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female parent (Anantagiri strain) to facilitate testing of a much larger
number of male gametes. But clipping of male spikelets in the female
parent was discontinued about half way through the flowering season.
From 28 diploid plants, a total of 4882 seeds have been harvested. These
were space planted in seed beds in the following year. Of the 3038 seedlings
developed from these, 342 showed purple base. All seedlings with green
base, which were obviously the result of mating among individuals of the
Anantagiri strain, were pulled out. Since glabrous condition of the leaf
is the critical observation for detecting androgenesis, purple based seedlings
were allowed to grow 4 to 8 weeks in the nurseries by which time the hairiness
of leaf would be apparent. On examination all these plants had leaves with
short hairs indicating that they were triploids. Non-occurrence of andro-
genesis in this experiment together with the unpublished information on
interspecific crosses between C. aguatica (n = 5) and tetraploid Job’s tears,
with the latter as male, where also androgenesis was not observed reveals that
male parthenogenesis in tetraploid Job’s tears is not an event of frequent
occurrence. Because of the gene markers involved, its chance occurrence in
the first experiment could be identified which otherwise might have escaped
attention.

Acknowledgments.—1 am grateful to Professor J. Venkateswarlu for encouragement and
facilities,

4. REFERENCES

CHASE, s. 5. 1969. Monoploids and monoploid-derivatives of maize (Zea mays L.). Bot.
Rev., 35, 117-167.

DAVIES, D. R. 1958. Male parthenogenesis in barley. Heredity, 12, 493-498,

KIMBER, G., AND RILEY, R. 1963. Haploid angiosperms. Bot. Rev., 29, 480-531.

MAGOON, M. L., AND KHANNA, K. R. 1963. Haploids. Carylogia, 16, 191-235.

NON-ALLELIC INTERACTION IN CONTINUOUS VARIATION
OF RANDOMLY BREEDING POPULATIONS

KENNETH MATHER
Department of Genetics, University of Birmingham
Received 25.1.74

SUMMARY

The consequences are considered of digenic interactions for the variances
and covariances commonly estimated from randomly breeding populations.
The interaction affects the constitutions of Dp and Hg as well as introducing
new quadratic terms by which, in principle, its presence can be detected. In
practice the chief consequence of interaction is likely to be to alter the apparent
values of Dg and Hp as estimated from the variances and covariances.

1. COMPONENTS OF VARIATION

In the descendants of the cross between true breeding lines, or its
equivalent, it has been shown that non-allelic interaction has a two-fold
effect on the genetical components of continuous variation (see Mather and
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Jinks, 1971, whose notation is used here). In the first place the terms in
D = §(d%) and H = S(h?), measuring variation due to additive and domin-
ance effects of the genes, have added to them terms in I = $(:%), 7 = S(j?)
and L = §(/%), which depend on hom Xhom, hom xhet and het x het
interactions respectively. In first rank variances and covariances these
terms appear with coeflicients which are the products of the coefficients of the
relevant main terms, i.e. I takes a coefficient which is the square of that of
D, 7 one which is the product of the D and H coefficients and L one which is
the square of that of H. Thus the genetical component of variation in the
F,is

Vire = $D+1H+H+§7+ 161
the variance of /'y means is
Vips = $D+JH+H+ 557 + 3kl
and the covariance of F, parent and F; mean is
Wipes = $D+3H+ 3+ 167 + 3L

This relation, however, no longer holds with variances and covariances of
higher rank, the mean variance of F; families, for example, being

Vops = ¥D+3H + %I ++%5] +45L.

The second effect of this interaction is to change the definitions of D and
H. IntheF, they become D = S, (d,+% Sy ju)® and H = S, (hy+% Sy l55)?
where S, j,, indicates the sum of Jam Jac-Jax and S, l o is similarly
lyp+ 14 + 1, where there are £ genes in the system. Thesc definitions are
not, however, invariable: they change with the generation, becoming
for example D = S, (d,+ 1 S,ju)? and H = S, (h,+} S, [,)? in both the
variances of F,. Thus the contribution of the various genes to the additive
and dominance variation are no longer absolute, in the forms of 4% and 42, but
have become conditional on the interactions they display, the degree to which
they are affected by these interactions depending on the genetical structure
of the population and in particular on the proportion of homozygotes and
heterozygotes it carries.

Even in the absence of interaction, the additive and dominance com-
ponents of variation, Dg and Hp, are more complex in randomly breeding
populations where the gene frequencies are in general unequal (Mather and
Jinks, loc. cit.) Not only do their values depend on the gene frequencies,
but the so-called additive variation includes a component from dominance,
with

DR =S, {4uava[da - (ua - va)ha]z} and Hp = S, [16742”2/12

which, of course, reduce to the standard forms D = S, (d2) and H = S, (h3)
when u = v for all genes, as in F, and the generations derived from it.

Non-allelic interaction again has a two-fold effect on the components of
variation in a randomly breeding population, though not surprisingly
these are more complex than in an F, and its descendants. These effects,
whose derivation is algebraically tedious rather than difficult, are set out in
table 1, which gives the compositions in terms of Dg, Hg, Ir, Jr and Lg 0o
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different variances and covariances commonly calculated from observa-

tions in populations, and table 2 which gives the definitions of Dg, Hg, Ir, 7r

and Lg. The two-gene case was worked out and gave as its components

Dr = 4uava{ [da + Qubvb._iab + (ub - vb) _iub] - (ua - Urz) [ha + (ub - Ub)jba + 2ubvblab] }2
+ 4ubvb{ [db + 2uavajba + (ua - va) lab] - (ub - vb) [hb + (ua - Ua)Jab + 2uaualab] }2

HR 1 6”;”:[]111 + (ub - Ub)jba + fzubvblab}2 + lsugvg[hb + (ua - va)jab + 2uavalab] 2

IR =1 6uava"‘bvb[iab - (ub - Ub)jub - (ua - va)jba + (ua - va) (ub - vb) lab] 2

]R = 64uavaugv§[jab - (ua - va) lab] 2 + 64ugvgubvb[jba - (ub - Ub)lab] 2

Lp = 256ulviufvil?,.

These were then generalised to give the definitions shown in table 2. This

table also sets out the components in F, (and in the S; generation derived

from it by random pair matings) which is the special case where all gene
frequencies are equal. These F, components agree of course with those

TaBLE 1

The structure of variances and covariances in randomly breeding populations

Statistic Structure
Variance of population Ve = $Dr+3}Hr +}Hr+4iJr+ &Lr+E
Covariance of parent and offspring Wpo = }Dg + #1r
Covariance of full-sibs Wrs = }Dr+ fsHr+ fsIr+55Fr+sslr
Covariance of half-sibs Wys = $Dr 1r
Variance of Sibship means V]SR = 1Dp+ ﬂ;HR+ —ﬂ;lg-l—-e%]}a-i- géaLR+Eb
Mean variance of sibships Vosr = ¥Dr+&Hr+ S5 Ir+ & Fr+&%Lr+ Ey

The contributions from non-heritable variation are denoted by E, Ey, and Ep. Ey is the
non-heritable variance within a sibship family while Ej reflects the effects of any common
factors in the environments of members of the same family (the common family environment).
E will be compounded of E, and Ej, its composition depending on the average size of the
sibships of which the population is made up.

derived directly from the F, as listed by Mather and Jinks. It should be
noted too that the components as they appear in a randomly breeding
population are the same as those Mather and Jinks (Table 96) record for
the two-gene case in diallel crosses.

The basic structures of the variances and covariances set out in table 1
are the same as for those derivable from an F, and its S, generation, as
indeed is to be expected since the latter are but the special case of the former
where all u = all v = 4. The relations of the coefficients of I, ¥ and L to
those of D and H which we have already noted in first rank variances and
covariances from F, and its derivatives also hold with randomly breeding
populations; and again as before they are lost in variances and covariances
of higher rank. We may note too that any variance or covariance, of what-
ever rank, which carries a term in D also carries one in Ig, while 7z and Lg
also appear wherever Hp enters in. It is thus not easy to separate I from Dg
or fr from Hg. In principle the difference between the parent-offspring
covariance and twice that of half-sibs offers a means of estimating I, since

Wpo—2Wgs = (4Dr+ 45Ir) —2(3Dr+¢&Ir) = +Ir;

but this is hardly likely to be a sensitive test unless the two covariances
are known with some precision and there is no comparable disturbance
from such other factors as maternal effects, assortative mating or selection.
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Hrp+}7r+4Lr can be found as the difference between Wpo and
Wrs,the covariance of full-sibs, but this comparison does not separate
Jrand Lgfrom Hg. Again in principle this might be approached by finding

Vosr=Visr—2Wrs—2Wpo+8Wus = {sfr+&Lr+ (Ey—Ep).

Then if we have an external means of evaluating E,,— E, (such as could be
provided by a suitably designed experiment) an estimate of g+ $Lg could
be obtained. Vg—2V;gpor 2V,5r — Vg could be used in place of Vygp— Vigr
or Wrs could be substituted for V;gp; but the difficulties would not be
overcome as there would always remain the need to estimate an appropriate

TaBLE 2

Definitions of Dr, Hr, Ir. Jr and Ly in a randomly breeding population. The special case of Fy, where all gene
Srequencies are equal, is included for comparison

Component Randomly breeding population F,
Dgr Sattgva{[da+28b(upvpjab) + So(Us — vbias) ] — (ta—va)
[/ + So(uo—vojva) + 280 (usvblan)]}  Sa(da+34Sajan)®
Hg Sal6uzuv3[ha+ So(uv— vujva) + 280 (uvvlas) ] Sa(ha+3Selan)®
/R Sab16tavatubvsiab— (b — Vb)jab— (ta — va) joa+ (%o — Va) (o —Vb)lab]® Sav(lyp)
Jr Sar64{t,0,1305] jab — (ta — va)lav]® + uzUgusve] joa — (46— vs)lab)*} Sav(j'¢s+Ja)
Lr Sap256uluivlz, Sav(lan)

Sa indicates summation over all genes.
Sy indicates summation over all genes interacting with A-a.
Sap  indicates summation over all pairs of interacting genes.

non-heritable component before 7r+ Lz could be estimated. Furthermore
as with the estimate of Ig, any of these comparisons would be uninformative
unless the values of the variances and covariances were known with some
precision and there were no sources of comparable disturbance.

Where the population can be investigated experimentally there is the
prospect of coping with the problems raised by non-heritable variation.
At the same time the situation may not be eased materially in other respects.
Thus the North Carolina designs I and II yield statistics which raise the same
difficulties in separating the interactive from the main components of varia-
tion. Kearsey and Jinks (1968) triple test cross can, however, give more
direct information about the interactions, since if the appropriate lines are
available for making the test crosses, in the two gene case the mean of their
L,+L,~2L, comparisons yields an estimate of

% Sab [iab - (ub - vb)jab - (ua - Z)a)jba + (ua - va) (ub - Z)b) lab]
and the variance of these comparisons gives an estimate of

% Sa‘b {ubvb[jgb - (ua - va) lab]2 + uava[jba - (ub _ vb) lab]2 + uavaubl{bpab}'
If experimental inbreeding and subsequent crossing can be practised further
possibilities are of course opened up, including the use of comparisons among
means in addition to a wider range of comparisons among second degree
statistics.

32/3—2D*
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2. EFFECTS OF SELECTION

Since Ig appears with Dy even though not always with the same balance
of coefficients, and g and Lg similarly appear with Hp, their effects will be
to alter the estimates of Dg and Hpg obtained from the data if these do not
allow isolation of the interactions. The interactions will also, as we have
seen in table 2, affect the values of Dg and Hfg by internal modification of
these components. The precise alterations they will make in this way will
depend on the magnitudes and signs of the various ¢, j and /, and also on the
relevant gene frequencies. Two particular cases are worthy of mention.
It has been argued by Mather (1960) and by Breese and Mather (1960)
that stabilising selection for a character will tend to produce ambidirectional
dominance and interaction, if it produces interaction at all, while directional
selection will tend to produce unidirectional dominance and duplicate type
interaction (see Mather, 1973). With a character under stabilising selection,
measured on an appropriate scale, we would expect k, %, j and [, averaged
over all genes in the system to tend towards 0; but with a character under
directional selection £ would tend to be positive and #, j and [ all negative
(Mather and Jinks, 1971). Furthermore since under stabilising selection
neither the + allele nor the — allele at any locus has an unconditional
advantage over the other, we might expect the average value of u —v taken
over all genes to tend to O also. With directional selections where the
+allele has a general advantage over its — fellow, we might expect the
average of u—uv taken over all genes to be positive.

Applying these expectations to the composition of Dg and Hp, set out in
table 2, stabilising selection would give a situation where the contribution
of &, ¢, j and / to D would tend to vanish and leave D, as dépending chiefly,
indeed almost entirely, on S, (d7) though reduced somewhat in overall value
by the fact that even where, with unequal « and », 7 and 7 tend to }, the
average of 4uv will still be less than 1. In the same way Hg would be largely
a measure of S, (42) though biassed downwards by the mean of 16422 being
less than 1.

With duplicate interaction on the other hand, the terms in S, (z— )
and 2 S, (uvl) would be preponderantly negative and so reduce the value of

Hp while 2 S, (uyj) and S, (u—ui) would similarly tend to reduce the value
of Dg. True the effect on the dominance portion included in Dg would
tend to be positive and so to raise the value of Dp itself, but with a coefficient
of (u—v) is hardly likely to offset the reduction springing from the d part of
Dpg. While the ascertainable values of Dg and Hg would thus tend to be
lowered, Ir and g would tend to be raised and insofar as they were con-
founded with Dp and Hpg respectively in estimation they would tend to
offset the reductions in Dg and Hg themselves; but the coefficients of Iz and
Jr are so much lower than those of D and Hpg in the various statistics
(table 1) that the overall effect should still be a reduction in the apparent
values of Dp and Hr. We should note too that the interactions included
in Dp and Hpg are summed over all interacting genes in their effects on the
contributions of any pair of alleles to the additive and dominance variation,
with the consequence that the more interacting pairs of genes there are in
the system the less the magnitude of the interaction between any pair need
be to achieve a given reduction. In Ir and 7 the interactions do not sum
in the same way.
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With duplicateinteraction reducing theapparent additive and dominance
components in this way, we would expect that, other things being equal, the
genetical contribution to the variance of the character in the population
would be lower and its heritability to be consequently smaller. Overall
therefore, so-called fitness characters, which must be under predominantly
directional selection, should have lower heritabilities than non-fitness
characters, which must experience a corresponding predominance of
stabilising selection. These expectations accord with the heritabilities
recorded by Falconer (1960, table 10.1) for various characters in a number of
domestic and laboratory animals.
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