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Tailored hardening of ZrCuAl bulk metallic glass
induced by 2D gradient rejuvenation
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Abstract
The work hardening behavior of bulk metallic glasses has not been previously ascribed to their intrinsic structure but
rather to the introduction of other components that act as hardening elements. Here, we present clear evidence of a
2D gradient rejuvenation state that can induce tailored hardening of a monolithic bulk metallic glass. We show that
the local free volume content related to the rejuvenation state controls the shear band angle and the maximum
effective shear stress. Hence, shear band propagation is prohibited, and the formation of a complete shear plane
transecting the whole specimen is blocked. The generation of plastic strain is accompanied by an increase in the
critical shear stress, resulting in sustainable apparent hardening. In this way, we present a bulk metallic glass that has a
tailored hardening mechanism and establish an experimental link between a gradient rejuvenation state and
mechanical properties.

Introduction
Work softening behavior can lead to catastrophic failure

through localized stresses at the site of deformation.
Although bulk metallic glasses (BMGs) have attracted
much attention owing to their high strength and wide
elastic limit1–3, a major disadvantage in terms of their
mechanical properties is intrinsic work softening4–6.
Therefore, studies to realize work hardening in BMGs
have been actively conducted by introducing other com-
ponents with work hardening elements, such as an aus-
tenite secondary phase, transformable heterogeneities,
and geometric imperfections7–13.
Apparent work hardening of a monolithic BMG is

achieved only under specific conditions14,15. Generally,
incomplete shear bands can be readily observed at surface
flaws or in soft regions even when the applied stress is
lower than the yield strength of the material11,14,16–19. The
plastic strain of these materials apparently increases in
response to the initiation and progressive propagation of
shear bands. Moreover, the strength of these materials
increases as the deformation proceeds, which is

considered to be apparent hardening7,8,15. Shear bands are
sequentially activated from sites with low critical shear
stress to those with high critical shear stress. Hence,
subsequent shear banding requires a higher applied stress
than previous shear banding20,21. When a complete shear
plane transects the specimen upon macroscopic yielding,
plastic deformation proceeds through shear sliding, and
no further apparent hardening occurs15. Because the local
critical shear stress over the entire area of the complete
shear plane is less than the shear stress already applied,
simultaneous sliding occurs in the complete shear plane.
Thus, plastic deformation can be continuously generated
without activating shear banding at new sites with higher
critical shear stress20–22.
The apparent hardening mechanism of monolithic

BMGs was not believed to substantially contribute to
plastic deformation after macroscopic yielding. However,
we posit that if a complete shear band is not formed, an
alternative hardening mechanism of BMGs might occur
even after macroscopic yielding where shear banding is
continuously activated at new sites with higher critical
shear stress. Here, we present experimental evidence for
the tailored hardening behavior of monolithic BMGs
throughout the overall plastic deformation stage.
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Asymmetric cryogenic heat treatment of a BMG gen-
erates 2D gradient rejuvenation, i.e., a gradient of the
free volume content in a specific direction of the sample.
A notable difference in the local free volume changes the
angle of the shear band initiation and propagation,
thereby completely preventing the formation of a com-
plete shear plane.

Materials and methods
Alloy fabrication
Ingots of Zr60Cu30Al10 (at.%) alloy were prepared by

arc-plasma remelting elements with high purity (higher
than 99.9 wt.%). The materials were remelted at least 5
times under a Ti-gettered Ar atmosphere to ensure che-
mical homogeneity. Cylindrical samples with a diameter
of 4 mm were fabricated by casting in a Cu mold.

Heat treatment
Each BMG sample was covered by two Cu jigs on the

sample stage. Under high vacuum (P ≈ 2 × 10−3 Pa), the
sample was heated to approximately 1.04Tg at a heating
rate of 0.4 K/s by the heater on the upper Cu jig and held
isothermally for 2 min. Then, the sample stage moved to
contact the liquid N2 (LN2)-cooled Cu mesh. The lower
Cu jig contacted the Cu mesh to cool the BMG sample.
The upper and lower Cu jigs were spaced 90 μm apart.
The temperatures at the top and bottom of the BMG
sample were measured with a thermocouple. The den-
sities of the top and bottom parts of the heat-treated
specimens with a mass greater than 1.0 g were measured
by the Archimedes principle, for which the accuracy was
±0.005 g/cm3. The BMG sample was then relaxed by
annealing for 2 min at 700 K at heating and cooling rates
of 0.4 K/s. Although thermal cycling potentially effects the
mechanical properties and atomic structure of a mate-
rial23, in the case of high-temperature heat treatment, it is
difficult to perform repeated tests because of the risk of
crystallization.

Differential scanning calorimetry (DSC) measurements
The specific heat (Cp), glass transition temperature (Tg),

and onset crystallization temperature (Tx) of each sample
were measured on a differential scanning calorimeter
(PerkinElmer Pyris Diamond DSC) at a heating rate of
20 K/min.

Scanning electron microscopy (SEM) imaging
The fracture and side surfaces of the compressed sam-

ples were observed with a scanning electron microscope
(JEOL JSM-7100F).

Compression testing
The mechanical behavior of each sample during com-

pression was investigated with the use of an Instron 5982

testing machine at a constant strain rate of 2 × 10−4/s; each
specimen used for these tests had a diameter of 4 mm and
an aspect ratio of approximately 1:2. For SEM observations,
the compressive deformation was interrupted after 2.5%
plastic strain. Five as-cast samples and five heat-treated
samples were tested to ensure reproducibility.

Nanoindentation test
Nanoindentation measurements were performed at a

peak load of 100mN, where the loading and unloading
rate was 10mN/s. For the 2D nanohardness maps of the
cross section of the heat-treated BMG samples, indenta-
tion tests were repeated 16 times to obtain average values
for 121 different positions. The 121 positions were evenly
distributed with a distance of approximately 330 μm
between adjacent points. For 1D line scanning, a total of
300 indentations were taken from the slow-cooled part to
the fast-cooled part. The α and θc values were interpolated
according to the nanohardness change based on the shear
band angles of the slow-cooled and fast-cooled ends of the
compressed sample.

Results and discussion
2D gradient rejuvenation in a monolithic BMG
The free volume content of a metallic glass is highly

dependent on the cooling rate when cooling at tempera-
tures above Tg

24–30. To introduce a 2D gradient rejuve-
nation (gradient of free volume content) into a single
BMG sample, a novel heat treatment apparatus was
developed to achieve different cooling rates at the top and
bottom parts of the specimen during cooling. Figure 1a
shows a detailed description of the heat treatment appa-
ratus used to introduce a 2D gradient rejuvenation into
the cylindrical BMG samples. Each cylindrical BMG
sample was covered with two Cu jigs. The vertical
movement of the Cu jigs was controlled by a motor, and
the jigs were located at the top side during heating and at
the bottom side during cooling. The upper jig was heated
through a physical connection with the heater and sup-
plied heat to the BMG sample and the lower jig. Upon
cooling, the lower jig contacted an LN2-cooled Cu mesh
located below the jig to cool the BMG sample and the
upper jig. The upper and lower jigs were not in direct
contact with each other; they were separated by 90 μm.
Because the heat treatment was performed under a high
vacuum atmosphere, both Cu jigs were insulated from
each other, and thermal conduction was achieved only
through the BMG sample, as shown in Fig. 1b. The bot-
tom part of the BMG sample was quenched by the lower
Cu jig during cooling; however, the top part was cooled at
a relatively slow cooling rate because the upper Cu jig
continuously supplied residual heat. The thermal history
of a Zr60Cu30Al10 cylindrical BMG sample with a dia-
meter of 4 mm was measured by thermocouples attached
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to the top and bottom parts, as shown in Fig. 1c. Cooling
was performed after isothermal holding for 2 min at
approximately 1.04Tg. The initial cooling rates of the top
and bottom parts of the sample were 1.8 K/s and 6.3 K/s,
respectively.
To measure the thermal properties of the specimens

after the heat treatment, the top part (approximately
200–800 μm from the top) and the bottom part
(approximately 200–800 μm from the bottom) were ana-
lyzed by DSC. Figure 2a shows the results of specific heat
measurements of the as-cast BMG and the top and bot-
tom parts of the heat-treated sample. The specific heat of
the top part of the heat-treated sample was higher than
that of the bottom part, which suggests the formation of a
glassy structure with a relatively small free volume con-
tent. The densities of the top and bottom parts of the
sample were 6.496 g/cm3 and 6.471 g/cm3, respectively.

The difference in the average value of the density was
approximately 0.39%, which directly showed that the
contents of the free volume at the top and bottom of the
heat-treated specimen were different.
A 2D indentation map was constructed to investigate

the difference in free volume content in the heat-treated
BMG specimen. Figure 2b is a color contour map that
shows the average value of the hardness measured at
121 different positions (shown inset) on the cross sec-
tion of the 4 mm cylindrical sample. The high hardness
of the top part was maintained up to a distance of
600 μm, after which it started to decrease sharply. From
a distance of 2000 μm to the bottom part, the hardness
exhibited little change. To measure the hardness gra-
dient more specifically, 1D line scanning was per-
formed, which comprised 300 indentations from the
slow-cooled top part to the fast-cooled bottom part.
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Figure 2c shows the raw hardness data (gray triangles)
and the smoothed hardness (solid line). The high
hardness of the top part was maintained up to a distance
of 600 μm, after which it started to decrease sharply.
From a distance of 2000 μm to the bottom part, the
hardness tended to decrease slowly. The hardness value
and specific heat reflect the difference in the local free
volume content depending on the rejuvenation state.
Due to the asymmetric cooling rate, residual stress may
have been applied, which is reflected in the mechanical
properties. The effect can be investigated by comparing
it with a stress-free sample. In this regard, the hardness
values of the as-cast and relaxed samples were mea-
sured to be 3997 ± 61 Pa and 4380 ± 84 Pa, respectively,
which were comparable to the hardness of the slow-
cooled and fast-cooled parts shown in Fig. 2c. There-
fore, there may be an effect from residual stresses, but
their influence was considered not dominant. Notably, a
gradient of the free volume content was formed from
the top to the bottom. In particular, a transition section
in which the free volume content rapidly changed was
formed in the section at distances from the surface in
the range of 600–2000 μm.

Mechanical properties of BMGs with 2D gradient
rejuvenation
The compression test results of the as-cast and heat-

treated Zr60Cu30Al10 BMG samples are shown in Fig. 3a.
According to five measurements from each specimen, the
average and standard deviation of the plastic strains of the
as-cast and heat-treated samples were 2.52 ± 0.63% and
7.21 ± 2.19%, respectively. The plastic strain was greatly
increased by the introduction of 2D gradient rejuvenation.
Notably, sustainable apparent hardening behavior (hard-
ening rate, dσ=dε ≈ 2650MPa) was observed in the plastic
deformation zone of the engineering stress-strain curve of
the heat-treated sample, as shown in Fig. 3b. Figure S1
also shows the true stress-strain curves, which were
obtained by converting the engineering stress-strain
values. Recent studies have suggested that the work
hardening behavior of a BMG occurs by the formation of
heterogeneities, such as short-range ordering, secondary
crystalline phases capable of martensitic phase transfor-
mation, or notches and surface impressions7,8,11–13. In
those cases, the hardening rate was relatively high just
after yielding. As the plastic strain increased, hardening
elements were consumed, and the work hardening rate
tended to decrease sharply.

Shear band morphology
The deformation mechanism of a BMG can be inves-

tigated by observing the initiation and propagation pat-
tern of the shear band. Notably, it has been reported that
prohibition of shear band initiation and propagation is

necessary to increase plasticity14,15,31 and that apparent
hardening phenomenon is accompanied by a shear band
exhibited by the locally confined stress state7,8,13. As
shown in Fig. 4, images of a fracture surface and side
view of a fractured sample clearly show the difference of
the local rejuvenation state, i.e., the difference in the
local free volume content in the BMG sample. Figure 4a
shows an overall view of a fractured sample. The top and
bottom of the fracture surface were clearly separated
from the roughness and shapes in the image. The slow-
cooled top part exhibited typical viscous river-like pat-
terns along the shear direction with a very narrow spa-
cing (Fig. 4b). The fast-cooled bottom part exhibited a
vein pattern observed in typical as-cast BMGs with a
relatively wide spacing (Fig. 4d)32,33. In the image in
Fig. 4c, narrow river-like and wide vein-like patterns
appeared on both sides with a gap of a few hundred
micrometers between them, indicating that the region
corresponded to the interface between two different
fracture surfaces. Very few shear bands were observed on
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the upper side, and many primary and secondary shear
bands were found on the lower side (Fig. 4e and g). An
image of the side surface at the interface of regions with
different free volume contents (Fig. 4f) showed that shear
bands in various directions interacted before the fracture
occurred. Additionally, the shear planes in various
directions overlapped, thereby forming an irregular
fracture surface.
The fracture angle of the top part θ1 ¼ 40�ð Þ was

smaller than the angle of the bottom part θ2 ¼ 44:1�ð Þ
(Fig. 4a). According to previously reported experimental
results, the shear plane angle is in the range of 39.5°–44°
under compressive loading for BMGs of various compo-
sitions17,34. The shear band plane and fracture surface of
BMGs do not appear along the maximum shear stress
direction but rather occur along the angle at which the
corresponding effective shear stress is maximized. Here,
the normal stress is reflected by atomic friction. Accord-
ing to the Mohr–Coulomb criterion, the respective
equations of the effective shear stress τc and the critical
applied stress for shear band formation σc are given as

follows17,34,35:

τc ¼ τ0 � ασn ð1Þ

and

σc ¼ τ0
sin θ ðcos θ � α sin θÞ ð2Þ

where τ0 is a constant, σn is the normal stress, θ is the shear
band angle between the shear plane and loading axis, and α
is the normal stress coefficient. The normal stress coefficient
can be given implicitly by the following expression:

α ¼ cos ð2θcÞ
sin ð2θcÞ ð3Þ

where θc is the shear band angle at which σc has a
minimum value36–39.
The greater the atomic friction is, the greater the effect

of normal stress, and the smaller the shear band angle
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Fig. 4 SEM images of the fracture and side surfaces of the fractured heat-treated Zr60Cu30Al10 BMG sample. a Overview of the fractured
sample. b–d Enlarged fracture surface images of the slow-cooled, interface, and fast-cooled parts. e–g Side surface images of the slow-cooled,
interface, and fast-cooled parts.
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during compressive deformation. The structural relaxa-
tion of metallic glass is associated with a reduction in free
volume content by relaxation, leading to an increase in the
atomic friction and the α value and a decrease in the shear
band angle34,36,37,39,40. Therefore, the shear band angle in
the slow-cooled top part should be smaller than that
in the fast-cooled bottom part. In addition, the increase in
atomic friction makes the initiation and propagation of
the shear band more difficult40. Figure 4e clearly shows
that a secondary shear band was hardly observed on the
side surface of the top part owing to increased atomistic
friction and a reduced free volume concentration.
The values of local α and θc are determined depending

on the free volume. The σc is at a minimum when the
shear band propagates at θc. Shear bands have been
reported to propagate discretely in stages rather than
continuously15. If θc changes at a particular stage during
propagation, the shear band plane may form as a non-
uniform surface with a bent shape. To experimentally
verify our hypothesis, SEM images were taken of the side
surfaces of the samples after fracture and interrupted
compression. Figure 5a shows the side surface of a sample
interrupted at plastic strain of 2.5%. The left and right
sides of the image correspond to zones of low and high
free volume concentrations. The primary shear band,
which initiated at the upper left and propagated to the
right, was deflected twice during propagation to form a
bent shear plane, and further propagation was stopped. As
the shear band progressed from left to right, it was
deflected, creating a larger shear band angle, which indi-
cates that θc was greater in regions with a high free
volume content than in those with a low free volume
content. Notably, branched shear bands were formed at
tangential angles to both shear bands at the point of
deflection. However, the shear band that initiated from
the lower right and propagated to the left stopped without
any obvious deflection. Hence, it is preferable for the
shear band to stop rather than deflect and propagate when
it progresses from a region of high to low free volume
content. Figure 5b shows a schematic diagram of the shear
band propagation and branching, which stopped when the
two different shear bands initiated from the low and high
free volume zones and propagated in opposite directions
in a BMG sample with a gradient free volume content.
The shear bands were interrupted during propagation
before forming a flat and complete shear plane transecting
the BMG sample. Upon further plastic deformation, other
new shear bands initiated at new locations. Multiple shear
bands intersected during propagation, which dissipated
the shear stress in the shear plane. Therefore, the for-
mation of a complete shear band became even more dif-
ficult, and the fracture was delayed. This effect promoted
the subsequent initiation of new shear bands, which
achieved a plastic deformation cycle (Fig. 5c). As a result,

the plastic strain in the BMG sample was not caused by a
large shear step at a particular major shear plane but
rather by the generation of a large number of small
incomplete shear bands.

Tailored hardening mechanism of BMGs by 2D gradient
rejuvenation
Figure 6a1-a3 shows schematic illustrations of the

propagation of shear bands initiated in the lower free
volume region and the subsequent tailored hardening
mechanism. When a shear band initiated at a hetero-
geneous site with a low critical shear stress by a surface
flaw, the initial shear band formed at θc, which maximized
the effective shear stress reflecting the effect of the normal

Fig. 5 Observation of shear band initiation and propagation in
the heat-treated samples. a SEM image of the side surface of the
heat-treated Zr60Cu30Al10 BMG sample interrupted at a plastic strain of
2.5%. b Schematic diagram of propagation, deflection, branching, and
stopping of shear bands initiated on the surfaces of the slow-cooled
and fast-cooled parts. c Schematic diagram of the initiations of new
shear bands without forming a complete shear band during
deformation of a heat-treated BMG sample.
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stress according to α. Shear band propagation proceeded
discretely in stages15. As it progressed towards the region
of high free volume content, α decreased and the influ-
ence of normal stress decreased, such that the shear band
angle deflected to a higher angle (Fig. 6a1). In particular,
as also shown in Fig. 5a, deflection occurred at the
600–2000 μm section of the BMG sample where the
values of α and θc changed rapidly. When the shear band
plane was bent, the stress state became complex. The
shear stress was concentrated at the deflection point, such
that it was likely to branch the shear band at a tangential
angle before the deflection of the shear plane (Fig. 6a2).
The branching released the stress in the shear plane,
making subsequent propagation more difficult. As
deformation continued, apparent hardening occurred
because shear bands initiated at the new heterogeneous
sites in which the critical shear stress was higher than that
in the previous initiation site. As the deformation pro-
gressed and a higher stress was applied, the bent shear
band additionally propagated; however, in this case, the

shear plane tended to deflect again owing to the differ-
ences in α and θc (Fig. 6a3). Accordingly, the bend angle of
the shear plane increased, and the shear stress was dis-
tributed through the branches, such that the shear stress
was not properly transferred to the shear band tip. Sub-
sequent hardening occurred through the other new shear
bands initiated at the sites with higher critical shear stress.
Figure 6b1-b3 shows schematic illustrations of the

propagation of shear bands initiated in the regions of
higher free volume content and the subsequent hardening
mechanism. When the shear band propagated from a
region of high free volume content to a region of low free
volume content, the propagation tended to be blocked
because the hardness α and the local critical shear stress
gradually increased (Fig. 6b1). As shown in Fig. 5a, the
shear band was likely to be blocked at a distance of
600–2000 μm from the surface of the BMG sample owing
to the rapid change in α. Because shear band propagation
was possible only when the effective shear stress of the
shear band tip exceeded the local critical shear stress, a
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greater uniaxial stress should be applied for subsequent
propagation, resulting in apparent hardening under pro-
pagation. This allows other shear bands to be easily
initiated at new heterogeneous sites rather than via pro-
pagation (Fig. 6b2). Thereafter, when the effective shear
stress of the shear band tip exceeds the critical shear
stress, propagation can occur by deflection at a lower
angle in accordance with the α value. This makes the
subsequent propagation more difficult as the shear plane
is bent, and the shear stress is dispersed through shear
band branching (Fig. 6b3).
The shear band propagation was severely disturbed by

the 2D gradient rejuvenation state regardless of the
initiation position. Because no complete shear band was
formed, its initiation and propagation occurred sequen-
tially from the sites with low critical shear stress towards
those with high critical shear stress as plastic deformation
proceeded. Therefore, an increase in plastic strain
accompanied the increase in applied uniaxial stress, and
apparent hardening was achieved.

Fracture morphology and tailored hardening
Figure 7a, b shows that the fracture surface morphology

was very complex and irregular. Hence, fracturing did not
occur in a single complete shear plane, but rather multiple
shear planes in different directions were considered to be
involved in the fractured region. The fracture surface
consisted of major shear planes occupying most of the
corresponding area and minor shear planes intersecting
the major shear planes. Because the shear stress was
dispersed at the deflection point, the effective shear stress
applied to each part of the bent shear plane did not exceed
the local critical shear stress. Thus, subsequent plastic
deformation was generated only by activating shear
banding at new initiation sites with higher critical shear
stress, which led to considerable apparent hardening.
Therefore, more favorable conditions for such hardening
were achieved by the induction of a more irregular shear
plane. Figure 7c shows schematic diagrams of the inter-
action of multiple shear planes in different directions
during deformation. The major shear planes propagated
from regions of low and high free volume contents
intersected by the minor shear planes and indirectly
connected in a stepped morphology. As a result, the top
and bottom of the fracture surfaces were not only dif-
ferent in terms of angle but also did not form smooth a
complete shear plane together even at the stage of fracture
(Fig. 7d); hence, the hardening rate did not decrease even
when the specimen was deformed until fracture.
To summarize, we found that a highly tailored 2D

gradient of the free volume concentration in a monolithic
BMG, which was achieved by controlling the rejuvenation
state, induced sustainable and tailored hardening behavior
until fracture. The atomic friction, α, and θc varied

depending on the local free volume concentration,
resulting in bent shear planes. The formation of a com-
plete shear plane transecting the whole specimen was
completely blocked. Accordingly, the tailored hardening
mechanism of the BMG was maintained throughout the
overall plastic deformation. The results of this work
provide a new approach for rejuvenation. Specifically, the
control of free volume content through annealing, cryo-
genic treatments, or severe plastic deformation can be
used to induce tailored apparent hardening behavior in
BMGs. Important issues, such as the fracture conditions,
have yet to be investigated; however, this study experi-
mentally demonstrated the alternative hardening
mechanism in terms of the intrinsic characteristics of
monolithic BMGs without introducing other components
to act as hardening elements.
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