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Abstract
The Knudsen pump (KP) is a kind of micro-pump that can form thermally induced flows induced by temperature
fields in rarefied gas environments. It has the advantages of having no moving parts, simple structure, easy
construction and extension, a wide range of energy sources, and low energy consumption. With the development of
Micro/Nano Electro Mechanical Systems (MEMS/NEMS), extensive studies have been conducted on KPs, and the
applications of KPs have widened. In order to obtain efficient flow fields in KPs, it is necessary to adopt modern
computational methods for simulation and analysis. In many circumstances, the simulation and experimental results
have good agreement. However, there seems to be no comprehensive review on KPs at present. In this paper, KPs
are first defined and classified according to the flow mechanisms of the thermally induced flows. Then, the three
aspects of configurations, performance, and applications of KPs in the current state of research are reviewed and
analyzed. Finally, the current problems of KP are discussed, and some suggestions are provided for future research
and applications.

Introduction
Micro electro mechanical systems (MEMS) were first

introduced in the 1990s1. They have since been widely
used in many fields due to their large quantity production,
high integration, easy extension, and interdisciplinary
applications. Research has been conducted on various
microfluidic devices, such as micro fuel cells2–4, lab-on-a-
chip systems5, micro-gas chromatographs6–10, micro mass
spectrometers11–13, micro spectrometers14,15, refor-
mers16–18, and micro air vehicles19–23. The micro-pump,
which is a driven control engine for micro fluids, is the
key to the development of microfluidic devices, and is a
major area of research.
Micro-pumps exist with various actuating principles

and morphologies. There are mechanical micro-pumps
and nonmechanical micro-pumps, classified according to
whether they have moving parts. Mechanical micro-
pumps use the mechanical energy of their moving parts to
drive fluid flow, and their working mediums are basically
liquids. Their life spans, sensitivity, and stability are not
good due to the moving parts. In contrast, fluid flow in

nonmechanical micro-pumps is induced by non-
mechanical forms of energy such as electric energy,
thermal energy, chemical energy, and magnetic energy.
Their working mediums are not limited to liquids but can
also include gases or solids in the form of nanometer-
sized particles.
Mechanical micro-pumps can be classified into various

types including piezoelectric pumps24,25, electrostatic
pumps26,27, thermo pneumatic pumps28, shape-memory
alloy (SMA) pumps29, and electromagnetic pumps30

based on the type of actuating force. Nonmechanical
micro-pumps can be divided into categories that include
magnetohydrodynamic pumps31, electroosmotic pumps32,
and Knudsen pumps (KP)33,34. Due to their different
mechanisms, micro-pumps and non-micro-pumps differ
from each other. Pumps can also be classified based on
their applications. In MEMS, nonmechanical micro-
pumps generally have better performance and more
favorable research and development prospects compared
to mechanical micro-pumps. Since the first use of piezo-
electric pumps in an insulin transport system in 199035, a
large number of research achievements have been
reported and well reviewed elsewhere36,37.
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A nonmechanical micro-pump where the gas flow is
induced by temperature gradients along the walls was first
proposed by Knudsen38,39. Such micro-pumps were later
called KPs or Knudsen compressors. The working
mechanism of the KP is based on the thermal creep effect
in rarefied gases40,41. KPs have always received much
attention from many scholars due to their advantages of
having no moving parts, simple structures, wide variety of
energy sources, and low energy consumption, and their
easy mass production and extension. Moreover, with the
development of micro-manufacture technologies42 and
the progress in material analysis and computational
methods, both the applications and theories of KPs have
developed unprecedentedly. However, a systemic analysis
and summary of the current research achievements in KPs
is still lacking.
To address this gap in the literature, this paper aims to

provide relevant information on KPs. The flow mechan-
isms of thermally induced flows in rarified gases and the
classification of KPs are presented in the section “Flow
mechanisms of thermally induced flow and classifications
of KPs”. The current configurations of KP based on dif-
ferent methods to thermally induce flows and the com-
putational methods for research are discussed in the
section “Configurations of KPs and computational
approaches”. The state of research on the performance of
KPs is briefly reviewed in the section “KP performance
research”. Research on the applications of KP is discussed
in the section “Research on KP applications”. In the sec-
tion “Discussions and outlook”, some perspectives on the
future development of KPs are put forward and discussed.
The relevant conclusions are presented in the section
“Conclusions”.

Flow mechanisms of thermally induced flow and
classifications of KPs
Flow mechanisms of thermally induced flow
The degree of gas rarefaction is determined by the

Knudsen number (Kn), which is defined as the ratio of the
molecular mean free path λ to the characteristic flow
length scale L,

Kn ¼ λ

L
ð1Þ

Based on the value of Kn, the flow stages of gases can be
classified into inviscid flow (Kn→ 0), the continuum
regime (Kn ≤ 0.001), the slip regime (0.001 ≤ Kn ≤ 0.1), the
transition regime (0.1 ≤ Kn ≤ 10), and the free-molecular
regime (10 ≤ Kn)43,44. Note that this classification scheme
is based on isothermal gas flow. The continuum regime is
dominated by collisions between gas molecules. The gas is
in perfect thermodynamic equilibrium (isothermal gas
flow), especially when Kn→ 0. With the increase of Kn

(0.001 ≤ Kn), molecular collisions and molecule−surface
interactions become less frequent, and the none-
quilibrium regime begins to appear near the surfaces. This
phenomenon leads to differences between the velocity
and temperature of the gas at the surface and of the
surface itself, i.e., velocity slips and temperature jumps
appear between the gas and the surface. In the transition
and free-molecular regimes, nonequilibrium effects
dominate, especially when 10 ≤ Kn, and collisions between
molecules become negligible.
In the framework of classical fluid dynamics, there is no

time-independent flow induced by virtue of only the
temperature field without external forces such as gravity
and pressure. However, in a rarefied gas (0.001 ≤ Kn), the
temperature field plays an important role in inducing
time-independent flow. According to the asymptotic
theory for small Kn and numerical observations based on
kinetic theory45,46, the gas flow induced by the tempera-
ture field can be classified as follows: thermal creep flow
(Fig. 1a)40,41, inverted thermal creep flow (Fig. 1b)47,48,
thermal stress slip flow (Fig. 1c)49,50, (nonlinear) thermal
stress flow (Fig. 1d)51–53, thermal edge flow (Fig. 1e)54,55,
radiometric flow (Fig. 1f)56,57, and thermophoresis58. Note
that the motion of particles in a gas with a temperature
gradient is called thermophoresis. This phenomenon
involves solid particles and is not included in the review.
The other flows and their mechanisms will be analyzed in
the following sections.

Thermal creep flow
The theories and applications of the thermal creep

effect seem to be the richest among the various types of
thermally induced flows. Research on the thermal creep
effect can be dated back to the nineteenth century40,41. A
typical application of thermal creep flow is the Knudsen
pump. Moreover, the thermal creep flow is the main
working mechanism for the Hettner radiometer59. In
space, thermal creep flow is used to explain the phe-
nomena of protoplanetary disks and gas, and the erup-
tions of ash layer particles on the surface of Mars60–65.
What is more notable is that the motion of solids61 and
the recurring slope line (RSL)66 on the surface of Mars are
probably triggered by thermal creep flow.
To explain the physical mechanism of thermal creep

flow, we consider the static gas on a wall with a tem-
perature gradient as shown in Fig. 2a. Take a small area dS
of the wall, and consider the momentum transferred to dS
when gas molecules impinge on it. The molecules
impinging on dS have a distance on the order of the mean
free path. Since the molecules coming from the hotter
region have a larger average speed than the molecules
coming from the colder region, the momentum trans-
ferred to dS (or wall) by the molecules impinging on it has
a tangential component in the direction opposite to the
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temperature gradient. More precisely, in a static gas, the
number of molecules in the colder region is larger than
that in the hotter region (the molecular density in the
hotter region is smaller); the molecules from these two
regions impinging on dS per unit time are the same45,46.
The molecules from the hotter region have a larger
average speed. Thus, the momentum transferred to dS by
the molecules impinging on it has a tangential component
in the direction opposite to the temperature gradient.
Note that for the diffuse reflection, the contribution of the
molecules leaving the wall to the tangential component of
the momentum transfer is highly small (almost zero)45,46.
Summarizing, a net force (FW in Fig. 2a) towards the
colder region is produced by the molecules on the wall.
Therefore, the gas is subjected to a reaction force acting in
the direction of the temperature gradient (FG in Fig. 2a)

according to Newton’s third law, and a gas flow results in
this direction. Note that modern numerical analysis67,68

has discovered that the force direction on the wall with a
temperature gradient is the same as the gas flow direction.
The probable explanation for this is that in the moving
gas, the momentum in the direction of the motion is
transferred to the wall46.
From the above illustrations, it is easy to see that the

boundary (usually assumed as Maxwell fully diffusive wall
boundary) plays a crucial role in inducing thermal creep
flow. However, if the gas molecules impinge on a VDM
(velocity dependent Maxwell) wall boundary, inverted
thermal creep flow will be produced (Fig. 2b) with a flow
direction opposite to that of thermal creep flow47,48. The
reason for the inverted flow is that on the VDM boundary,
the gas−surface interaction from the impingement of
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Fig. 2 Schematics of two gas flow mechanisms. a Thermal creep flow, b inverted thermal creep flow. The sizes of the circular symbols depict the
gas velocity, and their colors depict the gas temperature
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Fig. 1 Classification of thermally induced flows. a Thermal creep flow, b inverted thermal creep flow, c thermal stress slip flow, d (nonlinear)
thermal stress flow, e thermal edge flow, f radiometric flow
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molecules on dS (or wall) is related to the velocities of the
molecules47,48. As a result, a net force towards the hotter
region is imparted on the wall (FW in Fig. 2b). In turn, the
gas adjacent to the wall is subjected to a reaction force
from the wall and driven toward the colder region (FG in
Fig. 2b). This causes the movement of the gas from the
hotter region to the colder region of the wall. Note that
the inverted thermal creep is only observed theoretically,
has not yet been verified in experiments.

Thermal stress slip flow and (nonlinear) thermal stress flow
Based on the above illustrations, there is no thermal

creep flow or inverted thermal creep flow induced over a
simple boundary with a uniform temperature. Thermal
stress flow45,46 is triggered when the temperature gradient
normal to the boundary is not uniform over the boundary,
or when the isothermal surface is not parallel to the
boundary. This flow occurs in the direction where the
isothermal surfaces diverge or converge according to
whether the boundary temperature is lower or higher than
that of the surrounding gas. In order to illustrate the
reasons for the appearance of thermal stress slip flow, the
source of thermal stress is first analyzed. A small area dS
is taken in a gas with inhomogeneous temperature gra-
dient, shown as Fig. 3. The four dots A, B, C and D (the
distance between dS is about one mean free path) are used
to represent the molecules from different directions
impinging on dS. The different initial temperatures of
these molecules (A, B, C, and D) result in different
momentums transferred by dS (the higher the initial
temperature is, the larger the mean velocity is). Thus,
thermal stress occurs over dS45,46.
Now, how the thermal stress slip flow is induced by

thermal stress is considered. A control surface ABCD is
taken in a gas with a nonuniform temperature gradient.
One of the surfaces (CD) is located on an isothermal
surface as shown in Fig. 4. When the control surface is in
a nonboundary gas (Fig. 4a), the thermal stress resulting
from energy transfer due to temperature variation bal-
ances by itself in a closed surface (or a control surface) so
that the net force is zero45,46. Thus, thermal stress cannot
cause the gas to flow. However, the situation will differ if
the gas is surrounded by two walls with uniform tem-
perature as shown in Fig. 4b. In this case, the thermal
stresses on the surfaces AB, BC, and AD are almost the
same as before in the nonboundary gas presented in Fig.
4a, but the momentum transfer from the molecules
impinging on CD (wall) is about half of the overall
transfer in the nonboundary gas45,46. That is because
when surface CD is in a nonboundary gas (or on the wall),
the molecules impinging on CD with momentum transfer
correspond to the molecules from A, B, C and D in the
preceding paragraph (or molecules from A and B).
Therefore, due to the boundary wall CD, the balance of

the thermal stress on the control surface ABCD is vio-
lated. This triggers the thermal stress slip flow in the
direction indicated by the black arrows in Fig. 4b.
It is noted that similar to the thermal creep flow and the

inverted thermal creep flow, the boundary walls play an
important role in inducing thermal stress slip flow.
Nevertheless, there is another flow, (nonlinear) thermal
stress flow52, induced by boundary walls indirectly which
is different from the above flows. More precisely, the
thermal stress tensor produced in a gas with a large
temperature variation includes linear terms in the tem-
perature change and nonlinear terms, which cannot be
neglected for a large temperature variation. Nonlinear
thermal stress on a closed surface (control surface) does
not balance itself in a nonboundary gas45,46. In contrast,
linear thermal stress balances over a closed surface in a
nonboundary gas as mentioned in the last section.
Therefore, if the isothermal surfaces are not parallel
(nonuniform temperature gradient), nonlinear thermal
stress flow will occur.
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Note that the flow pattern (including the flow direction)
of this nonlinear thermal stress flow is highly similar to
that of the thermal stress slip flow. The differences of the
flow structures lie in that nonlinear thermal stress flow
occurs in a gas in which the temperature gradient is
nonuniform, whereas thermal stress slip flow appears over
a wall boundary with a nonuniform temperature gra-
dient49,69. By the way, detailed mathematical analysis by
Sone45,46 showed that the thermal stress flow and thermal
creep flow are proportional to the first order in the
temperature field derivatives, but thermal stress slip flow
is proportional to the second order in the temperature
field derivatives. Moreover, over walls with temperature
gradients, thermal stress slip flow is usually overshadowed
by thermal creep flow.

Thermal edge flow and radiometric flow
For the flows discussed above, the shapes of the

boundaries are all assumed to be smooth without sharp
edges. In fact, sharp curves on the isothermal surfaces in
the vicinity of the surface edges can trigger another two
types of thermal flow, namely, the thermal edge flow and
the radiometric flow.
The thermal edge flow was first discovered by Aoki

et al.54 and then experimentally verified by Sone and
Yoshimoto55. Consider a uniformly heated plate in a gas
with sharp boundary edges and a size much larger than
the mean free path of the gas shown in Fig. 5. Evidently,
the isothermal surfaces near the edge of the plate curve
sharply, leading to gas flow. In contrast, the isothermal
surfaces far away from the edges are parallel to the plate
and thus no gas flow occurs45,46. To be precise, the
momentum transfer from the molecules (represented by
the four points A, B, C, and D around one mean free path
away from the impingement point) impinging on the
plate are of two kinds, zero momentum exchange and
finite momentum exchange. Due to symmetry, we con-
sider two regions far away from the edge dS0 and dS1 on
only the upper side of the plate. When the molecules A
and B impinge on dS0, there is no tangential momentum

exchange since they are from the same isothermal sur-
face. However, when the molecules C and D impinge on
dS1, molecule C from the hotter region has a larger mean
velocity than molecule D from the colder region, and
thus a component of the momentum toward the edge of
the plate is transferred to dS1. That is to say, a net force
toward the colder region is produced on the surface
edges. Therefore, a net reaction force on the gas is
produced toward the hotter region, and a gas flow indi-
cated by the colorful arrows in Fig. 5 is induced in this
direction. It is apparent that the mechanism of the flow is
similar to the thermal creep flow over walls with tem-
perature gradients. Note that the value of the thermal
edge flow proportional to the 0.5th order in the tem-
perature field derivatives46,55.
In the discussion above, we have assumed that the

temperature of the plate is homogeneous, and the mole-
cules over the two sides of the plate are symmetrically
distributed and have the same temperature. Thus when
the molecules impinge on the plate, there is no net
momentum exchange in the direction normal to the plate.
However, if the temperatures of the two sides of the plate
are different, a different situation will occur and radio-
metric flow will be generated56,57. Consider a plate placed
in a gas. The right side of the plate is heated uniformly
and the left side is not heated, as shown in Fig. 6. Under
these circumstances, the temperature decreases towards
the edge along the heated side of the plate, but increases
towards the edge along the unheated side. Through a
similar mechanism to the inducing of thermal creep flow,
this kind of temperature field distribution will lead to the
generation of two reverse induced flows in which the gas
on the unheated side flows towards the edge of the plate
and the gas on the heated side flows towards the center of
the plate. This means that the gases flow from the
unheated (colder) to the heated (hotter) side along the
plate, as indicated by the colorful arrows in Fig. 6.
More precisely, the molecules impinging on the two

sides of the plate are represented by four points A, B, C,
and D at about one mean free path away from the
impingement point. On the unheated side, since
the momentum transfer from the impingement of A from
the hotter region is larger than that from the impinge-
ment of B from the colder region, a net momentum
component towards the center of the plate is transferred.
In other words, a net force acts towards the center of the
plate. This means that the gas is subjected to a reaction
force towards the edge of the plate, which causes a flow in
this direction (indicated by the colorful arrow I in Fig. 6).
On the heated side, a similar flow is also generated by the
impingement on the plate. Since the temperature of the
molecule D is higher than that of C, the flow direction is
towards the center of the plate as presented by the col-
orful arrow III in Fig. 6. Therefore, a gas flow, shown as
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the colorful arrows I, II, and III in Fig. 6, is generated from
the unheated side to the heated side.
It is worth noting that the flow patterns of the thermal

edge flow and radiometric flow are similar at large Kn.
However, their flow patterns have significant differences
at small Kn56,57. In summary, the physical mechanism for
inducing radiometric flow is similar to the mechanisms
for inducing thermal creep flow over walls with tem-
perature gradients and the appearing of the thermal edge
flow over the sharp edges of a uniformly heated plate. In
particular, the flow directions of these three flows are all
from the colder region towards the hotter region, which
makes the gas pumping of KPs possible.

Classification of KPs
The first application of thermal creep flow is probably

the KP38,39, and the initial applications of thermal edge
flow and radiometric flow are probably the Nichols70 and
Crookes radiometers71,72, respectively. With the further
development of high-performance micro-devices, the two
types of radiometers are widely used in sensors, atomic
force microscopes (AFMs), and propulsion systems73,74.

A review68 reports the progress in research on radio-
meters from the end of the nineteenth century to the
beginning of the twenty-first century in detail. Note that
the review focused on research on the forces on solid
surfaces resulting from thermal creep flow, thermal edge
flow, and radiometric flow. However, researching the gas
flow in nanometer- and micron-sized channels has sig-
nificant practical and scientific value75. Recent experi-
mental and numerical works56,76,77 indicate that thermal
edge flow and radiometric flow can also be used in KPs.
Based on the above discussion on thermally induced
flows, KPs can be classified into thermal creep flow KPs,
thermal edge flow KPs, and radiometric flow KPs based
on the dominant flow in the KP.

Thermal creep flow KP
Thermal creep flow KPs are the first type of KPs to be

proposed. The model constructed by Knudsen38,39 is
shown in Fig. 7. It consists of an alternating series of
large-diameter pipes and capillaries where heaters are
placed on one end of the pipes with large diameters. If the
diameters of the capillaries are small enough compared to
the molecular mean free path of the gas, the rarefied gas
condition can be satisfied. Using the heaters to heat one
end of the capillaries, the thermal creep effect is induced
by the temperature gradients parallel to the walls, which
drive gas flow from the cold sides to the hot sides. In
contrast, the thermal creep effect is negligible in the large-
diameter pipes due to the much bigger sizes of the pipes
compared to the gas molecular mean free path. The gas
flow is hence not significantly hindered.
As more and more gas molecules gather on the hot side

under the influence of temperature, the pressure differ-
ence between the cold and hot sides increases. Driven by
the pressure difference, Poiseuille flow appears. Thus, part
of the gas on the hot side flows again to the cold side,
weakening the flow due to the thermal creep effect. The
combined action of the two flows ultimately puts the KP
into dynamic equilibrium and the net mass flow rate is
zero. The theoretical relation between the high−low

Capillaries Pipes with large diameters

HeatersStreamwise direction

Fig. 7 The model of an early thermal creep flow KP
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pressure of the two sides and the temperature can be
represented as78,79

Plow=Phigh ¼ ðTc=ThÞ
n
2 ð2Þ

where n is the cascade stage number, and Plow and Phigh
are the pressures on the low- and high-pressure sides,
respectively. Th and Tc are the temperatures on the hot
and cold sides, respectively. With the increase of n, the
pressure difference increases gradually to achieve the
function of a vacuum pump. The performance and
applications of such pumps will be discussed in the
following chapters.

Thermal edge flow KP
Although the thermal edge flow phenomenon has a long

history, it was only in the 1990s53–55 that a thermal edge
flow KP was first assembled and tested76. The pump is
constructed by inserting parallel heated and unheated
plates in a steel pipe, as shown in Fig. 8a. In fact, besides
plates with ratchet edges, thermal edge flow can also be
triggered on plates with smooth edges53. If the structure
surface has sharp corners as shown in Fig. 8b, the tem-
perature fields in the vicinity of the corners change more
dramatically and thermal edge flow is enhanced. Thermal
edge flows can be formed on constant temperature walls,
eliminating the need for temperature gradients necessary
in thermal creep flow KPs. This substantially reduces the
requirements for temperature control and therefore
makes thermal edge flow KPs easier to apply in practice.

Radiometric flow KP
In the above discussions, it is assumed that the surface

accommodation coefficients of all the walls are the same
(diffuse reflection walls). However, radiometric flow KPs
can be easily obtained by changing the accommodation
coefficients of the adjacent walls in thermal edge flow
KPs80,81. Moreover, radiometric flow KPs can also be
obtained through adjusting the temperature of the adja-
cent walls in thermal edge flow KPs82, as shown in Fig. 9.
In fact, the radiometric flow KP can be seen as a devel-
opment of the thermal edge flow KP. Regardless of whe-
ther the accommodation coefficient or the temperature is
changed, it is the thermalizing process of the gas mole-
cules colliding with the walls that is affected. The gas
molecules have weak or zero thermalization when they
collide with cold or specular surfaces. In contrast, gas
molecules are strongly thermalized with the surfaces
when they collide with the hot or diffuse walls. As a result,
gas flow occurs from the cold side to the hot side. Note
that if the cold or specular walls are inclined, radiometric
flow becomes more significant. Although the Crookes
radiometer71,72,83 is one application of radiometric flow,
research on radiometric flow KPs is still in the stage of

theoretical analysis and numerical simulation. More
research and experiments are required to confirm the
actual behaviors of radiometric flow KPs.

Configurations of KPs and computational
approaches
Thermal creep flow KP configuration
In the early twentieth century, Knudsen constructed a

thermal creep flow KP system38,39, conducted experi-
ments on the system, and verified its feasibility. KPs have
since consistently attracted the attention of many scho-
lars. In a typical thermal creep flow KP38,39,84, two cavities
with different temperatures are connected by a circular
cross-section microtube. Various varieties of thermal
creep flow KPs are currently being studied85–88 as a result
of the greatly enriched set of methods and approaches for
obtaining micro-channels due to the rapid development
of micromachining and material techniques.
Generally, any shape of micro-channel can be obtained

by applying selective etching and micromachining tech-
niques. However, the micro-channels are usually manu-
factured as rectangles33,34,79,89–93 on one hand due to the
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relatively low manufacturing complexity, and on the other
hand due to the high performance of rectangular shaped
thermal creep flow KPs94. A vertically stacked thermal
creep flow KP was manufactured in 2013 using micro-
machining techniques.34 This kind of KP overturns the
traditional planar arrayed layout34 and is a good choice for
applications in limited space. However, multistage cas-
cading is detrimental to heat dissipation, resulting in
decreased temperature difference and degraded perfor-
mance compared to the planar arrayed layout.
Many kinds of nanometer porous materials, both nat-

ural and artificially synthesized, are used for the manu-
facture of thermal creep KPs. These materials must satisfy
several requirements. First of all, the hole diameters of the
materials must ensure that the gas flow is in the transi-
tional or free-molecular state. Secondly, in order to
induce thermal creep flow successfully, sufficiently large
temperature gradients must be established in the porous
materials, i.e., the thermal conductivity of the porous
materials should be low. At present, a number of porous
materials for thermal creep flow KPs have already been
assembled and tested. These materials are namely, aerogel
membranes95–98, mixed cellulose ester (MCE)99–105, nat-
ural zeolite106,107, porous ceramics108,109, glass110,111, and
Bi2Te3

112. Note that in most of these KPs, a heater is put
on one side of the nanometer porous material to increase
the temperature and a heat sink is put on the other side to
lower the temperature in order to obtain a larger tem-
perature difference. However, in KPs in which thermo-
electric materials are used99, the thermoelectric materials
serve as both heater and heat sink to increase the tem-
perature difference between the two sides of the nan-
ometer porous material. In addition, the positions of the
cold and hot sides of the nanometer porous materials can
be switched by reversing the electric current direction to
realize two-way working of the KPs. However, due to the
air gaps between the heater, heat sink, thermoelectric
material, and nanometer porous material, the maximum
achievable temperature difference between the two sides
of the micro-channels is limited and hence the pump
performance is impeded. Constructing the KP112 out of
multifunctional nanometer Bi2Te3 thermoelectric mate-
rial significantly improves the pump performance. The
submicrometer holes in the material serve as channels for
gas flow. The thermoelectric character of the materials is
used to establish the temperature difference for inducing
thermal creep flow. Moreover, if an extra heat source is
provided, the KP can possibly generate electric power112.
Please note that this conjecture has not been demon-
strated theoretically or experimentally. If the conjecture is
true, the KP can be used as an electric generator.
In order to quantify the gas flow patterns in KPs, tracer

particles are usually used to visualize the flow88,111.
However, with the development of computer technology,

numerical simulations can be used to show the gas flow
patterns more directly. Numerical simulations of thermal
creep flow in porous structures113–115 are important in
guiding the design and optimization of KPs. In addition,
numerical simulation is employed in many research works
on variations of thermal creep flow KPs due to the high
efficiency, completeness, and economy of numerical
simulation.
When thermal creep flow KPs are modeled numeri-

cally, calculations are usually performed on only parts of
the channel due to the periodicity of the channel struc-
ture. A cylindrical channel can reflect the actual thermal
creep flow phenomenon in a pump116,117. As a three-
dimensional simulation will substantially increase the
cost, the numerical calculation is usually limited to the
two-dimensional plane. The thermal creep flow between
parallel plates is usually the simplest problem to research
on118–120. Micro-channel structures in thermal creep
flow KPs have rectangular channels (Fig. 10a)116,121–128,
curved-straight channels (Fig. 10b)129–132, double-curved
channels (Fig. 10c)133, matrix channels (Fig. 10d)94,
sinusoidal channels (Fig. 10e)94, and tapered channels
(Fig. 10f, g)134,135, as shown in Fig. 10. Note that the flow
mechanisms in all these structures are similar, i.e.,
thermal creep flow induced by the temperature gradients
along the walls. For a detailed analyses on the generation
of thermal creep flow, refer to the previous section
“Thermal creep flow”.
The rectangular micro-channel is a two-dimensional

abstraction of the traditional thermal creep flow KP
structure, and has been thoroughly researched. Curved-
straight alternated micro-channels have been put forward
as the thermal creep effect in the curved section is
stronger than that in the straight section130,131. The
hydraulic diameter of this kind of channel is uniform
everywhere, which is convenient for manufacturing in
actual applications without requiring complex joints
between sections. Likewise, in the double-curved and
sinusoidal channels, steady flows are formed since the
nonuniform variation of the hydraulic diameter of the
channels breaks the nonequilibrium of the thermal creep
effect. Although the construction of these two channel
types also do not require complex joints between the
sections, the complexity of the curved walls makes their
manufacture more difficult. The matrix channel structure
consists of four channels and nine uniformly distributed
squares of the same size. This channel structure also faces
the problem of complex fabrication. However, by artifi-
cially adjusting the temperature distribution of each
square boundary, gases can flow in and out through any
four channels, which cannot be achieved by other channel
structures. By the way, among the five kinds of micro-
channels discussed above (Fig. 10a–e), the rectangular
and matrix channels have almost the same demonstrated
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performance and have the best performance, while the
curved-straight channel has the worst performance94.
Tapered (converging and diverging) micro-channels have
highly similar structures to rectangular micro-channels, but
the mass flow rate decreases significantly with increasing
inclination angle. A diverging channel has a larger mass
flow rate than a converging channel134,136. Therefore, in
terms of fabrication, the curved-straight channel is prob-
ably the best choice for thermal creep KPs due to its simple
structure and lack of requirements for complex joints
between sections. Nevertheless, in terms of performance
(mass flow rate and compression ratio), the rectangular and
matrix channels perform better. In particular, the matrix
channel has the ability to control the direction of the gas
flow, an ability that the other channels do not have.
In summary, the micro-channel structure is one of the

key factors that affect the gas flow and KP performance.
The modification of existing structures and introduction
of novel ones are always favored issues in KP research.
The majority of the results from micro-channel studies
have not yet been verified by experiments. The actual
behavior of micro-channels needs to be experimentally
confirmed to lay the foundations for actual applications.

Thermal edge flow KP configuration
Since thermal edge flow KPs were first put forward,

several geometric shapes have already been proposed and
employed in pumps76. Because thermal edge flow over the
edges of a plate of zero thickness is an idealized

situation56, studies of thermal edge flow KPs have mainly
centered around ratchet-like structures. Figure 11 pre-
sents the micro-channel structures of thermal edge flow
KPs, which are similar to some extent. It should be noted
that in these channel configurations, the flow mechanisms
are all similar, i.e., the thermal edge flows are induced by
the sharp curves of the isothermal surface over the sharp
edges. For the detailed analysis on this thermal flow, refer
to the previous section “Thermal edge flow and radio-
metric flow”.
For the archetypical two-dimensional (2D) channel

consisting of a cold flat wall and a hot ratchet surface
shown in Fig. 11a, it is found that80 (i) only when the hot
ratchet surface combines specular and diffusive segments
(the inclined segment is specular while the horizontal and
vertical segments are diffusive), can gas flow be observed;
(ii) if all surfaces are diffusive, almost no gas flow is
observed. However, later numerical analysis77,137–142

indicates that gas flow can be observed even when all the
surfaces are diffusive. The tip angle plays an important
role in the pumping effect. In order to induce a significant
thermal edge flow, the angles β of the ratchet tips are all
acute angles77,80,137–142. Thus, a ratchet surface composed
of only an inclined section and a vertical section, as shown
in Fig. 11b, was proposed. This kind of structure, however,
presents added difficulties for manufacture. Putting aside
the manufacturing difficulty and only considering per-
formance (mass flow rate), walls composed entirely of
ratchet structures (Fig. 11c, d) exhibit enhanced gas flow
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rates137,139. In this channel structure, the gas flow direc-
tion140,142 and pumping level77,139,140,142 can be easily
controlled by adjusting the distance between two ratchets.
Moreover, the net flow direction in the micro-channels
can be reversed with the variation of Kn140,142. The two
characteristics mentioned above are displayed in a ratchet
structure configuration reported recently (Fig. 11e). Note
that the energy efficiency of this channel configuration is
better than that of other ratchet structures. The high
energy efficiency results from the triangle hot plates being
placed inside the two parallel cold walls. The hot plates
are totally surrounded by gases and thus no heat is
transferred to the external environment. In other struc-
tures, only one side of the hot wall (the upper side of the
ratchet hot wall in Fig. 11a–d) is functional for the gas
flow, while the other side has direct heat transfer with the
external environment, and thus the energy efficiency
decreases.
It should be also noted that compared with the channel

structures of thermal creep flow KPs illustrated in the
section “Thermal creep flow KP configurations”, the
advantage of these kinds of KP structures is that their
walls are isothermal instead of having nonuniform tem-
perature distribution along the surfaces. Thus, the fabri-
cation and temperature control of the thermal edge flow
KP is much easier than that of the thermal creep flow KP,
especially for more powerful KPs with multiple stages. For
instance, a thermal creep flow KP requires a periodic
temperature distribution with temperature gradients
along the micro-channels and opposing temperature
gradients along the connection channels. A thermal edge
flow KP, in contrast, simply requires the addition of more
isothermal ratchet surfaces without the need to address
the problem of temperature control.
In fact, the authors of the works investigating the

structures in Fig. 1177,80,137,139–142 have all discussed the

influence of surface accommodation coefficients on the
gas flow. When the accommodation coefficients of the
adjacent walls are different, the thermalization of the gas
molecules colliding with the walls is affected, and the gas
flow is now driven by radiometric flow56,57. Radiometric
flow is exploited in radiometric flow KPs, which will be
discussed in the next chapter.

Radiometric flow KP configuration
The configuration considered at the end of the last

chapter is the basic structure of the radiometric flow
KP56,57. The inspiration for the configuration comes from
the Crookes radiometer71,72,143. There are fewer studies
on radiometric flow KPs, which are still in the stage of
theoretical analysis and numerical simulation. No relevant
experiments have been reported yet. As mentioned above,
the radiometric flow KP configuration can be realized by
changing the temperature of the adjacent walls and
accommodation coefficients. Some variants of radiometric
flow KPs are shown in Fig. 12. Note that in all these
channel structures, the flow mechanisms are similar, i.e.,
radiometric flow is induced by the nonuniform variation
of the isothermal surfaces due to the different tempera-
tures on the two sides of the walls (plates, vanes, and
ratchets). The detailed analyses of the generation of
radiometric flow are given in the previous section
“Thermal edge flow and radiometric flow”.
Different temperatures are established for the walls, as

presented in Fig. 12a–e. The temperatures can be set by
using heaters, heat sinks or thermoelectric materials.
Additionally, Fig. 12f–j shows the variants obtained by
changing the surface accommodation coefficients.
Although the reflections that occur on the surfaces are
mostly diffusive with tangential momentum accom-
modation coefficients of around 1, accommodation coef-
ficients of far less than 1 are present for certain special
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materials and gas−surface combinations144–151. This
provides a reliable means to manufacture radiometric flow
KPs through configuring the accommodation coefficients.
Compared to the approach of setting up the wall tem-
perature, configuring accommodation coefficients not
only results in reduced KP volume, but also improved KP
performance. The reason for these is that decreasing the
accommodation coefficient will reduce the number of gas
molecules, which exchange energy with the walls, espe-
cially for specular walls, with which no gas molecules
exchange energy. Thus, specular walls do not require heat
sinks. This hypothesis needs to be further researched on
and experimentally verified.
Now, let us simply analyze the advantages and the dis-

advantages of the channel structures in Fig. 12. First of all,
in terms of manufacturing difficulty, the fabrication of the
configuration in Fig. 12e is the most complex while that of
the configuration in Fig. 12f is the easiest. The dimensions
of most of the channels are at the level of microns or
nanometers. The walls of the configuration in Fig. 12e
have the most ratchets, which are hard to manufacture
while the configuration in Fig. 12f consists simply of
plates, which can be manufactured easily. Therefore, the

order of manufacturing difficulty of these configurations
is Fig. 12e > Fig. 12d > Fig. 12h > Fig. 12a > Fig. 12c > Fig.
12i ≈ Fig. 12j > Fig. 12g > Fig. 12b > Fig. 12f. In terms of
performance (mass flow rate), the structure shown in Fig.
12e has the best performance, while the structure in Fig.
12b has the worst performance. That is because gas flow is
improved when the inclined segments are of low tem-
perature (or specular) and the vertical segments are of
high temperature (or diffusive)82,140,142. In addition,
compared with the configuration having a single wall with
the ratchet pattern, configurations where both the upper
and the lower walls contain the ratchet patterns have a
better gas flow82,139. Thus, the performances of these
channel configurations can be sorted into the following
order, Fig. 12e > Fig. 12j > Fig. 12i > Fig. 12a > Fig. 12d ≈
Fig. 12h > Fig. 12c ≈ Fig. 12g > Fig. 12f > Fig. 12b. Finally, let
us consider the energy efficiency (or energy dissipation).
The energy efficiency of the configurations in Fig. 12i–j is
the highest while that in Fig. 12f is the lowest. The higher
efficiency of the configurations in Fig. 12i–j is due to the
placement of the triangle hot plates between the two
parallel cold walls, so that there is no heat transfer with the
external environment. In the other configurations, only
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one side of the hot wall is functional for the gas flow while
the other side transfers heat directly with the external
environment. Moreover, the configuration in Fig. 12f has
two hot walls, which leads to more heat transfer with the
external environment. Thus, the energy efficiency for these
configurations can be ranked as follows: Fig. 12i ≈ Fig. 12j
> Fig. 12b > Fig. 12c ≈ Fig. 12d > Fig. 12a > Fig. 12e > Fig.
12g ≈ Fig. 12h > Fig. 12f. Additionally, note that the specific
quantitative analyses for the advantages and disadvantages
of these configurations still require a large number of
numerical simulations and experiments for comparison
and validation.
In summary, it is difficult in practice to control the

temperature gradient distribution along the walls, and the
dimensions of the micro-channels are in the micron or
nanometer scale, which makes fabrication complicated.
Thus, thermal edge flow KPs and radiometric flow KPs
composed of isothermal walls have better potential for
applications than thermal creep flow KPs. The search for
the optimal KP configuration is still an important point of
research. Candidate configurations will need to be con-
structed and evaluated in the terms of manufacturing
complexity, fabrication cost, performance (flow rate and
compression ratio), and energy dissipation.

Computational approaches
Experiments are the only way to verify theoretical work.

However, limitations in current manufacturing and
measurement technologies significantly restrict the
development of experimental KP research. The emer-
gence of high-performance computers and progress in
numerical calculation methods have attracted much
interest among scholars in using simulations to research
on KPs. Numerical calculation plays an important part in
investigating KP configurations and verifying the feasi-
bility of each configuration. Although there are probably
some differences between the simulation and actual
experimental results, highly precise and diversified com-
putational approaches have been developed.
The traditional Navier−Stokes (NS) equation is no

longer applicable in the rarefied gas flow in KPs, and the
Boltzmann equation should be used. However, gas flow
can still be observed for small Kn when the NS equation is
applied with appropriate velocity slip and temperature
jump boundary conditions119,132,139,152. The results
obtained from the Boltzmann equation are more stable
and accurate, but require longer calculation times. Due to
the complexity of the Boltzmann equation, scholars have
applied different approaches to simplify the equation.
In order to solve the complex nonlinear collision inte-

gral, the linearized hypothesis was put forward and the
linearized Boltzmann (LB) equation was obtained. With
the help of the equation, the thermal creep flow problem
can be solved and the KP performance evaluated97,153–156.

However, the KP performance predicted by the equation
is higher than that observed in the experiments97. The
moment method makes some assumptions about the
form of the distribution function, and obtains a number of
equations by multiplying the Boltzmann equation with
some molecular quantity and integrating over the entire
velocity space157,158. The regularized 13-moment (R13)
equations159,160 are the most often used equations in this
method. However, R13 can successfully predict the mass
and heat transfer of thermal creep flow with errors below
7% for the mass flow rate and below 10% for the heat flow
rate117,120 only when Kn ≤ 0.5.
The kinetic model equation is a plausible replacement

for these methods. The equation replaces the complex
collision term in the Boltzmann equation by a simplified
collision term or collision model. The Bhatnagar−Gross−
Krook (BGK) kinetic model is the most well-known
model161. It uses a nonlinear relaxation term instead of
the collision term in the Boltzmann equation. However,
the Prandtl number in the BGK model is always 1, which
does not accord with most actual scenarios. Therefore,
the ellipsoidal statistical (ES) kinetic model162 in which
the Prandtl number can take any arbitrary value was put
forward. The Shakhov model (S-model)163 is also a
common kinetic model. An accurate Prandtl number can
be obtained by changing the heat flux in the model. Note
that the models discussed above have good agreement for
small Kn. Today, the discrete unified gas-kinetic scheme
(DUGKS)164–168 based on the BGK and S-models is
widely applied in KP research. Similar to other kinetic
methods, its computational efficiency is also high for
small Kn. In fact, these methods only solve equations
which are similar to the Boltzmann equation. However,
Direct Simulation Monte Carlo (DSMC)169–171 uses a
large number of simulated particles to simulate the
motion of real gas molecules in the flow field. The solu-
tion of the Boltzmann equation is obtained from the
molecule statistics. The biggest drawback of the method is
low computational efficiency, especially for a small Kn.
However, the calculation results and experimental data
have good agreement172–175. Figure 13 summarizes the
numerical methods employed in KP research.

KP performance research
For all types of KPs, a micro-pump system can be built

out of serially connected (cascade or parallel) micro-
channels to improve the performance. Models87,122,129,156

and methods176–178 that can effectively predict KP per-
formance have already been reported. The indexes used to
evaluate the performance of KPs are the pressure/com-
pression ratio and the flow rate (flow speed), depending
on the working mode of the KP. When the KP is used as a
vacuum pump, attention should be paid to the pressure
variation. When the pump is used to move fluids, focus
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should be placed on the flow rate. If the pressures at the
two ends of the pump are equal, flow rate can reach the
maximum. Moreover, efficiency measures the overall
performance of the pump. Here, the research on KP
performance is discussed in terms of the three aspects of
pressure, flow rate, and efficiency.

Pressure characteristics
At the end of last century, experimental analysis of the

pressure parameter for a working KP was con-
ducted179,180. Owing to the easy measurement of the
pressure variation, the authors performed a large
number of experiments on the KP pressure. However,
the fabricated micro-channel dimensions were rather
large, and the machined thermal creep flow KP84 and
thermal edge flow KP76 were hence limited to func-
tioning in a low-pressure environment. The compres-
sion ratio that the thermal creep flow KP provided was
around 2 (ambient pressure of 10 or 20 Pa)84, while that
of the thermal edge flow KP was about 1.4 (ambient
pressure of 40 Pa)76.
Micromachining technology was later applied to the

manufacturing of KPs, and the micro-channels were
replaced by porous media. Under these circumstances, the
pump can work at either low pressure or atmospheric
pressure. However, different porous media affect the

pressure characteristics of the pump to some extent.
Among the four materials (porous glass (VYCOR), clin-
optilolite, 5 bar porous ceramic, and 15 bar porous cera-
mic) discussed in the article109, 15 bar synthesized
ceramic has the best performance.
The experimental results101,102 demonstrate that the

smaller the pore diameter is, the higher is the pressure
difference maintained. In addition, stacking multilayer
membrane structures can provide better performance.
Five layers of stacked membrane structures can provide
about 2.3 times higher pressure difference than a single
membrane structure101. However, for mixed cellulose
esters with the same pore diameters and porosity, the
maximum pressure differences reported by different
articles100–102 have large differences. These differences are
probably the result of factors such as gas species, mem-
brane thickness, input power, and differing manufacturing
techniques and structures of the pumping systems181–183.
In fact, these factors affect KP pressure characteristics
significantly. For example, although the radial and lateral
pumps in an article99 have the same pore diameters, the
pumps with a radial design have much higher perfor-
mance than the pumps with a lateral design, as shown in
Fig. 14. The pump with a lateral design has a maximum
pressure difference of 539.9 Pa at an input power of 4.5W,
but when the input power is 3.3W, the pressure
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difference of the pump with a radial design can reach
1076 Pa. In another example, using the same mixed cel-
lulose esters with pore diameter of 100 nm, the maximum
pressure difference can reach 63.4 Pa at the input power
of 3.75W through traditional heating using electrical
resistance102, but the maximum pressure difference can
reach 1686 Pa at the input power of 8.5W through
heating by thermoelectric modules99. This difference has
aroused interest in the discovery of multifunctional
materials. Recently, the use of a multifunctional nan-
ometer porous thermoelectric material bismuth telluride
(Bi2Te3)

112 to manufacture KPs has been reported. The
pores in the material are used as the gas flow channels
while the thermoelectric property is used for creating the
temperature difference for forming thermal creep flow.
The pressure difference and mass flow rate increase sig-
nificantly with the increase of the thermoelectric figure of
merit184. The pressure difference can be increased further
by decreasing the pore diameter. Such forthcoming
changes can be anticipated.
With the progress in micromachining techniques, it is

now possible to shrink the micro-channel dimensions.
The first thermal creep flow KP manufactured by
micromachining techniques was reported in 200590. At
the input power of 80 mW and atmospheric pressure,
the compression ratio achieved by a single-stage KP is
around 2.290. According to Eq. (2), the most direct way
to increase the compression ratio is to increase the
temperature difference (input power) between the cold
and hot ends. This method is, however, limited to the
chosen materials used for manufacturing the KP.
Cascading multiple stages can improve the pump
compression ratio more effectively33,79,89,91,185–187.
Figure 15 displays the relation of compression ratio to
input energy and KP stage number quantitatively. Note

that a KP with 162-cascading stages was reported in the
articles40,89. The pump has two parts. The channel
dimensions of the first 54 stages are small (narrow
channels are 0.1 μm, wide channels are 30 μm). These
stages decrease the pressure from atmospheric pressure
to about 50 Torr. This use of a KP as a foreline pump
reported in the articles79,91 can be regarded as an
application of KPs. The channel dimensions of the last
108 stages are larger (narrow channels are 1 μm, wide
channels are 100 μm). These stages are used in a low
pressure environment to further decrease the pressure.
The measured compression ratio of the pump reached
up to 844 (760→ 0.9 Torr) at an input power of 0.39W.
If the input power is increased to 0.69W, the com-
pression ratio will reach 950 (760→ 0.8 Torr). This high
compression ratio is not only the limit value of present
KPs, but also beyond the capacity of any microroughing
pump so far. However, the compression ratio does not
increase significantly with the input power. At a higher
input power of 1.08W, the compression ratio will
instead decrease33. The reason for the phenomenon
may be due to ineffective heat dissipation of the
equipment, resulting in a decrease in the temperature
difference between the cold and hot ends. Here, it needs
to be emphasized that effective thermal management
contributes to improved pump performance188. For
example, this situation will not appear if thermoelectric
materials (thermoelectric modules) are used for
heating99,112.
The channels for all the KPs discussed above can be

regarded as rectangular structures. The compression
ratios achieved with other forms of micro-channel con-
figurations proposed recently94,116,121–135 have already
been reported in the corresponding numerical studies.
Table 1 records the maximum compression ratios of
different varieties of KPs in simulation studies. From
Table 1 and Fig. 15b, we can see that the influence of the
micro-channel geometric structure on pump pressure
properties is obvious. For a rectangular channel, the
compression ratio increases linearly with the stage num-
ber, manifesting the single-stage replication character-
istic127. The simulation results have some differences
from the experimental results33,79, which display an
overall nonlinear variation. In fact, the linear increase in
compression ratio with stage number is only applicable to
small stage number. However, enlarging the height or
diameter of the connection channels can improve the
compression ratio127,189. Additionally, in order to analyze
the effect of surface roughness on the properties of KPs,
micro-channel configurations with obstacles of different
shapes (rectangle, triangle, semicircle) have been con-
sidered in the literature190,191. The simulation results
demonstrate that increasing the widths of the rectangular
obstacles contributes to increasing the pressure
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difference. For a triangle obstacle, this increase will appear
only when the width of its base is large. In contrast, the
pressure-rising property of the pump will be degraded if
the obstacle height increases. Therefore, the surface
roughness of the channel should be decreased to avoid
decreasing the pressure-rising property.

Flow rate characteristics
With the development of measurement techniques, it is

now possible to measure the flow rate of some micro-
devices, such as KPs. From the above discussion, it can be
seen that the compression ratios of the majority of the
pumps currently manufactured are not high. However,
the flow rates of the pumps are highly reasonable, and the
supplying of fluids can be completely achieved in a spe-
cific environment. A KP system manufactured by micro-
machining techniques reported in the literature93 can not
only function in atmospheric environment, but also pro-
vide an air flow rate of more than 200 sccm, which is the
highest rate since the beginning of KPs. In addition, as
experiments have demonstrated192,193, some factors, such
as gas species, rarefication degree of the gas (Kn), and

temperature have strong influence on flow rate. For
example, the mass flow rate of argon increases about ten
times from the slip to the free-molecular regimes192. The
mass flow rate of helium can increase by around 38 times
when the transition regime with 50 K temperature dif-
ference changes into the slip regime with 70 K tempera-
ture difference193. Channels with larger dimensions have
better gas flow and increased pump flow rate inten-
sity187,192,193. This demonstrates that under a given pres-
sure, changing the channel dimension to adjust the
rarefication degree of the gas can both satisfy the KP
working conditions as well as improve the properties of
the pump. Note that increasing the channel width can
increase mass flow rate to some degree, but the mass flow
rate will tend to saturate instead of increasing infinitely187.
The majority of the modern numerical analysis works

use the (nondimensional) mass flow rate to describe the
flow rate. Here, the influence of different pressures (Kn),
temperatures, surface accommodation coefficients, geo-
metric structures and dimensions on flow rate are con-
sidered. Table 2 presents the maximum flow rates of the
different geometric structures reported in the past few
years. We can see that flow rate is highly sensitive to the
geometric structure. Rectangular layouts have the highest
performance while the performance of the curved-straight
geometric structure is the worst. For the tapered channels,
the diverging parts have a higher flow rate than the
converging parts. Divergence angles play important roles
in improving mass flow rate. The mass flow rate always
decreases with the increase of channel inclination134. Note
that this conclusion contradicts later research135, because
the connection channels of the models are not considered
in the latter. In fact, the connection channels influence the
flow field patterns and mass flow rate in micro-
channels194. This is because the addition of connection
channels will affect the inlet and outlet conditions at the
two ends of micro-channels. In addition, increasing the
aspect ratio can also increase the mass flow rate135. In
particular, for a large Kn, the aspect ratio has more
influence on the mass flow rate than the divergence
angle135. Therefore, it may be said that if the gases are in
the free-molecular limit (Kn ~ 50), the maximum flow rate
will be attained. As a matter of fact, the maximum mass
flow rate of the pump is usually obtained for an inter-
mediate Kn (transition regime)77,82,135,140,142, as shown in
Fig. 16. That is because with the increase of Kn, the
number of gas molecules decreases and no gas flows at the
two limits (Kn= 0 and Kn→∞).
As discussed above, the surface accommodation coeffi-

cient has significant influence on the gas flow. In fact, it
also triggers the variation of mass flow rate. Figure 17
displays the simulation results for the change of mass flow
rate with the surface accommodation coefficients in dif-
ferent geometric structures77,140,142. Several conclusions
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can be drawn: (i) the mass flow rate varies significantly with
the accommodation coefficient, (ii) the mass flow rate
increases with the decrease of accommodation coefficient,
and (iii) when the inclined walls are cold (specular),
radiometric flow will be more prominent. The change rules
(linear or nonlinear) differ between different structures.
Please note that these results are obtained based on Max-
well gas−solid interaction models. However, the CLL
(Cercignani−Lampise−Lord) model is considered to be
better for modeling the interaction between the gas and
surface195,196 because the model contains two independent
accommodation coefficients, the normal thermal accom-
modation coefficient (NTAC) and tangential momentum
accommodation coefficient (TMAC). Research197 has
found that the mass flow rate is much more dependent on
TMAC than on NTAC. The mass flow rate increases
dramatically with the decrease of TMAC in the free-

molecular and transition regimes, whereas in the slip
regime, the mass flow rate tends to decrease slightly with
the decrease of TMAC, because effective gas flow cannot
occur in the slip regime.
The effects on the mass flow rates discussed above are

all based on the assumption of constant temperature.
Increasing the temperature difference (input power) will
certainly increase the mass flow rate99,130,192,193, as pre-
sented in Fig. 18. Moreover, the temperature distribution
along the micro-channel walls (linear temperature varia-
tion, step-wise temperature variation, nonmonotonic
distribution) obviously affects the mass flow rate114,116. As
expected, a linear temperature variation gives the highest
mass flow rate. Compared to the mass flow rate for linear
temperature variation, the mass flow rate for step-wise
temperature variation is reduced by about 3%. The tem-
perature peak value of the nonmonotonic distribution
occurs between the two ends of the channel, resulting in
reverse thermal creep flow, which causes the mass flow
rate to decrease by about 18%. This fully demonstrates
that temperature difference of the walls is the mechanism
behind the thermal creep flow KP, but also limits its
performance.
The thermal edge flow KP and radiometric flow KP

consist of constant temperature surfaces to induce gas flow.
Establishing a temperature difference between the cold and
hot walls is a key factor for improved mass flow rate. Early
research139,140 has assumed that the variation of mass flow
rate with temperature difference is linear. Note that recent
research82,142 has found this assumption to be invalid. In
fact, the mass flow rate increases nonlinearly with tem-
perature difference; the linear variation only occurs for a
small temperature difference (Kn), as shown in Fig. 18.
Obviously, the relations of the flow rate to the temperature
difference (or the input power) of these three thermally
induced flows (thermal creep flow, thermal edge flow and
radiometric flow) are similar. That is, they all display non-
linear variations, but some differences exist in the data.
These differences exist because in the figure, the relation

Table 2 Maximum flow rates and corresponding Kn for
different geometries of KPs in numerical studies

Geometry Nondimensional mass flow rates (10–3) Kn Refs.

Fig. 10a 28.0 0.53 94

Fig. 10b 3.7 0.38 133

Fig. 10c 9.6 0.24 133

Fig. 10d 23.0 0.24 94

Fig. 10e 23.0 0.39 94

Fig. 11d 1.81 0.09 140

Fig. 11e 2.83 0.15 142

Fig. 12b 20.24 0.51 82

Fig. 12e 71.08 0.61 82

Fig. 12f 3.69 0.07 143

Fig. 12g 7.54 (Volume flow rate) 0.1 77

Fig. 12i 42.2 0.11 142

Fig. 12j 86.8 0.11 142

Table 1 Compression ratios of thermal creep KPs with different geometric shapes and stage numbers

No. Sec. 1 2 3 4 5 8 16 25 Refs.

Fig. 10a 1.004 1.008 1.011 1.015 1.019 n/r n/r n/r 127

n/r n/r n/r 1.253 n/r 1.309 n/r n/r 94

Fig. 10b 1.091 1.107 n/r 1.138 n/r 1.197 n/r 1.459 131,132

n/r 1.06 n/r 1.116 n/r 1.231 1.486 n/r 130

n/r n/r n/r 1.077 n/r 1.081 n/r n/r 133

Fig. 10c n/r n/r n/r 1.088 n/r 1.118 n/r n/r 133

Fig. 10d 1.313 n/r n/r n/r n/r n/r n/r n/r 94

Fig. 10e n/r n/r n/r 1.166 n/r 1.294 n/r n/r 94
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between the volume flow rate to the input power is depicted
for the thermal creep flow KP, whereas the relation between
the nondimensional mass flow rate and the temperature
gradient is depicted for the thermal edge flow KP and the
radiometric flow KP. Differences may also result from the
different configurations and parameters of these three KPs
in aspects such as geometric structure, geometric dimen-
sion, gas species, and gas pressure. Note that the linear
relation can be used to judge the applicability of the KP in
MEMS to some extent as, in general, the working tem-
perature difference of MEMS cannot be larger than 200 K.

Relation between pressure and flow rate
In order to discuss the performance of KPs further, the

relations between pressure and flow rate in KPs with
different working patterns are analyzed. It is well-known
that there are two kinds of flows in the micro-channels of
thermal creep flow KPs, Poiseuille flow and thermal
creep flow. For a single-stage KP with two connected
cavities, thermal creep flow is formed by the temperature
difference between the cavities. As timeΔT ≤ 200 K goes
by, a pressure difference t appears between the two
cavities, resulting in Poiseuille flow, which hinders the
thermal creep flow. The relation between mass flow rate
per unit area ΔP and pressure difference Ṁ can be
represented by153,178

M ¼ V
2RTrA

dðΔPÞ
dt

ð3Þ

where V is the volume of the cavity, R is the gas constant,
Tr is the room temperature, and A is the cross-sectional
area of the micro-channel. ΔP is a function of time t 192,198,

ΔPðtÞ ¼ ΔPmaxð1� e�t=τÞ ð4Þ

where ΔPmax is the pressure difference at steady state and
τ is the characteristic time constant. Through the removal
of τ, the final relation between pressure difference to mass
flow rate can be obtained,

_MðΔPÞ ¼ V
2τRTrA

ðΔPmax � ΔPÞ ð5Þ

As expected, the maximum mass flow rate appears when
the KP begins to work, or in an open system, i.e., at t= 0 or
ΔP= 0. Moreover, the mass flow rate decreases linearly
with the increase of pressure difference, which can be seen
from the numerical134,199 and experimental34,93,100 results
shown in Fig. 19. It should be noted that the influence of
pressure difference on the mass flow rate is considered in
the numerical simulations, but the variation of volume flow
rate with the change of pressure difference is measured in
the experiments. Thus, differences exist between the
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simulation and experimental results. Additional differences
in the results may also result from the differences in geo-
metric structures, geometric dimension, gas species, tem-
perature difference, and rarefaction parameter (ΔP= 0). In
fact, this qualitative conclusion is also applicable to mul-
tistage thermal creep flow KPs to some degree. Addition-
ally, shrinking the micro-channel length will decrease the
compression ratio to a certain degree, but will also improve
the mass flow rate189. Note that Eq. (5) is obtained based on
the thermal creep flow KP. There are still no mathematical
expressions for the mass flow rate and pressure difference
applicable to the thermal edge flow KP and the radiometric
KP, but the variation trends of mass flow rate with pressure
difference are similar in all three types of KPs.

Efficiency characteristics
In order to evaluate the integrated performance of KPs,

it is necessary to consider their efficiency characteristics.
The efficiency of a KP can be formulated in a way similar
to that of a macro-scale pump, that is, as the ratio of the
output power (useful work) to the heat input200–202. Thus,
for a thermal creep flow KP, the formula of the ideal
pumping efficiency neglecting thermal loss (the output
power is the flow work performed by the pumping gas of
the KP) can be written as200–202

ηideal ¼
R
Cp

ffiffiffiffiffiffiffiffiffiffiffiffiffi

Th=Tc

p � Ph=Pc

Ph=Pc þ
ffiffiffiffiffiffiffiffiffiffiffiffiffi

Th=Tc

p ð6Þ

where Cp is specific heat, and Tc, Pc and Th, Ph are the
temperature and pressure of the cold and hot cavities,

respectively. Evidently, the ideal pumping efficiency
increases nonlinearly with the temperature ratio (or
temperature difference), and the maximum efficiency
tends to be the ratio of the gas constant R to the gas-
specific heat Cp.
In order to calculate the pump efficiency more realis-

tically, thermal losses cannot be neglected. However, once
the thermal loss is considered, the efficiency of the pump
decreases dramatically201,202, which can be expected. Note
that the length of the channel is irrelevant to the effi-
ciency, but the shape of the cross-section will affect the
efficiency including thermal losses because the cross-
section shape affects the transmission probability of the
channels. Generally, increasing the hydraulic diameters of
the micro-channels improves the efficiency of the
pump194.
On the other hand, when the KP is used as a vacuum

pump and at steady state, the efficiency of pump is zero
from Eq. (6). That is because the above efficiency equation
only considers the KP flow rate characteristics, but does
not consider its pressure characteristics189. To be more
precise, increasing the pressure difference between the
cold and hot cavities reduces the flow work done by the
pumping gas of KP (net flow rate), and thus the pumping
efficiency decreases. In the state of equilibrium, the net
flow rate through a KP is zero, i.e. the pumping efficiency
is zero. This means that the pumping efficiency only
considers the flow rate characteristics of the gases that
move from the cold (low pressure) cavity to the hot (high
pressure) cavity, but excludes the pressure-raising prop-
erty of the KP. Therefore, in order to assess the efficiency
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property of KPs more accurately, other several definitions
for KP efficiency were proposed by Klein189. These effi-
ciency equations were obtained only by numerical calcu-
lation, and have not been verified by experiments.
Please note that this efficiency is not necessarily

applicable to thermal edge flow KPs and radiometric flow
KPs. Issues with radiometric flow KPs have been dis-
cussed in simulation works for the past few years82,141,203.
The radiometric flow KP efficiency is considered to be the
ratio of output power Pw to heat flux of the walls q82:

η ¼ Pw

q
¼ FxUx;avg

q
ð7Þ

where Fx is the force density on the walls and Ux,avg is the
average velocity. The efficiency of the pump reaches the
highest value in the transition regime, but the value is
small and is less than 1%82,141. Moreover, the influence of
the channel geometric parameters and surface accom-
modation coefficients on the efficiency is significant141,203.
In summary, research on KP efficiency is still scarce and

immature, and the relevant theories still have a lot of
room for improvement. More numerical and experi-
mental research need to be performed to determine the
actual rules for improving KP efficiency.

Research on KP applications
Vacuum generation
The most basic application of KP is in micro-pumps. In

fact, generating vacuum is one application of the KP
pressure-rising property discussed in the section “Pres-
sure characteristics”. A KP system directly manufactured
by the machining of wide-narrow circular glass pipes can
reduce the pressure of an 8000 cm3 reservoir by 50%
within 300 s (ΔT= 150 K, and Pout is 10 or 20 Pa)84.
Aerogel membranes were used for the first partially

micro-machined thermal creep flow KPs. Using helium as
the working medium, the optimal compression ratio of
the pump at atmospheric pressure is about 1.0295,180. A
few years later, aerogel membranes were applied to fab-
ricate a 15-stage KP system. The system can maintain a
pressure difference of 15.8 kPa96 when illuminated by a
radiant flux of 20.9 mW/cm2. A KP using aerogel mem-
branes and functioning in a low pressure environment97

can produce 150mbar pressure difference with 15 cas-
cading stages. Recently, a novel and simple sol−gel pro-
cess was reported and applied to fabricate aerogel
membranes98. The KP manufactured with these aerogel
membranes can function at a temperature of 400 °C,
which contributes to an improved compression ratio.
However, in that paper, only the flow rate, and not the
pressure information, was reported.
Moreover, a KP fabricated with natural zeolite can

maintain 2.5 kPa pressure difference with a single

stage106,107. Through multistage extension, the pressure
difference is expected to reach 50 kPa (not reported in the
paper)106. In references108,109,204, using multistage cas-
cades, KP systems using 15 bar synthesized ceramic can
maximally provide more than 12 kPa pressure difference.
In a KP fabricated with mixed cellulose ester, the pressure
difference can reach up to 1.05 kPa101 through the stack-
ing of multilayer membrane structures. However, the
maximum pressure reported in another article102 is only
157 Pa. The reasons for this are mentioned in the analysis
in the section “Pressure characteristics”. In addition,
employing thermoelectric materials as the heater/heat sink
of KPs can increase the temperature difference between
two cavities, improving the compression ratio99. Multi-
functional thermoelectric materials have also been used to
fabricate a KP112 that generates a maximum pressure
difference of 300 Pa with an input power of 3.32W.
The first single-stage KP completely fabricated by micro-

machining technology was based on Si materials90. The KP
can lower the pressure in the 8 × 104 μm3 cavity to 0.46 atm
within only 2 s. However, the system cannot be applied to
systems with larger volumes. Later, through the application
of etching/lithography techniques and cascading stages, the
KP compression ratio improved substantially. For example, a
48-cascading stage thermal creep flow KP fabricated by an
etching technique was reported in 201279,91. When the
pump functions at atmospheric pressure with an input
power of 1.35W, the compression ratio is 15 (760→
50Torr). Using the same input power, when the pump is in
a low-pressure environment (250 Torr), the compression
ratio of the pump can reach up to 50 (250→ 5 Torr). In
order to attain a larger compression ratio, the same research
group proposed a 162-cascading stage KP33,89. The max-
imum compression ratio of the pump reaches up to 950
(760→ 0.8 Torr). Compared with the KPs reported in the
past, such a high compression ratio is unprecedented. A few
years later, this research group reported several kinds of
micro-machined KP systems as well34,93. However, this time,
the KPs can only provide around 1.03 compression ratio.
This small value seems to not have interested any scholars.
The pump can, however, provide an enormous flow rate
(>200 sccm). Recently, a KP fabricated by silicon deep RIE
(reactive ion etching), thermal oxidation, and anodic bond-
ing processes205, which can function at atmospheric pres-
sure was put forward. The pump is capable of decreasing the
cavity pressure to about 10 kPa (compression ratio is around
10) at a temperature difference of 25 °C.
Please note that the above descriptions report the

applications of thermal creep flow KPs for generating
vacuum. Reports on the applications of thermal edge flow
KPs and radiometric flow KPs systems are rare. The first
thermal edge flow KP system can only function in a low
pressure environment, and the maximum compression
ratio is about 1.4 (40→ 28.8 Pa)76.
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Fluid delivery
Since a KP has flow rate characteristics, it can serve as a

power/pumping system of an MEMS/NEMS device to
deliver flow for the whole system. The first equipment to
use a KP for flow delivery is a self-sustaining, self-
pressurizing combustor206–210. This combustor, when
combined with a SOFC (solid oxide fuel cell), can be used
as a miniature power generator. A KP was first applied in
2011 in a micro-gas chromatography (μGC) system211.
The experimental results demonstrate that when the
carrier gases are N2 and dry air, the KP can provide a gas
flow of 1 mL/min and 0.26 mL/min to the system,
respectively. In order to shrink the dimensions of the μGC
system, the crucial components (KP, preconcentrator,
separation column, gas detectors) are all fabricated by
lithography212,213. The μGC components can be inte-
grated into a system by direct stacking without using
capillaries for connections. This improves the perfor-
mance of the system. The authors later used a bidirec-
tional manipulation KP in the μGC, improving the
analysis performance of the system further214–217. KPs can
also be found in the micro systems of gas sensors218 in
which the KPs pump the tested gases in the systems. KPs
have also been used to drive gas flows in optomechanical
devices for ultra-sensitive measurements219. The forces
from the gases act on and deflect the microspikes in the
devices. The deflections reflect the variation of the reso-
nator resonant frequencies with the quantities measured.
A KP serving as an infusion pump in which the body

temperature provides the heat source for the KP to pump
low flow medicine for skin wounds was reported in
2013 220,221. Please note that the KP does not pump gases,
but generates a pressure difference to deliver medicine.
Similarly, an integrated KP is used to pump a liquid
through microfluidic channels on microscopic glass slides.
Recently, a new refrigeration system comprising a KP

and vortex tube was reported222. The energy for the KP
comes from low-grade residual/waste heat. The energy
consumption is decreased substantially compared to tra-
ditional refrigeration systems. Moreover, KPs have also
been used to design a new low energy consumption heat
pump system223–226. Using a single-stage KP, the
demonstrated output power of the system is 3.09W226. A
system containing a 30-stage KP produces an output
power of 1.27 kW (theoretical prediction) at a tempera-
ture difference of 6 K225. Compared to energy conserva-
tion and consumption reduction, the development of
renewable energy sources seems to have attracted more
attention. A method for gathering solar energy based on
the thermal creep effect has been put forward227,228, in
which solar energy is converted to gas flow kinetic energy
using a KP. The simulation results show that the energy
conversion efficiency is 7.4%. Optimizing the system
structure and working parameters will probably improve

the conversion efficiency. Note that this method is also
applicable to other renewable energy sources and low-
grade residual/waste heat.
The application of thermal edge flow KP in flow delivery

is much more limited. In early constructs, a thermal edge
flow KP was applied in the freeze-drying process229. The
experiments demonstrate that the KP facilitates efficient
freezing and drying, shortening the drying time by 50%.
Lately, a heat engine model based on thermal edge flow
and radiometric flow KPs was proposed57,141,203. The gas
flow in the channels and the tangential force acting on the
walls are the keys to the functioning of the heat engine,
which provides a new mechanism for converting thermal
energy to mechanical energy. However, the conversion
efficiency is greatly influenced by the configuration of the
geometric structure. More research, in particular experi-
mental analysis, is required to determine the actual
behavior of the heat engine.

Gas separation
The thermal creep effect in different gases differ from

one another as gases with lighter molecules flow fas-
ter103,230–232. Thus, KPs can be used for gas separation.
This is a unique characteristic of KPs absent in other
pumps. In 2007, a mathematical model in which a KP is
used as a gas separation device was first proposed230,
verifying the feasibility of KPs for gas separation. Research
has also found that increasing the cascading stage number
of KPs improves the degree of separation, but lowers the
time efficiency186. Thus, the degree of separation and time
efficiency should be considered comprehensively. Later
literature233 reported an open system gas separator
simulated and studied using the DSMC method. The gas
separation device comprises micro-channel arrays based
on the thermal creep effect. The authors later simulated a
system in which the main channel is replaced by a U-bend
channel234,235. They found that the gas separation system
with a U-bend channel gives a larger variation of the mole
fraction, making the gas separation more effective.
In recent years, KPs using porous membranes (MCE

membranes) as micro-channels have also been applied in
gas separation devices103–105,236. One such gas separation
device also uses a U-bend channel103,104. Up to 15% var-
iation of mole fraction is observed when the average
volume flux Q is 100 sccm. Another gas separation system
is composed of two KPs105,236. One KP functions at a
relatively large temperature difference (ΔT= 100 K), ser-
ving as a pumping element for the whole system to deliver
mixed gas. The other KP operates at a relatively small
temperature difference (ΔT ≈ 20 K), and is used to per-
form gas separation by inducing molecular exchange via
the membranes. When supplying the gas volume flow rate
of 5 sccm, the mole fraction difference between the two
product gases is 5.5%, which can be expected. Recent
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research237 demonstrates that increasing the width of the
main channel, decreasing flow speed, and enlarging the
membrane length/area improve the gas separation per-
formance of the devices. Moreover, the gas separation
capability of KPs is also employed in gas sensors238. In
these sensors, the KP generates different concentrations
of different gas species in different places, leading to the
variation of resonator resonant frequency, which can be
used to indicate the gas species and concentration.
Besides the thermal creep flow KPs used for gas

separation, thermal edge flow KPs also have the capacity
to separate gases. As demonstrated in experiments239, the
concentration of weightier gas molecules is higher in the
high-pressure side while the concentration of the lighter
gas molecules is higher in the low pressure side. However,
reports on this phenomenon are rare. This is probably
because the gas separation performance of thermal edge
flow KPs is relatively weak. Recently, a gas separation
device consisting of stretched filaments at different tem-
peratures was studied240,241. The simulation results
demonstrate that the gas separation effect is significant.
The gas flow and separation are due to the thermal edge
flow around the stretched filaments. The development
and design of gas separation devices based on thermal
edge flow KPs and radiometric flow KPs are thus of value
and significance.

Discussions and outlook
In this section, the future directions for KP development

are outlined based on the past KP research. A brief
summary of KP research is presented in Fig. 20.

Exploring new KPs
Micro-channels are the key elements in KPs that

ensure that gases are in a rarefied state. A steady flow of
rarefied gas is achieved by temperature fields. Micro-

channels and temperature fields directly determine the
structural shape and performance of KPs. Since the
emergence of KPs in 190938, various variants of KPs
have been put forward. The basic geometric structures
and mechanisms for the gas flow in different KP var-
iants are listed in Fig. 20. Based on the above conclu-
sions and illustrations, the following key comments can
be made:
(1) Many kinds of simple geometric structures have

already been proposed94,121–135 for early thermal
creep flow KPs, as shown in Fig. 10. In contrast, the
geometric structures of thermal edge flow KPs and
radiometric flow KPs are mainly plates and ratchets
(e.g. Figs. 11 and 12)82,137–143. More research is
needed to explore the applicability of new channel
geometries in KPs. Channel structures are not
limited to 2D geometric shapes, and channels with
3D geometric shapes such as cylinders, prisms,
circular cones, and pyramids are expected to be
developed.

(2) Channel configurations with only a single
geometric shape might not satisfy the work
requirements of high-performance KPs (high flow
rate, large compression ratio)94. It is predicted that
the future channel configurations of KPs will
combine several geometric shapes. For example,
in a channel composed of two different geometric
shapes, like rectangles and ratchets, the gas flow
will be controlled by both thermal creep flow and
thermal edge flow (or radiometric flow). This
construction might provide a larger flow rate and
compression ratio, and realize the control of gas
flow direction.

(3) A new method for designing KPs is to use the pores
in porous media as micro-channels95–112. In the
future, porous materials having the characteristics of
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high microporosity, low thermal conductivity and
low cost, like the nanoporous thermoelectric material
Bi2Te3 proposed by Faiz et al.112, are expected to be
applied in KPs. This will require much preparation
work and multidisciplinary knowledge (e.g. material
science, physics, chemistry, manufacturing, and
mechanical engineering).

(4) Changing the surface accommodation coefficients
and temperature configurations on different walls can
be used to control the flow mechanisms of thermally
induced flows and realize KPs with different
thermally induced flows77,82,140,142,143. For instance,
the thermal edge flow KP is converted into a
radiometric flow KP in the above discussion. This is
important for the design, optimal performance, and
applications of KPs, as well as for the exploration of
new types of KPs.

Improving KP performance
KP performance is mainly reflected in the compression

ratio, flow rate, and efficiency, presented in Fig. 19. The
compression ratio and flow rate are usually in an inverse
relationship (linear negative correlation) in which they
will never reach the optimal state simultaneously.
Depending on the intended usage (vacuum generation
and fluid delivery), the indexes for measuring KP perfor-
mance are also different. Efficiency issues are, however,
common to all applications. Based on the above conclu-
sions and illustrations, the following key comments can be
made:
(1) The maximum compression ratio for reported KPs

at present reaches up to 844 33, but the flow rate is
small. On the contrary, for KPs having small
compression ratios, the maximum flow rate is
more than 200 sccm93. With the appearance of
micromachining techniques and multifunctional
materials, improving the compression ratio and
flow rate of the KP will be key focuses for research
in the future.

(2) The maximum pumping velocity of the KP used for
generating vacuum is not high and also gradually
decreases with the increase of compression ratio
(e.g. Fig. 19)33,93. In order to shorten the pump-
down time, we can increase the micro-channel
dimension appropriately to improve the pumping
velocity, but this will decrease the compression
ratio. Thus, the integrative performance
(compression ratio and flow rate) needs to be
assessed when constructing KPs. For example,
multichannel parallel connections can be applied
to improve the pumping velocity without impacting
the compression ratio of the KP itself125.

(3) Efficiency is one index to assess the integrative
performance of KPs. However, theoretical research

on efficiency models is scarce and not
comprehensive. There is still much room for
improvement82,141,200–203. In current experimental
and numerical simulation works, efficiency is rarely
analyzed. More attention should be paid to
efficiency in future research. One area of concern
is the low energy efficiency in energy gathering and
conversion57,141,203,227,228. In the future, the system
structure can be optimized, system materials
improved, and the heat dissipation of KPs
decreased to improve the energy efficiency.

Expanding the applications of KPs
To some extent, the applications of KPs drive them-

selves to progress and development. Based on the differ-
ent properties of the applications, the applications can be
classified into three main categories: (i) vacuum genera-
tion, (ii) flow delivery, and (iii) gas separation. The recent
applications of KPs are listed in Fig. 20. Based on the
above conclusions and illustrations, the following key
comments can be made:
(1) Since KPs were first proposed by Knudsen38,39, they

have developed significantly as vacuum pumps for
generating vacuum. Present Knudsen vacuum
pumps can maximally decrease the pressure of
cavities from atmospheric pressure to about
0.8 Torr33, which is the limit value of the
microroughing pump. Through collocation with
medium and high vacuum ion-sorption micro-
pumps242,243, the pressure can be decreased further.
It is predicted that the development of high
compression ratio KPs will continue in the future.
In addition, techniques for lowering pressure with
KPs are expected to be applied in some high-
pressure sampling devices. For example, adding KPs
in devices like mass spectrometers can ensure that
testing can performed in atmospheric environment.

(2) KPs used for flow delivery have already been widely
employed in micro-gas chromatographs211–217. In
recent years, they have also been used in medicine
delivery220,221 and in energy gathering and
conversion devices226–228. Without doubt, KPs are
expected to play important roles in bioengineering,
microchemistry, medical diagnosis and analysis,
and power engines in the future.

(3) KPs have been used for gas separation since 2007.
Gas separation is achieved with thermally induced
gas flows230. Previous research has demonstrated
that the channel dimension, KP size, and gas flow
speed affect the degree and time efficiency of gas
separation186,232. Gas separation in KPs is also
utilized in a new method for testing gases238. All
these imply that KPs would also be applied to gas
recycling and removal in the future.
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Conclusions
According to the review above, the following conclu-

sions can be drawn:
(1) With further study, the application of KPs in

MEMS/NEMS will increase, since KPs offer the
advantages of having no moving parts, simple
structures, easy construction, easy expansion,
wide energy sources, and low energy consumption.

(2) KPs can be classified into thermal creep flow KPs,
thermal edge flow KPs, and radiometric flow KPs
based on their thermal flow mechanisms. Thermal
creep flow is induced by the temperature gradient
along the walls. Thermal edge flow is triggered by
dramatic changes in the temperature fields in the
vicinity of the constant temperature edges. If the
adjacent edges have different temperatures,
radiometric flow will appear. In the future, new
KPs based on other thermally induced flows may
emerge.

(3) Micro-channels are the key elements of KPs. The
micro-channel structures not only influence the
form of the gas flow fields, but are also directly
related to the KP performance. Micro-channel
structures can be obtained by micromachining
techniques, and by using natural and artificially
synthesized porous materials. In addition, surface
accommodation coefficients and temperature
configurations modulate and control the flow
mechanism of the pump. In terms of the channel
structure, apart from single 2D geometric shapes,
the channels might also use 3D geometric shapes or
combine many kinds of geometric shapes. In
summary, the construction and relevant
configurations of new channels are crucial in
improving the performance of KPs, which is one
of the goals for future research.

(4) Research on KP performance has mainly focused
on pressure, flow rate and efficiency. Among these,
pressure difference and flow rate are in an inverse
relationship and have been studied extensively.
Changing the dimension of the micro-channel, and
using multistage cascading and paralleling can
increase the pressure difference or flow rate. The
comprehensive performance of KP is mainly
reflected in the efficiency. However, there is a
serious lack of research on efficiency and the
relevant theories are incomplete. This issue should
be paid attention to in future research.

(5) In the past 10 years, the applications of KP have
developed rapidly. Based on the different properties
reflected in the applications, the applications of KPs
can be classified into three main categories: vacuum
generation, flow delivery, and gas separation. KPs
are expected to be applied in bioengineering,

microchemistry, medical diagnosis and analysis,
power engines, and other fields and devices.

Acknowledgements
This research was supported by the National Natural Science Foundation of
China (Grant nos. 31371873, 31000665, 51176027, and 31300408), Special
Program for Applied Research on Super Computation of the NSFC-Guangdong
Joint Fund (the second phase) of China and CAST-BISEE (Beijing Institute of
Spacecraft Environment Engineering) innovation fund.

Author contributions
Proposal, Z.Z.; Conceptualization, Z.Z., X.W.; Original draft, X.W., T.S., and W.Z.;
Review and editing, Z.Z. and S.Z.

Conflict of interest
The authors declare that they have no conflict of interest.

Received: 2 October 2019 Revised: 16 January 2020 Accepted: 17 January
2020

References
1. Fluitman, J. Microsystems technology: objectives. Sens. Actuator A-Phys. 56,

151–166 (1996).
2. Yang, X., Zhou, Z., Cho, H. & Luo, X. Study on a pzt-actuated diaphragm

pump for air supply for micro fuel cells. Sens. Actuator A-Phys. 130, 531–536
(2006).

3. Lee, J. & Kim, T. Micro PEM fuel cell system with NaBH4 hydrogen generator.
Int. J. Hydrog. Energy 177, 54–59 (2012).

4. Chan, S. H., Nguyen, N. T., Xia, Z. & Wu, Z. Development of a polymeric micro
fuel cell containing laser-micromachined flow channels. J. Micromech.
Microeng. 15, 231–236 (2005).

5. Hong, C., Choi, J. & Ahn, C. H. An on-chip air-bursting detonator for driving
fluids on disposable lab-on-a-chip systems. J. Micromech. Microeng. 17,
410–417 (2007).

6. Terry, S. C., Jerman, J. H. & Angell, J. B. A gas chromatographic air analyzer
fabricated on a silicon wafer. IEEE Trans. Electron Devices 26, 1880–1886
(1979).

7. Jean-Baptiste, S., Aline, S., Franck, B. & Christophe, M. Silicon-micromachined
gas chromatographic columns for the development of portable detection
device. J. Sens. 2010, 1–8 (2010).

8. Zareianjahromi, M. A. Mems-Based Micro Gas Chromatography: Design, Fab-
rication and Characterization. Ph.D. thesis (Virginia Tech, 2009).

9. Dziuban, J. A. et al. Portable gas chromatograph with integrated compo-
nents. Sens. Actuator A-Phys. 115, 318–330 (2004).

10. Astle, A. A., Kim, H. S., Bernal, L. P., Najafi, K. & Washabaugh, P. D. Theoretical
and experimental performance of a high frequency gas micropump. Sens.
Actuator A-Phys. 134, 245–256 (2007).

11. Ferran, R. J. & Boumsellek, S. High pressure effects in miniature arrays of
quadrupole analyzers for residual gas analysis from 10−9 to 10−2 torr. J. Vac.
Sci. Technol. A-Vac. Surf. Films 14, 1258–1265 (1998).

12. Sanders, N. L. et al. Hand-held mass spectrometer for environmentally rele-
vant analytes using a variety of sampling and ionization methods. Eur. J. Mass
Spectrom. 16, 11–20 (2010).

13. Orient, O. J., Chutjian, A. & Garkanian, V. Miniature, high-resolution, quadru-
pole mass spectrometer array. Rev. Sci. Instrum. 68, 1393–1397 (1997).

14. Blomberg, M., Rusanen, O., Keranen, K. & Lehto, A. A silicon micro-
systemminiaturised infrared spectrometer. In Proceedings of International Solid
State Sensors and Actuators Conference (Transducers ‘97) 1257−1258 (IEEE,
Chicago, 1997).

15. Schuler, L. P., Milne, J. S., Dell, J. M. & Faraone, L. MEMS-based micro-
spectrometer technologies for NIR and MIR wavelengths. J. Phys. D.-Appl.
Phys. 42, 133001 (2009).

16. Irving, P. M., Allen, W. L. & Healey, T. Novel catalytic reforming using
microtechnology with advanced separations technology. In Proc. 2000
Hydrogen Program Review. NREL/CP-570-28890 (San Ramon, 2000).

17. Ogden, J. M. Review of Small Stationary Reformers for Hydrogen Production.
Report to the International Energy Agency 609 (2001).

Wang et al. Microsystems & Nanoengineering            (2020) 6:26 Page 23 of 28



18. Calò, E., Giannini, A. & Monteleone, G. Small stationary reformers for H2
production from hydrocarbons. Int. J. Hydrog. Energy 35, 9828–9835 (2010).

19. Wei, S., Berg, M. & Ljungqvist, D. Flapping and flexible wings for biological
and micro air vehicles. Prog. Aeosp. Sci. 35, 455–505 (1999).

20. Ellington, C. P. The novel aerodynamics of insect flight: applications to micro-
air vehicles. J. Exp. Biol. 202, 3439–3448 (1999).

21. Agrawal, A. & Agrawal, S. K. Design of bio-inspired flexible wings for flapping-
wing micro-sized air vehicle applications. Adv. Robot. 23, 979–1002 (2009).

22. Rosenfeld, N. C. An Analytical Investigation of Flapping Wing Structures for
Micro Air Vehicles. Ph.D. thesis (University of Maryland, 2006).

23. Nakata, T. et al. Flexible wings aerodynamics of a bio-inspired flapping micro
air vehicle. Bioinspir. Biomim. 6, 045002 (2011).

24. Fang, Y. & Tan, X. A novel diaphragm micropump actuated by conjugated
polymer petals: Fabrication, modeling, and experimental results. Sens.
Actuator A-Phys. 158, 121–131 (2010).

25. Wang, X., Jiang, H., Chen, Y., Qiao, X. & Dong, L. Microblower-based micro-
fluidic pump. Sens. Actuator A-Phys. 253, 27–34 (2017).

26. Zengerle, R., Ulrich, J., Kluge, S., Richter, M. & Richter, A. A bidirectional silicon
micropump. Sens. Actuator A-Phys. 50, 81–86 (1995).

27. Ghazali, F. A. M. et al. Soft dielectric elastomer actuator based micropump.
Sens. Actuator A-Phys. 263, 276–284 (2017).

28. Wego, A. & Pagel, L. A self-filling micropump based on PCB. Technol. Sens.
Actuator A-Phys. 88, 220–226 (2001).

29. Benard, W. L., Kahn, H., Heuer, A. H. & Huff, M. A. Thin-film shape-
memory alloy actuated micropumps. J. Microelectromech. Syst. 7,
245–251 (1998).

30. Amrani, I., Cheriet, A. & Feliachi, M. Design and experimental investigation of
a bi-directional valveless electromagnetic micro-pump. Sens. Actuator A-Phys.
272, 310–317 (2018).

31. Jang, J. & Lee, S. S. Theoretical and experimental study of MHD (magneto-
hydrodynamic) micropump. Sens. Actuator A-Phys. 80, 84–89 (2000).

32. Yoshida, K., Sato, T., Eom, I. S., Kim, J. W. & Yokota, S. A study on an AC
electroosmotic micropump using a square pole-slit electrode array. Sens.
Actuator A-Phys. 265, 152–160 (2017).

33. An, S., Gupta, N. K. & Gianchandani, Y. B. A Si-micromachined 162-stage two-
part Knudsen pump for on-chip vacuum. J. Microelectromech. Syst. 23,
406–416 (2014).

34. Qin, Y., An, S. & Gianchandani, Y. B. Arrayed architectures for multi-stage Si-
micromachined high-flow Knudsen pumps. J. Micromech. Microeng. 25,
115026 (2015).

35. Smits, J. G. Piezoelectric micropump with three valves working peristaltically.
Sens. Actuator A-Phys. 21, 203–206 (1990).

36. Laser, D. J. A review of micropumps. J. Micromech. Microeng. 14, R35–R64
(2004).

37. Grzebyk, T. MEMS vacuum pumps. J. Microelectromech. Syst. 26, 705–717
(2017).

38. Knudsen, M. Eine revision der gleichgewichtsbedingung der gase, Ther-
mische molekularströmung. Ann. Phys. 336, 205–229 (1909).

39. Knudsen, M. Thermischer molekulardruck der gase in röhren und porösen
Körpern. Ann. Phys. 338, 1435–1448 (1910).

40. Maxwell, J. C. On stresses in rarefied gases arising from inequalities of
temperature. Proc. R. Soc. Lond. 27, 304–308 (1878).

41. Reynolds, O. On certain dimensional properties of matter in the gaseous
state, Part I. Experimental researches on thermal transpiration of gases
through porous plates and on the laws of transpiration and impulsion,
including an experimental proof that gas is not a continuous plenum. Part II.
On an extension of the dynamical theory of gas, which includes the stresses,
tangential and normal, caused by a varying condition of gas, and affords an
explanation of the phenomena of transpiration and impulsion. Philos. Trans.
R. Soc. Lond. 28, 727–845 (1879).

42. Qin, D. et al. Microfabrication, Microstructures and Microsystems. Manz, A. &
Becker, H. (eds). Microsystem Technology in Chemistry and Life Science Top.
Curr. Chem. 194, 1–20 (Springer, Berlin, 1998).

43. Karniadakis, G. E., Beskok, A. & Aluru, N. Microflows and Nanoflows: Funda-
mentals and Simulation (Springer Science & Business Media, 2006).

44. Gad-el-Hak, M. The fluid mechanics of microdevices—the freeman scholar
lecture. J. Fluids Eng. 121, 5–33 (1999).

45. Sone, Y. Kinetic Theory and Fluid Dynamics (Birkhäuser, Boston, 2002).
46. Sone, Y. Molecular Gas Dynamics: Theory, Techniques, and Applications

(Birkhäuser, Boston, 2005).

47. Mohammadzadeh, A., Rana, A. S. & Struchtrup, H. Thermal stress vs. thermal
transpiration: a competition in thermally driven cavity flows. Phys. Fluids 27,
112001 (2015).

48. Mohammadzadeh, A. & Struchtrup, H. Velocity dependent Maxwell bound-
ary conditions in DSMC. Int. J. Heat Mass Transf. 87, 151–160 (2015).

49. Sone, Y. & Tanaka, S. Thermal stress slip flow induced in rarefied gas between
noncoaxial circular cylinders. Rimrott, F. P. J. & Tabarrok, B. (eds). Theoretical
and Applied Mechanics 1, 405–416 (Amsterdam, 1980).

50. Sone, Y. Flows induced by temperature fields in a rarefied gas and their
ghost effect on the behavior of a gas in the continuum limit. Annu. Rev. Fluid
Mech. 32, 779–811 (2000).

51. Galkin, V. S., Kogan, M. N. & Fridlender, O. G. Free convection in a gas in the
absence of external forces. Fluid Dyn. 6, 448–457 (1971).

52. Kogan, M. N., Galkin, V. S. & Fridlender, O. G. Stresses produced in gasses by
temperature and concentration inhomogeneities, new types of free con-
vection. Sov. Phys. Uspekhi 19, 420–428 (1976).

53. Aoki, K., Sone, Y. & Waniguchi, Y. A rarefied gas flow induced by a tem-
perature field: Numerical analysis of the flow between two coaxial elliptic
cylinders with different uniform temperatures. Comput. Math. Appl. 35, 15–28
(1998).

54. Aoki, K., Sone, Y. & Masukawa, N. A rarefied gas flow induced by a tem-
perature field. Harvey, J. & Lord, G. (eds). In Rarefied Gas Dynamics 35–41
(Oxford University Press, 1995).

55. Sone, Y. & Yoshimoto, M. Demonstration of a rarefied gas flow induced
near the edge of a uniformly heated plate. Phys. Fluids 9, 3530–3534
(1997).

56. Taguchi, S. & Aoki, K. Rarefied gas flow around a sharp edge induced by a
temperature field. J. Fluid Mech. 694, 191–224 (2012).

57. Taguchi, S. & Aoki, K. Motion of an array of plates in a rarefied gas caused by
radiometric force. Phys. Rev. E 91, 063007 (2015).

58. Tyndall, J. On dust and disease. Fraser's. Mag. 1, 302–310 (1870).
59. Czerny, M. & Hettner, G. The measurement of the thermal slip of gases. Z. fur

Phys. 30, 258–267 (1924).
60. Kelling, T., Wurm, G., Kocifaj, M., Klačka, J. & Reiss, D. Dust ejection from

planetary bodies by temperature gradients: laboratory experiments. Icarus
212, 935–940 (2011).

61. Schörghofer, N. Planetary science: subsurface air flow on Mars. Nat. Phys. 10,
14–15 (2013).

62. Kelling, T. & Wurm, G. A mechanism to produce the small dust observed in
protoplanetary disks. Astrophys. J. 733, 120 (2011).

63. De Beule, C. et al. The martian soil as a planetary gas pump. Nat. Phys. 10, 17
(2014).

64. Koester, M., Kelling, T., Teiser, J. & Wurm, G. Gas flow within Martian soil:
experiments on granular Knudsen compressors. Astrophys. Space Sci. 362,
171 (2017).

65. Schmidt, F., Andrieu, F., Costard, F., Kocifaj, M. & Meresescu, A. G. Formation of
recurring slope lineae on Mars by rarefied gas-triggered granular flows. Nat.
Geosci. 10, 270–273 (2017).

66. Kraemer, A., Teiser, J., Steinpilz, T., Koester, M. & Wurm, G. Analog experiments
on thermal creep gas flow through Martian soil. Planet Space Sci. 166,
131–134 (2019).

67. Selden, N., Ngalande, C., Gimelshein, N., Gimelshein, S. & Ketsdever, A. Origins
of radiometric forces on a circular vane with a temperature gradient. J. Fluid
Mech. 634, 419–431 (2009).

68. Ketsdever, A., Gimelshein, N., Gimelshein, S. & Selden, N. Radiometric
phenomena: from the 19th to the 21st century. Vacuum 86, 1644–1662
(2012).

69. Aoki, K., Sone, Y., Nishino, K. & Sugimoto, H. Numerical analysis of unsteady
motion of a rarefied gas caused by sudden changes of wall temperature
with special interest in the propagation of a discontinuity in the velocity
distribution function. Rims Kokyuroku 745, 232–241 (1991).

70. Nichols, E. F. Ueber das Verhalten des Quarzes gegen Strahlen grosser
Wellenlänge, untersucht nach der radiometrischen Methode. Ann. Phys. -Berl.
296, 401–417 (1897).

71. Crookes, W. On attraction and repulsion resulting from radiation. Philos. Trans.
R. Soc. Lond. 164, 501–527 (1874).

72. Crookes, W. On attraction and repulsion resulting from radiation, —Part II.
Proc. R. Soc. Lond. 23, 373–378 (1875).

73. Passian, A., Warmack, R. J., Ferrell, T. L. & Thundat, T. Thermal transpiration at
the microscale: a Crookes cantilever. Phys. Rev. Lett. 90, 124503 (2003).

Wang et al. Microsystems & Nanoengineering            (2020) 6:26 Page 24 of 28



74. Cornella, B. M., Ketsdever, A. D., Gimelshein, N. E. & Gimelshein, S. F. Analysis
of multivane radiometer arrays in high-altitude propulsion. J. Propul. Power
28, 831–839 (2012).

75. Muntz, E. P. et al. Low speed nano/micro/meso-scale rarefied flows driven by
temperature and pressure gradients. Ivanov, M. S. & Rebrov, A. K. (eds). In
International Conference on Rarefied Gas Dynamics 781–790 (Novosibirsk,
2007).

76. Sugimoto, H. & Sone, Y. Vacuum pump without a moving part driven by
thermal edge flow. Capitelli, M. (eds). In Proceedings of the 24th International
Symposium on Rarefied Gas Dynamics 168–173 (AIP, Bari, 2005).

77. Shahabi, V., Baier, T., Roohi, E. & Hardt, S. Thermally induced gas flows in
ratchet channels with diffuse and specular boundaries. Sci. Rep. 7, 41412
(2017).

78. Loeb, L. B. The Kinetic Theory of Gases (Dover Phoenix Editions, New York,
2004).

79. Gupta, N. K., An, S. & Gianchandani, Y. B. A Si-micromachined 48-stage
Knudsen pump for on-chip vacuum. J. Micromech. Microeng. 22, 105026
(2012).

80. Donkov, A. A. et al. Momentum and mass fluxes in a gas confined between
periodically structured surfaces at different temperatures. Phys. Rev. E 84,
016304 (2011).

81. Wang, R., Xu, X., Xu, K. & Qian, T. Onsager's cross coupling effects in gas flows
confined to micro-channels. Phys. Rev. Fluids 1, 044102 (2016).

82. Lotfian, A. & Roohi, E. Radiometric flow in periodically patterned channels:
fluid physics and improved configurations. J. Fluid Mech. 860, 544–576
(2019).

83. Crookes, W. On attraction and repulsion resulting from radiation. Nature 23,
677–682 (1948).

84. Sone, Y. & Sugimoto, H. Vacuum pump without a moving part and its
performance. Ketsdever, A. D. & Muntz, E. P. (eds). In Proceedings of the 23rd
International Symposium on Rarefied Gas Dynamics 1041–1048 (AIP, Whistler,
2003).

85. Porodnov, B. T., Kulev, A. N. & Tuchvetov, F. T. Thermal transpiration in a
circular capillary with a small temperature difference. J. Fluid Mech. 88,
609–622 (1978).

86. Guo, X., Singh, D., Murthy, J. & Alexeenko, A. A. Numerical simulation of gas-
phonon coupling in thermal transpiration flows. Phys. Rev. E 80, 046310
(2009).

87. Taguchi, S. Diffusion model for Knudsen-type compressor composed of
periodic arrays of circular cylinders. Phys. Fluids 22, 102001 (2010).

88. Schywek, M., Teiser, J. & Wurm, G. Tracing thermal creep and thermophoresis
in porous structures at low ambient pressure and low gravity. Microgravity
Sci. Technol. 29, 485–491 (2017).

89. An, S., Gupta, N. K. & Gianchandani, Y. B. A monolithic 162-stage two-part
Knudsen pump for high compression ratio. In Proceedings of Solid-State
Sensors, Actuators, and Microsystems Workshop 14–17 (Hilton Head Island,
2012).

90. McNamara, S. & Gianchandani, Y. B. On-chip vacuum generated by a
micromachined Knudsen pump. J. Microelectromech. Syst. 14, 741–746
(2005).

91. Gupta, N. K., An, S. & Gianchandani, Y. B. A monolithic 48-stage Si-micro-
machined Knudsen pump for high compression ratios. In Proceedings of the
IEEE International Conference on Micro Electro Mechanical Systems 152–155
(IEEE, Paris, 2012).

92. An, S., Qin, Y. & Gianchandani, Y. B. A monolithic Knudsen pump with
20 sccm flow rate using through-wafer ONO channels. In Proceedings of the
IEEE 27th International Conference on Micro Electro Mechanical Systems
112–115 (IEEE, San Francisco, 2014).

93. An, S., Qin, Y. & Gianchandani, Y. B. A monolithic high-flow Knudsen pump
using vertical Al2O3 channels in SOI. J. Microelectromech. Syst. 24, 1606–1615
(2015).

94. Bond, D. M., Wheatley, V. & Goldsworthy, M. Numerical investigation into the
performance of alternative Knudsen pump designs. Int. J. Heat Mass Transf.
93, 1038–1058 (2016).

95. Vargo, S. E. & Muntz, E. P. Initial results from the first MEMS fabricated thermal
transpiration-driven vacuum pump. Bartel, T. J. & Gallis, M. A. (eds). In Rarefied
Gas Dynamics: 22nd International Symposium 502–509 (AIP, Sydney, 2001).

96. Young, M., Han, Y. L., Muntz, E. P. & Shiflett, G. Characterization and opti-
mization of a radiantly driven multi-stage Knudsen compressor. Capitelli, M.
(ed). In Rarefied Gas Dynamics: 24th International Symposium 174–179 (AIP,
Bari, 2005).

97. Han, Y. L. & Muntz, E. P. Experimental investigation of micro-mesoscale
Knudsen compressor performance at low pressures. J. Vac. Sci. Technol. B 25,
703–714 (2007).

98. Zhao, S. et al. Dimensional and structural control of silica aerogel membranes
for miniaturized motionless gas pumps. ACS Appl. Mater. Interfaces 7,
18803–18814 (2015).

99. Pharas, K. & McNamara, S. Knudsen pump driven by a thermoelectric
material. J. Micromech. Microeng. 20, 125032 (2010).

100. Gupta, N. K. & Gianchandani, Y. B. A high-flow Knudsen pump using a
polymer membrane: Performance at and below atmospheric pressures. In
Proceedings of the IEEE 23rd International Conference on Micro Electro
Mechanical Systems 1095–1098 (IEEE, Hong Kong, China, 2010).

101. Gupta, N. K. & Gianchandani, Y. B. Thermal transpiration in mixed cellulose
ester membranes: Enabling miniature, motionless gas pumps. Microporous
Mesoporous Mat. 142, 535–541 (2011).

102. Pharas, K., Miles, S. & McNamara, S. Thermal transpirational flow in the
transitional flow regime. J. Vac. Sci. Technol. A-Vac. Surf. Films 30, 050603
(2012).

103. Nakaye, S., Sugimoto, H., Gupta, N. K. & Gianchandani, Y. B. Thermal method
of gas separation with micro-pores. In Proceedings of IEEE Sensors 815–818
(IEEE, Valencia, 2014).

104. Nakaye, S., Sugimoto, H., Gupta, N. K. & Gianchandani, Y. B. Thermally
enhanced membrane gas separation. Eur. J. Mech. B-Fluids 49, 36–49 (2015).

105. Nakaye, S. & Sugimoto, H. Demonstration of a gas separator composed of
Knudsen pumps. Vacuum 125, 154–164 (2016).

106. Gupta, N. K. & Gianchandani, Y. B. Thermal transpiration in zeolites: a
mechanism for motionless gas pumps. Appl. Phys. Lett. 93, 193511 (2008).

107. Gupta, N. K. & Gianchandani, Y. B. A knudsen pump using nanoporous zeolite
for atmospheric pressure operation. In Proceedings of the IEEE 21st Interna-
tional Conference on Micro Electro Mechanical Systems 38–41 (IEEE, Wuhan,
2008).

108. Gupta, N. K. & Gianchandani, Y. B. A planar cascading architecture for a
ceramic Knudsen micropump. In Proceedings of the IEEE 15th International
Conference on Solid-State Sensors, Actuators and Microsystems 2298–2301
(IEEE, Denver, 2009).

109. Gupta, N. K. & Gianchandani, Y. B. Porous ceramics for multistage Knudsen
micropumps-modeling approach and experimental evaluation. J. Micromech.
Microeng. 21, 095029 (2011).

110. Yamarthy, C., Pharas, K., Schultz, A. & McNamara, S. Pneumatic pumping of
liquids using thermal transpiration for lab-on-a-chip applications. In Pro-
ceedings of IEEE Sensors 1931–1934 (IEEE, New Zealand, 2009).

111. Steinpilz, T., Teiser, J., Koester, M., Schywek, M. & Wurm, G. Tracing
thermal creep through granular media. Microgravity Sci. Technol. 29,
325–330 (2017).

112. Faiz, A., McNamara, S., Bell, A. D. & Sumanasekera, G. Nanoporous Bi2Te3
thermoelectric based Knudsen gas pump. J. Micromech. Microeng. 24, 035002
(2014).

113. Heo, J. S. & Hwang, Y. K. Numerical analysis of thermal transpiration flows for
a nano-pore aerogel membrane. J. Nanosci. Nanotechnol. 9, 7412–7415
(2009).

114. Han, Y. L., Muntz, E. P., Alexeenko, A. & Young, M. Experimental and com-
putational studies of temperature gradient–driven molecular transport in gas
flows through nano/microscale channels. Nanoscale Microscale Thermophys.
Eng. 11, 151–175 (2007).

115. Sheng, Q. et al. Simulation of thermal transpiration flow using a high-order
moment method. Int. J. Mod. Phys. C 25, 1450061 (2014).

116. Alexeenko, A. A., Gimelshein, S. F., Muntz, E. P. & Ketsdever, A. D. Kinetic
modeling of temperature driven flows in short microchannels. Int. J. Therm.
Sci. 45, 1045–1051 (2006).

117. Taheri, P. & Bahrami, M. Macroscopic description of nonequilibrium effects in
thermal transpiration flows in annular microchannels. Phys. Rev. E 86, 036311
(2012).

118. Kanki, T. & Iuchi, S. Poiseuille flow and thermal creep of a rarefied gas
between parallel plates. Phys. Fluids 16, 594–599 (1973).

119. Méolans, J. G. & Graur, I. A. Continuum analytical modelling of thermal creep.
Eur. J. Mech. B-Fluids 27, 785–809 (2008).

120. Taheri, P. & Struchtrup, H. Rarefaction effects in thermally-driven microflows.
Phys. A 389, 3069–3080 (2010).

121. Sone, Y., Waniguchi, Y. & Aoki, K. One-way flow of a rarefied gas induced in a
channel with a periodic temperature distribution. Phys. Fluids 8, 2227–2235
(1996).

Wang et al. Microsystems & Nanoengineering            (2020) 6:26 Page 25 of 28



122. Aoki, K., Degond, P., Takata, S. & Yoshida, H. Diffusion models for Knudsen
compressors. Phys. Fluids 19, 117103 (2007).

123. Han, Y. L. Thermal-creep-driven flows in Knudsen compressors and related
nano/microscale gas transport channels. J. Microelectromech. Syst. 17,
984–997 (2008).

124. Ye, J. et al. Rarefaction and temperature gradient effect on the performance
of the Knudsen pump. Chin. J. Mech. Eng. 25, 745–752 (2012).

125. Dodulad, O. I., Kloss, Y. Y., Savichkin, D. O. & Tcheremissine, F. G. Knudsen
pumps modeling with Lennard-Jones and ab initio intermolecular potentials.
Vacuum 109, 360–367 (2014).

126. Zhang, Z., Wang, X., Zhao, L., Zhang, S. & Zhao, F. Study of flow char-
acteristics of gas mixtures in a rectangular Knudsen pump. Micro-
machines 10, 79 (2019).

127. Ye, J. et al. The hydrogen flow characteristics of the multistage hydrogen
Knudsen compressor based on the thermal transpiration effect. Int. J. Hydrog.
Energy 44, 22632–22642 (2019).

128. Han, Y. L. Working gas temperature and pressure changes for microscale
thermal creep-driven flow caused by discontinuous wall temperatures. Fluid
Dyn. Res. 42, 045505 (2010).

129. Aoki, K., Degond, P., Mieussens, L., Takata, S. & Yoshida, H. A diffusion model
for rarefied flows in curved channels. Multiscale Model. Simul. 6, 1281–1316
(2008).

130. Aoki, K., Degond, P. & Mieussens, L. Numerical simulations of rarefied gases in
curved channels: thermal creep, circulating flow, and pumping effect.
Commun. Comput. Phys. 6, 919–954 (2009).

131. Leontidis, V., Brandner, J. J., Baldas, L. & Colin, S. Numerical analysis of thermal
creep flow in curved channels for designing a prototype of Knudsen
micropump. J. Phys.: Conf. Ser. 362, 012004 (2012).

132. Leontidis, V., Chen, J., Baldas, L. & Colin, S. Numerical design of a Knudsen
pump with curved channels operating in the slip flow regime. Heat. Mass
Transf. 50, 1065–1080 (2014).

133. Bond, D. M., Wheatley, V. & Goldsworthy, M. Numerical investigation of
curved channel Knudsen pump performance. Int. J. Heat Mass Transf. 76,
1–15 (2014).

134. Tatsios, G. et al. Computational investigation and parametrization of the
pumping effect in temperature-driven flows through long tapered channels.
Microfluid. Nanofluid. 21, 99 (2017).

135. Mozaffari, M. S. & Roohi, E. On the thermally-driven gas flow through
divergent micro/nanochannels. Int. J. Mod. Phys. C 28, 1750143
(2017).

136. Graur, I., Veltzke, T., Méolans, J. G., Ho, M. T. & Thöming, J. The gas flow diode
effect: theoretical and experimental analysis of moderately rarefied gas flows
through a microchannel with varying cross section. Microfluid. Nanofluid. 18,
391–402 (2015).

137. Würger, A. Leidenfrost gas ratchets driven by thermal creep. Phys. Rev. Lett.
107, 164502 (2011).

138. Hardt, S., Tiwari, S. & Baier, T. Thermally driven flows between a Leidenfrost
solid and a ratchet surface. Phys. Rev. E 87, 063015 (2013).

139. Chen, J., Baldas, L. & Colin, S. Numerical study of thermal creep flow between
two ratchet surfaces. Vacuum 109, 294–301 (2014).

140. Chen, J., Stefanov, S. K., Baldas, L. & Colin, S. Analysis of flow induced by
temperature fields in ratchet-like microchannels by Direct Simulation Monte
Carlo. Int. J. Heat Mass Transf. 99, 672–680 (2016).

141. Zhu, L. & Guo, Z. Numerical study of nonequilibrium gas flow in a micro-
channel with a ratchet surface. Phys. Rev. E 95, 023113 (2017).

142. Wang, X., Zhang, Z., Zhang, W., Zhang, P. & Zhang, S. Numerical simulation of
thermal edge flow in ratchet-like periodically patterned micro-channels. Int. J.
Heat Mass Transf. 135, 1023–1038 (2019).

143. Baier, T., Hardt, S., Shahabi, V. & Roohi, E. Knudsen pump inspired by Crookes
radiometer with a specular wall. Phys. Rev. Fluids 2, 033401 (2017).

144. Blanchard, D. & Ligrani, P. Slip and accommodation coefficients from rar-
efaction and roughness in rotating microscale disk flows. Phys. Fluids 19,
063602 (2007).

145. Cao, B. Y., Sun, J., Chen, M. & Guo, Z. Y. Molecular momentum transport at
fluid-solid interfaces in MEMS/NEMS: a review. Int. J. Mol. Sci. 10, 4638–4706
(2009).

146. Honig, C. D. & Ducker, W. A. Effect of molecularly-thin films on lubrication
forces and accommodation coefficients in air. J. Phys. Chem. C 114,
20114–20119 (2010).

147. Seo, D. & Ducker, W. A. In situ control of gas flow by modification of gas-solid
interactions. Phys. Rev. Lett. 111, 174502 (2013).

148. Seo, D. & Ducker, W. A. Erratum: In situ control of gas flow by modification of
gas-solid interactions [Phys. Rev. Lett. 111, 174502 (2013)]. Phys. Rev. Lett. 112,
159904 (2014).

149. Seo, D. & Ducker, W. A. Effect of gas species on gas–monolayer interactions:
Tangential momentum accommodation. J. Phys. Chem. C 118, 20275–20282
(2014).

150. Miyoshi, N., Osuka, K., Kinefuchi, I., Takagi, S. & Matsumoto, Y. Molecular beam
study of the scattering behavior of water molecules from a graphite surface.
J. Phys. Chem. A 118, 4611–4619 (2014).

151. Lei, W. & McKenzie, D. R. Enhanced water vapor flow in silica microchannels:
the effect of adsorbed water on tangential momentum accommodation. J.
Phys. Chem. C 119, 22072–22079 (2015).

152. Orhan, M., Ecder, A. & Tezel, A. Thermal creep flow of rarefied gases in
rectangular enclosures: a comparison between the Navier−Stokes and
Burnett models. Prog. Comput. Fluid Dyn. 7, 404–413 (2007).

153. Ohwada, T., Sone, Y. & Aoki, K. Numerical analysis of the Poiseuille and
thermal transpiration flows between two parallel plates on the basis of the
Boltzmann equation for hard-sphere molecules. Phys. Fluids A: Fluid Dyn. 1,
2042–2049 (1989).

154. Loyalka, S. K. & Hickey, K. A. Kinetic theory of thermal transpiration and the
mechanocaloric effect: planar flow of a rigid sphere gas with arbitrary
accommodation at the surface. J. Vac. Sci. Technol. A-Vac. Surf. Films 9,
158–163 (1991).

155. Sharipov, F. Non-isothermal gas flow through rectangular microchannels. J.
Micromech. Microeng. 9, 394 (1999).

156. Muntz, E. P., Sone, Y., Aoki, K., Vargo, S. & Young, M. Performance analysis and
optimization considerations for a Knudsen compressor in transitional flow. J.
Vac. Sci. Technol. A-Vac. Surf. Films 20, 214–224 (2002).

157. Grad, H. On the kinetic theory of rarefied gases. Commun. Pure Appl. Math. 2,
331–407 (1949).

158. Grad, H. Principles of the Kinetic Theory of Gases. In Flügge, S. (ed). Handbuch
der Physik 205–294 (Springer, Berlin, 1958).

159. Struchtrup, H. & Torrilhon, M. Regularization of Grad’s 13 moment equations:
derivation and linear analysis. Phys. Fluids 15, 2668–2680 (2003).

160. Torrilhon, M. & Struchtrup, H. Boundary conditions for regularized 13-
moment-equations for micro-channel-flows. J. Comput. Phys. 227, 1982–2011
(2008).

161. Bhatnagar, P. L., Gross, E. P. & Krook, M. A model for collision processes in
gases. I. Small amplitude processes in charged and neutral one-component
systems. Phys. Rev. 94, 511–525 (1954).

162. Holway, L. H. Numerical solutions for the BGK-model with velocity depen-
dent collision frequency. Rarefied Gas Dyn. 1, 193–215 (1966).

163. Shakhov, E. M. Generalization of the Krook kinetic relaxation equation. Fluid
Dyn. 3, 95–96 (1968).

164. Xu, K. & Huang, J. C. A unified gas-kinetic scheme for continuum and rarefied
flows. J. Comput. Phys. 229, 7747–7764 (2010).

165. Xu, K. & Huang, J. C. An improved unified gas-kinetic scheme and the study
of shock structures. IMA J. Appl. Math. 76, 698–711 (2011).

166. Huang, J. C., Xu, K. & Yu, P. A unified gas-kinetic scheme for continuum and
rarefied flows II: multi-dimensional cases. Commun. Comput. Phys. 12,
662–690 (2012).

167. Huang, J. C., Xu, K. & Yu, P. A unified gas-kinetic scheme for continuum and
rarefied flows III: microflow simulations. Commun. Comput. Phys. 14,
1147–1173 (2013).

168. Chen, S., Xu, K., Lee, C. & Cai, Q. A unified gas kinetic scheme with moving
mesh and velocity space adaptation. J. Comput. Phys. 231, 6643–6664 (2012).

169. Bird, G. A. Molecular Gas Dynamics (Oxford University Press, Oxford, 1976).
170. Bird, G. A. Monte Carlo simulation of gas flows. Annu. Rev. Fluid Mech. 10,

11–31 (1978).
171. Bird, G. A. Molecular Gas Dynamics and the Direct Simulation of Gas Flows

(Clarendon Press, Oxford, 1994).
172. Bird, G. A. Application of the direct simulation monte carlo method to the full

shuttle geometry. In AIAA/ASME 5th Joint Thermophysics and Heat Transfer
Conference 90–1692 (AIAA, Seattle, 1990).

173. Pham-Van-Diep, G., Erwin, D. & Muntz, E. P. Nonequilibriummolecular motion
in a hypersonic shock wave. Science 245, 624–626 (1989).

174. Scanlon, T. J., Roohi, E., White, C., Darbandi, M. & Reese, J. M. An open source,
parallel DSMC code for rarefied gas flows in arbitrary geometries. Comput.
Fluids 39, 2078–2089 (2010).

175. White, C. et al. dsmcFoam+: An OpenFOAM based direct simulation Monte
Carlo solver. Comput. Phys. Commun. 224, 22–43 (2018).

Wang et al. Microsystems & Nanoengineering            (2020) 6:26 Page 26 of 28



176. Aoki, K., Takata, S. & Kugimoto, K. Diffusion approximation for the Knudsen
compressor composed of circular tubes. Abe, T. (ed). In Rarefied Gas
Dynamics: Proceedings of the 26th International Symposium on Rarefied Gas
Dynamics 953–958 (AIP, Kyoto, 2008).

177. Akhlaghi, H. & Roohi, E. Mass flow rate prediction of pressure–temperature-
driven gas flows through micro/nanoscale channels. Contin. Mech. Thermo-
dyn. 26, 67–78 (2014).

178. Kugimoto, K., Hirota, Y., Kizaki, Y., Yamaguchi, H. & Niimi, T. Performance
prediction method for a multi-stage Knudsen pump. Phys. Fluids 29, 122002
(2017).

179. Hobson, J. P. & Salzman, D. B. Review of pumping by thermal molecular
pressure. J. Vac. Sci. Technol. A-Vac. Surf. Films 18, 1758–1765 (2000).

180. Vargo, S. E., Muntz, E. P., Shiflett, G. R. & Tang, W. C. Knudsen compressor as a
micro-and macroscale vacuum pump without moving parts or fluids. J. Vac.
Sci. Technol. A-Vac. Surf. Films 17, 2308–2313 (1999).

181. Yamaguchi, H., Rojas-Cárdenas, M., Perrier, P., Graur, I. & Niimi, T. Thermal
transpiration flow through a single rectangular channel. J. Fluid Mech. 744,
169–182 (2014).

182. Cardenas, M. R., Graur, I., Perrier, P. & Meolans, J. G. An experimental and
numerical study of the final zero-flow thermal transpiration stage. J. Therm.
Sci. Technol. 7, 437–452 (2012).

183. López Quesada, G. et al. Design guidelines for thermally driven micropumps
of different architectures based on target applications via kinetic modeling
and simulations. Micromachines 10, 249 (2019).

184. Faiz, A. & McNamara, S. Mathematical model of a nanoporous thermoelectric
based Knudsen pump. J. Vac. Sci. Technol. A-Vac. Surf. Films 32, 041601 (2014).

185. Young, R. M. Analysis of a micromachine based vacuum pump on a chip
actuated by the thermal transpiration effect. J. Vac. Sci. Technol. B 17, 280–287
(1999).

186. Takata, S. & Umetsu, H. Numerical study on effective configurations of the
Knudsen pump for separation and compression. Levin, D. A., Wysong, I. J. &
Garcia, A. L. (eds). In Proceedings of the 27th International Symposium on
Rarefied Gas Dynamics 998–1003 (AIP, Pacific Grove, 2011).

187. Gupta, N. K., Masters, N. D., Ye, W. & Gianchandani, Y. B. Gas flowing nano-
channels: thermal transpiration models with application to a si-
micromachined Knudsen pump. In Proceedings of the IEEE 14th Interna-
tional Conference on Solid-State Sensors, Actuators and Microsystems
2329–2332 (IEEE, Lyon, 2007).

188. Cheng, Q., Qin, Y. & Gianchandani, Y. B. A bidirectional Knudsen pump with
superior thermal management for micro-gas chromatography applications.
In Proceedings of the IEEE 30th International Conference on Micro Electro
Mechanical Systems (MEMS) 167–170 (IEEE, Las Vegas, 2017).

189. Klein, T. A. Energy Conversion Using Thermal Transpiration: Optimization of a
Knudsen Compressor. Ph.D. thesis (Massachusetts Institute of Technology,
2012).

190. Shao, J. et al. Effect of the microchannel obstacles on the pressure perfor-
mance and flow behaviors of the hydrogen Knudsen compressor. Int. J.
Hydrog. Energy 44, 22691–22703 (2019).

191. Ye, J. et al. Characteristics of thermal transpiration effect and the hydrogen
flow behaviors in the microchannel with semicircular obstacle. Int. J. Hydrog.
Energy 44, 29724–29732 (2019).

192. Rojas-Cárdenas, M., Graur, I., Perrier, P. & Méolans, J. G. Time-dependent
experimental analysis of a thermal transpiration rarefied gas flow. Phys. Fluids
25, 072001 (2013).

193. Rojas Cardenas, M., Graur, I., Perrier, P. & Meolans, J. G. Thermal transpiration
flow: a circular cross-section microtube submitted to a temperature gradient.
Phys. Fluids 23, 031702 (2011).

194. Li, J. & Cai, C. Numerical study on thermal transpiration flows through a
rectangular channel. arXiv:1708.08105 [physics.flu-dyn] (2017).

195. Lord, R. G. Some extensions to the Cercignani–Lampis gas–surface scattering
kernel. Phys. Fluids A 3, 706–710 (1991).

196. Sharipov, F. Application of the Cercignani–Lampis scattering kernel to cal-
culations of rarefied gas flows. III. Poiseuille flow and thermal creep through a
long tube. Eur. J. Mech. B-Fluids 22, 145–154 (2003).

197. Massarotti, N., Nithiarasu, P. & Sarler, B. The effect of gas-surface model on
thermal creep flow. Massarotti, N., Nithiarasu, P. & Sarler B. (eds). In Third
International Conference on Computational Methods for Thermal Problems
503–506 (Slovenia, 2014).

198. Yamaguchi, H. et al. Mass flow rate measurement of thermal creep flow from
transitional to slip flow regime. J. Fluid Mech. 795, 690–707 (2016).

199. Sharipov, F. Rarefied gas flow through a long tube at arbitrary pressure and
temperature drops. J. Vac. Sci. Technol. A-Vac. Surf. Films 15, 2434–2436 (1997).

200. Copic, D., Brehob, E. & Mcnamara, S. Theoretical efficiency of a micro-
fabricated Knudsen pump. In Proceedings of the IEEE 17th Biennial University/
Government/Industry Micro/Nano Symposium 107–110 (IEEE, Louisville, 2008).

201. Copic, D. & McNamara, S. Efficiency derivation for the Knudsen pump with
and without thermal losses. J. Vac. Sci. Technol. A-Vac. Surf. Films 27, 496–502
(2009).

202. Copic, D. A Mems Knudsen Pump for High Gas Flow Applications. Master's
Thesis (University of Louisville, 2008).

203. Baier, T., Dölger, J. & Hardt, S. Energy harvesting through gas dynamics in the
free molecular flow regime between structured surfaces at different tem-
peratures. Phys. Rev. E 89, 053003 (2014).

204. Gupta, N. K. A Motionless Gas Micropump Using Thermal Transpiration in Bulk
Nanoporous Materials. Ph.D. thesis (University of Michigan, 2010).

205. Van Toan, N., Inomata, N., Trung, N. H. & Ono, T. Knudsen pump produced via
silicon deep RIE, thermal oxidation, and anodic bonding processes for on-
chip vacuum pumping. J. Micromech. Microeng. 28, 055001 (2018).

206. Ochoa, F. & Ronney, P. D. A thermal transpiration-based self-pressurizing
mesoscale combustor. Frechette, L. G. (ed). In Proceedings of the 6th Inter-
national Workshop on Micro and Nanotechnology for Power Generation and
Energy Conversion Applications (Berkeley, 2006).

207. Bhat, A., Bloomquist, C., Ahn, J., Kim, Y. & Kim, D. Thermal transpiration based
micro-scale pumping and power generation devices. In 7th International
Energy Conversion Engineering Conference 4561 (AIAA, Denver, 2009).

208. Wang, K., Zeng, P., Ahn, J. & Ronney, P. D. A self-sustaining thermal tran-
spiration gas pump and SOFC power generation system. Proc. Combust. Inst.
34, 3327–3334 (2013).

209. Zeng, P., Wang, K., Ahn, J. & Ronney, P. D. Thermal transpiration based
pumping and power generation devices. J. Therm. Sci. Technol. 8, 370–379
(2013).

210. Wongwiwat, J., Bhuripanyo, P. & Ronney, P. Hydrocarbon-fueled electrical
power generator with no moving parts. In AIAA Scitech 2019 Forum 2372
(AIAA, San Diego, 2019).

211. Liu, J., Gupta, N. K., Wise, K. D., Gianchandani, Y. B. & Fan, X. Demonstration of
motionless Knudsen pump based micro-gas chromatography featuring
micro-fabricated columns and on-column detectors. Lab Chip 11, 3487–3492
(2011).

212. Qin, Y. & Gianchandani, Y. B. A facile, standardized fabrication approach and
scalable architecture for a micro gas chromatography system with integrated
pump. In Proceedings of the 17th International Conference on Solid-State
Sensors, Actuators and Microsystems 2755–2758 (IEEE, Barcelona, 2013).

213. Qin, Y. & Gianchandani, Y. B. iGC1: an integrated fluidic system for gas
chromatography including Knudsen pump, preconcentrator, column, and
detector microfabricated by a three-mask process. J. Microelectromech. Syst.
23, 980–990 (2014).

214. Qin, Y. & Gianchandani, Y. B. A micro gas chromatograph with integrated bi-
directional pump for quantitative analyses. In Proceedings of the IEEE 27th
International Conference on Micro Electro Mechanical Systems 294–297 (IEEE,
San Francisco, 2014).

215. Qin, Y. & Gianchandani, Y. B. iGC2: An architecture for micro gas chroma-
tographs utilizing integrated bi-directional pumps and multi-stage pre-
concentrators. J. Micromech. Microeng. 24, 065011 (2014).

216. Qin, Y. & Gianchandani, Y. B. An all electronic, fully microfabricated micro gas
chromatograph. In Proceedings of the IEEE 18th International Conference on
Solid-State Sensors, Actuators and Microsystems 626–629 (IEEE, Anchorage,
2015).

217. Qin, Y. & Gianchandani, Y. B. A fully electronic microfabricated gas chroma-
tograph with complementary capacitive detectors for indoor pollutants.
Microsyst. Nanoeng. 2, 15049 (2016).

218. Martini-Laithier, V. et al. Ammonia detection by a novel Pyrex microsystem
based on thermal creep phenomenon. Sens. Actuator B-Chem. 192, 714–719
(2014).

219. Pennetta, R., Xie, S. & Russell, P. S. J. Tapered glass-fiber microspike: high-Q
flexural wave resonator and optically driven Knudsen pump. Phys. Rev. Lett.
117, 273901 (2016).

220. Bell, A. D. Human Powered Knudsen Pump for Pneumatic Pharmaceutical
Delivery. Master’s Thesis (University of Louisville, 2013).

221. Bell, A. D., Ehringer, W. D. & McNamara, S. Scavenged body heat powered
infusion pump. J. Micromech. Microeng. 23, 114019 (2013).

Wang et al. Microsystems & Nanoengineering            (2020) 6:26 Page 27 of 28



222. Wang, X., Lu, W., Mo, Q., Xing, P. & Xu, Z. A kind of refrigerant system design
combined with Knudsen compressor and vortex tube. In Proceedings of the
2018 International Conference on Civil and Hydraulic Engineering 022064 (IOP,
Qingdao, 2018).

223. Kugimoto, K., Hirota, Y., Yamauchi, T. & Iwata, R. Thermal transpiration flow
heat pump. US Patent US15158010 (2016).

224. Kugimoto, K., Hirota, Y. & Kizaki, Y. Motionless heat pump—a new application
of thermal transpiration. Ketsdever, A. & Struchtrup, H. (eds). In Proceedings of
the 30th International Symposium on Rarefied Gas Dynamics 080004 (AIP,
Victoria, 2016).

225. Kugimoto, K., Hirota, Y., Yamauchi, T., Yamaguchi, H. & Niimi, T. A novel heat
pump system using a multi-stage Knudsen compressor. Int. J. Heat Mass
Transf. 127, 84–91 (2018).

226. Kugimoto, K., Hirota, Y., Yamauchi, T., Yamaguchi, H. & Niimi, T. Design and
demonstration of Knudsen heat pump without moving parts free from
electricity. Appl. Energy 250, 1260–1269 (2019).

227. Zhang, P. & Du, R. X. Design and analysis of a new energy harvesting device
based on Knudsen effect. Nanotechnology 2009: Biofuels, Renewable Energy.
Nanotechnol. 2009: Biofuels, Renewable Energy, Coat., Fluid Compact Modeling
3, 165–168 (2009).

228. Zhang, P. & Du, R. X. A new energy harvesting method based on Knudsen
compressor. Guo, L., Joseph, D. D., Matsumoto, Y., Sommerfeld, Y. &
Wang, Y. (eds). In Proceedings of the 6th International Symposium on
Multiphase Flow, Heat Mass Transfer And Energy Conversion 551−556 (AIP,
Xi’an, 2010).

229. Kitamura, M. et al. A study of promotion of sublimation phenomenon of
freeze drying by using thermal edge flow. Trans. Japan Soc. Mech. Engrs B 75,
1642–1648 (2009).

230. Takata, S., Sugimoto, H. & Kosuge, S. Gas separation by means of the Knudsen
compressor. Eur. J. Mech. B-Fluids 26, 155–181 (2007).

231. Kosuge, S. & Takata, S. Database for flows of binary gas mixtures through a
plane microchannel. Eur. J. Mech. B-Fluids 27, 444–465 (2008).

232. Nakaye, S. Studies on a Thermal Method of Gas Separation with Porous
Membrane. Ph.D. thesis (Kyoto University, 2016).

233. Sugimoto, H. & Shinotou, A. Gas separator with the thermal transpiration in a
rarefied gas. Levin, D. A., Wysong, I. J. & Garcia, A. L. (eds). In Proceedings of the

27th International Symposium on Rarefied Gas Dynamics 784–789 (AIP, Pacific
Grove, 2011).

234. Sugimoto, H. & Hibino, M. Numerical analysis on gas separator with thermal
transpiration in micro channels. Mareschal, M. & Santos, A. (eds). In Pro-
ceedings of the 28th International Symposium on Rarefied Gas Dynamics
794–801 (AIP, Zaragoza, 2012).

235. Nakaye, S. & Sugimoto, H. Numerical analysis of gas separator with
thermal transpiration in micro channels II. Fan, J. (ed). In Proceedings of
the 29th International Symposium on Rarefied Gas Dynamics 792–798
(AIP, Xi'an, 2014).

236. Matsumoto, M., Nakaye, S. & Sugimoto, H. Gas separation by the molecular
exchange flow through micropores of the membrane. Ketsdever, A. &
Struchtrup, H. (eds). In Proceedings of the 30th International Symposium on
Rarefied Gas Dynamics 080011 (AIP, Victoria, 2016).

237. Kosyanchuk, V., Kovalev, V. & Yakunchikov, A. Multiscale modeling of a gas
separation device based on effect of thermal transpiration in the membrane.
Sep. Purif. Technol. 180, 58–68 (2017).

238. Chen, L. & TabibAzar, M. Quartz resonator based gas mass spectrometry. In
Proceedings of IEEE Sensors 740–742 (IEEE, Limerick, 2011).

239. Sugimoto, H. Experiment on the gas separation effect of the pump driven by
the thermal edge flow. Abe, T. (ed). In Proceedings of the 26th International
Symposium on Rarefied Gas Dynamics 1123–1128 (AIP, Kyoto, 2008).

240. Yakunchikov, A. N. & Kosyanchuk, V. V. Simulation of free-molecular
and transition multicomponent gas flow through the system of fila-
ments with different temperatures. In Proceedings of the 25th Inter-
national Conference on Vacuum Technique and Technology 012083
(IOP, St. Petersburg, 2018).

241. Yakunchikov, A. N. & Kosyanchuk, V. V. Numerical investigation of gas
separation in the system of filaments with different temperatures. Int. J. Heat
Mass Transf. 138, 144–151 (2019).

242. Grzebyk, T., Górecka-Drzazga, A. & Dziuban, J. A. Improved ionization effi-
ciency in MEMS-type ion-sorption micropump. In 29th International Vacuum
Nanoelectronics Conference (IVNC) 1–2 (IEEE, Vancouver, 2016).

243. Grzebyk, T., Knapkiewicz, P., Szyszka, P., Górecka-Drzazga, A. & Dziuban, J. A.
MEMS ion-sorption high vacuum pump. J. Phys.: Conf. Ser. 773, 012047
(2016).

Wang et al. Microsystems & Nanoengineering            (2020) 6:26 Page 28 of 28


	Knudsen pumps: a review
	Introduction
	Flow mechanisms of thermally induced flow and classifications of KPs
	Flow mechanisms of thermally induced flow
	Thermal creep flow
	Thermal stress slip flow and (nonlinear) thermal stress flow
	Thermal edge flow and radiometric flow

	Classification of KPs
	Thermal creep flow KP
	Thermal edge flow KP
	Radiometric flow KP


	Configurations of KPs and computational approaches
	Thermal creep flow KP configuration
	Thermal edge flow KP configuration
	Radiometric flow KP configuration
	Computational approaches

	KP performance research
	Pressure characteristics
	Flow rate characteristics
	Relation between pressure and flow rate
	Efficiency characteristics

	Research on KP applications
	Vacuum generation
	Fluid delivery
	Gas separation

	Discussions and outlook
	Exploring new KPs
	Improving KP performance
	Expanding the applications of KPs

	Conclusions
	Acknowledgements




