ∼  10 nN ⋅  

s/μm estimate

N Number of motors on 
each microtubule 10 5 ∼  15 [25]

ρi
Number of MTs 

nucleated per unit time 15 s−1 0.5 ∼  50 s−1 estimate

kc,i
Catastrophe rate of 

pushing microtubules 0.1 s−1 0.005 ∼  0.2 s−1 [23, 25]

,ku i
0 Unloaded unbinding 

rate of motors 0.07 or 0.1 s−1 0.005 ∼  0.2 s−1 [19, 20, 57]

kb,i Binding rate of motors 0.015 s−1 0.005 ∼  0.2 s−1 [19, 20, 23, 57]

Table 1.  Summary of the parameters used in the model.



www.nature.com/scientificreports/

9Scientific RepoRts | 5:10504 | DOi: 10.1038/srep10504

dimensionless parameters as κ κ= / ∆N f s
2, α α= ∆/N f s and ξ ξ= /v N f s0 . Based on the parameters 

listed in Table 1, we use the following values κ =  0.3, α =  1 and ξ =  6 unless otherwise stated. The pole-
ward flux is about 0.04 μm/s59,60. In our simulation, we found the value of this poleward flux has little 
influence on the size effects of the mitotic spindles. Therefore, without loss of generality, we assume vf =  0 
in the simulation. The cohesin complex connecting the two sister chromatids is simplified to be a linear 
spring. In the simulation, however, the force acting on the cohesin complex could be compressive and 
the two sister chromatids could switch their positions (r3 <  r2) if the compressive force is too big. To 
avoid this situation, we use α =  α0(1 +  δ/(r3 −  r2)2m+1), where m is an integer, α0 is a constant, and δ « 1. 
Therefore, α ≈ α0 when r3 −  r2 is big, and α becomes very large when r3 −  r2 is very small.

References
1. Dumont, S. & Mitchison, T. J. Force and Length in the Mitotic Spindle. Curr. Biol. 19, R749–R761 (2009).
2. Levy, D. L. & Heald, R. Mechanisms of Intracellular Scaling. Annu. Rev. Cell. Dev. Bi. 28, 113–135 (2012).
3. Goshima, G. & Scholey, J. M. Control of Mitotic Spindle Length. Annu. Rev. Cell. Dev. Bi. 26, 21–57 (2010).
4. Wühr, M. et al. Evidence for an upper limit to mitotic spindle length. Curr. Biol. 18, 1256–1261 (2008).
5. Good, M. C., Vahey, M. D., Skandarajah, A., Fletcher, D. A. & Heald, R. Cytoplasmic Volume Modulates Spindle Size During 

Embryogenesis. Science 342, 856–860 (2013).
6. Hazel, J. et al. Changes in Cytoplasmic Volume Are Sufficient to Drive Spindle Scaling. Science 342, 853–856 (2013).
7. Caudron, M., Bunt, G., Bastiaens, P. & Karsenti, E. Spatial coordination of spindle assembly by chromosome-mediated signaling 

gradients. Science 309, 1373–1376 (2005).
8. Reber, S. B. et al. XMAP215 activity sets spindle length by controlling the total mass of spindle microtubules. Nat. Cell Biol. 15, 

1116–1122 (2013).
9. McNally, F. J. Mechanisms of spindle positioning. J. Cell Biol. 200, 131–140 (2013).

10. Stevermann, L. & Liakopoulos, D. Molecular mechanisms in spindle positioning: structures and new concepts. Curr. Opin. Cell 
Biol. 24, 816–824 (2012).

11. Inoue, S. & Salmon, E. D. Force Generation by Microtubule Assembly Disassembly in Mitosis and Related Movements. Mol. Biol. 
Cell 6, 1619–1640 (1995).

12. Dogterom, M. & Yurke, B. Microtubule dynamics and the positioning of microtubule organizing centers. Phys. Rev. Lett. 81, 
485–488 (1998).

13. Tran, P. T., Marsh, L., Doye, V., Inoue, S. & Chang, F. A mechanism for nuclear positioning in fission yeast based on microtubule 
pushing. J. Cell Biol. 153, 397–411 (2001).

14. Howard, J. Elastic and damping forces generated by confined arrays of dynamic microtubules. Phys. Biol. 3, 54–66 (2006).
15. Grill, S. W. & Hyman, A. A. Spindle positioning by cortical pulling forces. Dev. Cell 8, 461–465 (2005).
16. Kimura, K. & Kimura, A. Intracellular organelles mediate cytoplasmic pulling force for centrosome centration in the 

Caenorhabditis elegans early embryo. Proc. Natl. Acad. Sci. USA 108, 137–142 (2011).
17. Wu, J. et al. Effects of dynein on microtubule mechanics and centrosome positioning. Mol. Biol. Cell 22, 4834–4841 (2011).
18. Zhu, J., Burakov, A., Rodionov, V. & Mogilner, A. Finding the Cell Center by a Balance of Dynein and Myosin Pulling and 

Microtubule Pushing: A Computational Study. Mol. Biol. Cell 21, 4418–4427 (2010).
19. Pavin, N., Laan, L., Ma, R., Dogterom, M. & Jülicher, F. Positioning of microtubule organizing centers by cortical pushing and 

pulling forces. New J. Phys. 14, 105025 (2012).
20. Laan, L. et al. Cortical Dynein Controls Microtubule Dynamics to Generate Pulling Forces that Position Microtubule Asters. Cell 

148, 502–514 (2012).
21. Skibbens, R. V., Skeen, V. P. & Salmon, E. D. Directional Instability of Kinetochore Motility during Chromosome Congression 

and Segregation in Mitotic Newt Lung-Cells - a Push-Pull Mechanism. J. Cell Biol. 122, 859–875 (1993).
22. Campas, O. & Sens, P. Chromosome oscillations in mitosis. Phys. Rev. Lett. 97, 128102 (2006).
23. Joglekar, A. P. & Hunt, A. J. A simple, mechanistic model for directional instability during mitotic chromosome movements. 

Biophys. J. 83, 42–58 (2002).
24. Sprague, B. L. et al. Mechanisms of microtubule-based kinetochore positioning in the yeast metaphase spindle. Biophys. J. 84, 

3529–3546 (2003).
25. Civelekoglu-Scholey, G., Sharp, D. J., Mogilner, A. & Scholey, J. M. Model of chromosome motility in Drosophila embryos: 

Adaptation of a general mechanism for rapid mitosis. Biophys. J. 90, 3966–3982 (2006).
26. Grill, S. W., Kruse, K. & Jülicher, F. Theory of mitotic spindle oscillations. Phys. Rev. Lett. 94, 108104 (2005).
27. Gay, G., Courtheoux, T., Reyes, C., Tournier, S. & Gachet, Y. A stochastic model of kinetochore-microtubule attachment 

accurately describes fission yeast chromosome segregation. J. Cell Biol. 196, 757–774 (2012).
28. Liu, J., Desai, A., Onuchic, J. N. & Hwa, T. A mechanobiochemical mechanism for monooriented chromosome oscillation in 

mitosis. Proc. Natl. Acad. Sci. USA 104, 16104–16109 (2007).
29. Wollman, R., Civelekoglu-Scholey, G., Scholey, J. M. & Mogilner, A. Reverse engineering of force integration during mitosis in 

the Drosophila embryo. Mol. Syst. Biol. 4, 195 (2008).
30. Dumont, S., Salmon, E. D. & Mitchison, T. J. Deformations Within Moving Kinetochores Reveal Different Sites of Active and 

Passive Force Generation. Science 337, 355–358 (2012).
31. Wan, X. H., Cimini, D., Cameron, L. A. & Salmon, E. D. The coupling between sister kinetochore directional instability and 

oscillations in centromere stretch in metaphase PtK1 cells. Mol. Biol. Cell. 23, 1035–1046 (2012).
32. Civelekoglu-Scholey, G. et al. Dynamic bonds and polar ejection force distribution explain kinetochore oscillations in PtK1 cells 

(vol 4, pg 577, 2013). J. Cell Biol. 202, 597–597 (2013).
33. McIntosh, J. R., Molodtsov, M. I. & Ataullakhanov, F. I. Biophysics of mitosis. Q. Rev. Biophys. 45, 147–207 (2012).
34. Mogilner, M., Wollman, R., Civelekoglu-Scholey, G. & Scholey, J. Modeling mitosis. Trends Cell Biol. 16, 88–96 (2006).
35. Howard, J. Mechanics of Motor Proteins and the Cytoskeleton. (Sinauer Associates, Sunderland, 2001).
36. Holy, T. E., Dogterom, M., Yurke, B. & Leibler, S. Assembly and positioning of microtubule asters in microfabricated chambers. 

Proc. Natl. Acad. Sci. USA 94, 6228–6231 (1997).
37. Faivre-Moskalenko, C. & Dogterom, M. Dynamics of microtubule asters in microfabricated chambers: The role of catastrophes. 

Proc. Natl. Acad. Sci. USA 99, 16788–16793 (2002).
38. Brangwynne, C. P. et al. Microtubules can bear enhanced compressive loads in living cells because of lateral reinforcement. J. 

Cell Biol. 173, 733–741 (2006).
39. King, S. J. & Schroer, T. A. Dynactin increases the processivity of the cytoplasmic dynein motor. Nat. Cell Biol. 2, 20–24 (2000).
40. Toba, S., Watanabe, T. M., Yamaguchi-Okimoto, L., Toyoshima, Y. Y. & Higuchi, H. Overlapping hand-over-hand mechanism of 

single molecular motility of cytoplasmic dynein. Proc. Natl. Acad. Sci. USA 103, 5741–5745 (2006).



www.nature.com/scientificreports/

1 0Scientific RepoRts | 5:10504 | DOi: 10.1038/srep10504

41. Svoboda, K. & Block, S. M. Force and Velocity Measured for Single Kinesin Molecules. Cell 77, 773–784 (1994).
42. Schnitzer, M. J., Visscher, K. & Block, S. M. Force production by single kinesin motors. Nat. Cell Biol. 2, 718–723 (2000).
43. Ke, K., Cheng, J. & Hunt, A. J. The distribution of polar ejection forces determines the amplitude of chromosome directional 

instability. Curr. Biol. 19, 807–815 (2009).
44. Waters, J. C., Skibbens, R. V. & Salmon, E. D. Oscillating mitotic newt lung cell kinetochores are, on average, under tension and 

rarely push. J. Cell Sci. 109, 2823–2831 (1996).
45. Stumpff, J., von Dassow, G., Wagenbach, M., Asbury, C. & Wordeman, L. The kinesin-8 motor Kif18A suppresses kinetochore 

movements to control mitotic chromosome alignment. Dev. Cell 14, 252–262 (2008).
46. Kiyomitsu, T. & Cheeseman, I. M. Chromosome- and spindle-pole-derived signals generate an intrinsic code for spindle position 

and orientation. Nat. Cell Biol. 14, 311–317 (2012).
47. Wuhr, M., Tan, E. S., Parker, S. K., Detrich, H. W. & Mitchison, T. J. A Model for Cleavage Plane Determination in Early 

Amphibian and Fish Embryos. Curr. Biol. 20, 2040–2045 (2010).
48. Mitchison, T. et al. Growth, interaction, and positioning of microtubule asters in extremely large vertebrate embryo cells. 

Cytoskeleton 69, 738–750 (2012).
49. Akiyoshi, B. et al. Tension directly stabilizes reconstituted kinetochore-microtubule attachments. Nature 468, 576–579 (2010).
50. Liu, D., Vader, G., Vromans, M. J. M., Lampson, M. A. & Lens, S. M. A. Sensing Chromosome Bi-Orientation by Spatial 

Separation of Aurora B Kinase from Kinetochore Substrates. Science 323, 1350–1353 (2009).
51. Verde, F., Dogterom, M., Stelzer, E., Karsenti, E. & Leibler, S. Control of Microtubule Dynamics and Length by Cyclin a-Dependent 

and Cyclin B-Dependent Kinases in Xenopus Egg Extracts. J. Cell Biol. 118, 1097–1108 (1992).
52. Dogterom, M. & Leibler, S. Physical Aspects of the Growth and Regulation of Microtubule Structures. Phys. Rev. Lett. 70, 

1347–1350 (1993).
53. Jiang, H. Y. & Sun, S. X. Morphology, Growth, and Size Limit of Bacterial Cells. Phys. Rev. Lett. 105, 028101 (2010).
54. Jiang, H. Y., Si, F. W., Margolin, W. & Sun, S. X. Mechanical Control of Bacterial Cell Shape. Biophys. J. 101, 327–335 (2011).
55. Jiang, H. Y. & Sun, S. X. Growth of curved and helical bacterial cells. Soft Matter 8, 7446–7451 (2012).
56. Gittes, F., Mickey, B., Nettleton, J. & Howard, J. Flexural Rigidity of Microtubules and Actin-Filaments Measured from Thermal 

Fluctuations in Shape. J. Cell Biol. 120, 923–934 (1993).
57. Loughlin, R., Heald, R. & Nedelec, F. A computational model predicts Xenopus meiotic spindle organization. J. Cell Biol. 191, 

1239–1249 (2010).
58. Dogterom, M. & Yurke, B. Measurement of the force-velocity relation for growing microtubules. Science 278, 856–860 (1997).
59. Maddox, P., Desai, A., Oegema, K., Mitchison, T. J. & Salmon, E. D. Poleward microtubule flux is a major component of spindle 

dynamics and anaphase A in mitotic Drosophila embryos. Curr. Biol. 12, 1670–1674 (2002).
60. Brust-Mascher, I. & Scholey, J. M. Microtubule flux and sliding in mitotic spindles of Drosophila embryos. Mol. Biol. Cell 13, 

3967–3975 (2002).

Acknowledgements
This work was supported by the Thousand Young Talents Program of China, the Fundamental Research 
Funds for the Central Universities (Grant No. WK2480000001), and the National Natural Science 
Foundation of China (Grants No. 11342010 and No. 11472271).

Author Contributions
H.J. designed and performed research, contributed analytic tools, analyzed data and wrote the paper.

Additional Information
Competing financial interests: The author declares no competing financial interests.
How to cite this article: Jiang, H. Cell Size Modulates Oscillation, Positioning and Length of Mitotic 
Spindles. Sci. Rep. 5, 10504; doi: 10.1038/srep10504 (2015).

This work is licensed under a Creative Commons Attribution 4.0 International License. The 
images or other third party material in this article are included in the article’s Creative Com-

mons license, unless indicated otherwise in the credit line; if the material is not included under the 
Creative Commons license, users will need to obtain permission from the license holder to reproduce 
the material. To view a copy of this license, visit http://creativecommons.org/licenses/by/4.0/

http://creativecommons.org/licenses/by/4.0/

	Cell Size Modulates Oscillation, Positioning and Length of Mitotic Spindles
	Introduction
	Results
	A minimal model to study the oscillation, positioning and size limit of mitotic spindles
	Frequency doubling and regulation of chromosome oscillation by cell size
	Cell size affects the positioning of mitotic spindles in cortical pulling mechanism
	The upper limit of spindle size
	The influence of the dynamic instability of microtubules

	Discussion
	Methods
	Additional Information
	Acknowledgements
	References



 
    
       
          application/pdf
          
             
                Cell Size Modulates Oscillation, Positioning and Length of Mitotic Spindles
            
         
          
             
                srep ,  (2015). doi:10.1038/srep10504
            
         
          
             
                Hongyuan Jiang
            
         
          doi:10.1038/srep10504
          
             
                Nature Publishing Group
            
         
          
             
                © 2015 Nature Publishing Group
            
         
      
       
          
      
       
          © 2015 Macmillan Publishers Limited
          10.1038/srep10504
          2045-2322
          
          Nature Publishing Group
          
             
                permissions@nature.com
            
         
          
             
                http://dx.doi.org/10.1038/srep10504
            
         
      
       
          
          
          
             
                doi:10.1038/srep10504
            
         
          
             
                srep ,  (2015). doi:10.1038/srep10504
            
         
          
          
      
       
       
          True
      
   




