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THE BRITISH ASSOCIATION. 

NEWCASTLE-ON-TYNE, Tuesday Ei1ening. 

AMID much that has been stale and dull, the pre,ent 
meeting has not been without excitement. The 

discussions on heredity and Darwinism in D, Mr. Du 
Chaillu's attempt to make the Vikings responsible for the 
English-speaking peoples, and Dr. Nansen's ap~earance 
in several Sections, have all helped to keep the Sectional 
work alive, not to speak of the considerable number of 
papers of special scientific interest. Of the Sectional 
addresses, those of Prof. Geikie, Mr. Anderson, and Mr. 
Edgeworth are most spoken of for novelty and interest, 
the latter, curiously, for the touches of fun, if not humour, 
that the author succeeded in imparting into what seems 
at first sight a dry subject. 

As to Newcastle itself, everybody is satisfied with the 
treatment this young city has accorded to the Association, 
and everybody is pleased to see the footing which science 
is getting in the place in the splendid new Science and 
Medical Schools. It is, moreover, gratifying that, in a 
district where the practical applications of science are 
everything, distinct acknowledgment should have been 
made of the value and indispensability of pure scientific 
research. This was done on two occasions : first, in the 
admirable speech of the Mayor (of whom all speak well) 
at the magnificent banquet given by Lord Armstrong; 
and again before an audience of_ over 3000 workin_g i:nen 
in the Drill Hall, when the various trades assooat1ons 
presented an address to Prof. I:Iower, before Mr. B~ker 
o-ave his lecture on the Forth Bridge, a nd thus recogmzed 
fhat only as the result of long series of complicated 
researches, undertaken solely for themselves, has the 
accomplishment of such a stupendous undertaking been 
possible. It goes without saying, that :VIr. Baker's lecture 
was a marked success ; it is difficult to describe the 
enthusiasm evoked from an enormous audience keenly 
capable of appreciating the points. It was stated that 
over 8000 applications had been made for tickets, when 
only 3500 could be allotted. 

The social arrangements have been all that could be 
wished. It would be difficult to convey any idea of the 
thoughtful arrangements that have been made in many 
cases to secure the comfort and enjoyment of the visitors, 
and especially for the hard-worked officials of the Associa
tion. The banquets, receptions, conversaziones, and 
other similar features, have been many and excellent ; 
while no fault could be found with the excursions : that to 
Durham on Saturday gave pleasure to all who joined it, 
especially to those who were privileged to sit down to the 
substantial luncheon in the grand old Castle. At the 
Cathedral service afterwards, it was interesting to see the 
Sectional Secretaries sitting humbly in the chancel, and 
a few eminent Presidents of Sections exalted to the stalls 
of Canons and Prebends. 

At the General Committee Meeting yesterday there 
was unusual excitement. These meetings are generally 
scantily attended ; but, from the crowd which filled the 
room and hovered around the doors, it was evident that 
mischief was brewing. After other business was trans
acted it was announced, to the evident regret and pain 
of ev~ryone, that Mr. At_chison cou_ld no !onger, owing to 
ill-health continue to discharge his duties as Secretary, 
and that' a successor would have to be appointed. Mr. 
Atchison's popularity with the Association was evident 
from the enthusiasm exhibited in the proposed votes of 
thanks accorded him. The name of the candidate selected l 
by the Council for the approval of the meeting was then 
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announced, and supported by Prof. Garnett and others. 
But opposition to the selection was immediately an
nounced. It is unnecessary to report in deta il what will 
probably be found in the daily papers; but it was evident 
that there was widespread dissatisfaction with the con
duct of the Council. No one had any especial objection 
to this candidate, although he had never had q,ny con
nection with the Association; but it was felt that the 
Council had acted unwisely in passing over certain other 
candidates who were of eminence in science and had had 
long experience of the workings of the Associatio~. After 
many proposals had been made, and much excitement 
manifested, it was at last, almost unanimously, decided 
to reappoint Mr. Atchison, and authorize the Council to 
provide whatever assistance should be necessary. Hap
pily, Mr. Atchison said he was willing to agree to this 
proposal, and so the incident ends at present. But it 
was expected that the matter might ha\'e gone further, 
and the whole subject of the constitution of the Associa
tion discussed, and the advisability of conforming it to 
existing conditions. Happily, such a discnssion has 
been postponed: it would have been unwise to continue 
it in connection with so personal a matter. 

At the same meeting, the invitation from Cardiff was 
accepted for 1891, while that fro,n Edinburgh will no 
doubt be accepted for 1892. The meeting at Leeds, 
beginning on September 3 next year, will be presided over 
by Sir Frederick Abel. · 

It is impossible not to state, what all feel, that the 
success of the present meeting has been largely due to 
Prof. Merivale, who has been ably supported by Dr. 
Bedson, Dr. Dunn, and other members of the Local Com
mittee. That the attendance (2431) is something like a 
thousand below the last Newcastle meeting, and still less 
than the Manchester meeting two years ago, is not sur
prising. Not only are the Paris Exhibition and the many 
Conferences being held in connection therewith a powerful 
counter-attraction, but there were in 1863 special local 
reasons for raising the attendance to so high a figure. 

The following is the list of grants to be s,1bmitted to the 
meeting of the General Committee to-morrow :-

A.-Mathematfrs and Ph; ,sic .,, 

Differential Gravity Meter ... 
Electro-optics ... 
Calculating Mathematical Tables 
Seismological Phenomena of Japan ... 
Pellian Equation Tables 
Electrical Standards 
Electrolysis 

B.-Clumistry. 

Prooerties of Solutions .. . 
Analysis of Iron and Steel .. . 
Isomeric Naphthalene Derivatives 
Silent Discharge of Electricity 
Methods of Teaching Chemistry 
Absorption Spectra ... . .. . .. 
Recording the Results of Water Analysis 
Oxidation of Hydracids in Sunlight. .. 

C.-Ceology. 

Erratic Blocks 
Volcanic Phenomena of Vesuvius 
Fos,il Phyllopoda 
Geological Record 
U ndergrouud Waters 
Excavations at Oldbury Hill 
Cretaceous Polyzoa ... 
Geological Photographs 
Lias Beds of Northamptonshire 

V 

£ 
10 

50 
25 
75 
15 
50 
5 

!O 

10 

15 
5 

IO 

JO 
IO 

15 

IO 

20 
20 

JOO 

5 
15 
IO 
10 
2' J 
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D.-Bio.'o,f)'· 

Botanical Station at Peradeniya 
Deep-sea Tow-net 
N aples Zoological Station 
West India Islands 
Marine Biological A,sociation 

F. - Econ,'llzic Science a11d Statistics. 

M~netary Standard 
Precious Metals in use as i\Ioney 

C.-.Jiecltanical Scieuce. 

\\'aves anrl Currents in Estuaries 
Graphic Methods in Mechanical Science 

lf.-Antlt, o/ologJ'· 

N orth-Wes tern Tribes of Canada ... 
EfTect of Occupations or, Physical De velopment 
Anthropological Notes and Queries 
Anthropometric Calculations 
Nomad Tribes of Asia Minor 
Natives of India 

Corresponding Sodeti ~s 

T otal 

SECTION C. 

GEOLOGY. 
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OPENING ADDRESS BY PROF. J A~lES GE!KlE, LLD., F.R.SS. 
L. & E., F.G-.S., PRES ID ENT OF THE SECTIOX. 

THE President of this Section must often have some diffi
culty in selecting a subject for his address. It is no longer 
possible to give an interesting and inst ructi ve summary of the 
work done by the devotees of our science during even one year. 
So numerous have the students of geological science become
so fert ile are the fields they cultivate-so abundant the harvests 
they reap-that one in my present position may well despair of 
being able to take stock of the numerous additions to our know
ledge which have accumulated within the last twelve months. 
Neither is there ally burning question which at this time your 
President need feel called upon .to discuss. True, there are con
troversies tbat are likely to remain unsettled for years to come
there are still not a few matters upon which we must agree to 
differ-we do not yet see eye to eye in all things geological. 
But experience has shown that as years advance truth is 
gradually evolved, and olcl controversies die out ; and so doubt
less it will con , inue to be. The day when controversies shall 
cease, however, is yet, I hope, far in the fu ture ; for should that 
dull and unhappy time ever arrive, it is quite certain that 
mineralogists, petrologists, palreontologists, and geologists shall 
have died out of the "orld. Folio" ing the example of many 
of my predecessors, I shall confine my remarks to certain ques
tions in which I have been specially interested . And in doing 
so I shall endeavour to steer clear, as far as I can, of contro
versial matters. My purpose, then, is to give an outline of some 
<if the results obtained during the last few years by Continental 
workers in the domain of glacial geology. 

Those who are not geologists will probably smile when they 
hear one declare that wielders of the hammer are extremely con
servative-that they are slow to accept novel views, and very 
tenacious of opinions which have once found favour in their eyes. 
Nevertheless, such is the case; and well for us that it is so. How
ever· captivating, however imposing, however strongly supported 
hy evidence a new view may appear to be, we do well to 
criticize, to sift the evidence, and to call for more facts and t:x
periments, if such are possible, until the proofs become so strong 
as to approach as near a demonstration as geologists can in most 
cases expect such proofs to go. The history of our science, and 
indeed of most sciences, affords abundant illustration of what 
I say. How many long years were the views of sub-.1crial 
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erosion, as taught by Hutton and Play(air, canva~sed and con
troverted before they became accepted ! And even after their 
general soundness had been established, how often have we 
heard nominal disciples of these fathers of physical geology 
refuse to go so far as to admit that the river-valleys of our islands 
have been excavated by epigene agents? If, as a rule, it takes 
some time for a novel view to gain acceptance, it is equally true 
that views which have long been held are only with difficulty 
discarded. Between the new and the old th ere is a constant 
st, u_;gl e for existence, and if the latter should happen to survive, 
it is only in a modified form. I have often thought that a history 
of the evolution of geological theories would make a very enter
taining and instructive work. We should learn from it, amongst 
other things, that the advance of our science has not always. 
been continuous-now and again, indeed, it has almost seemed 
as if the movement had been retrograde. Knowledge has not 
come in like an overwhelming flood-like a broad maj estic river 
- but rathe r like a gently-flowing tide, now advancing, now re
tiring, bu t ever, upon the whole, steadily gaining ground. The· 
history I speak of would also teach us that many of ths: general 
views and hypotheses which have been from time to time aban
doned as unworkable are hardly deserving of the reproach anct 
ridicule which we in these latter days may be inclined to cast 
npon them. As the Scots proverb says, "It is easy to be wise 
behindhand." It could be readily shown that not a few dis
carded notions and opinions have frequently worked for good, 
and have rather stimulated than checked inqui ry. Such reflec
tions should be encouraging to every investigator, whether he 
be a defender of the old or an advoca te of the new. Time tries 
a ll, and each worker may claim a share in the final establishment 
of the truth. 

Perhaps there is no department of geological inquiry that has
g iven rise to more controversy than tha t which I have selected· 
for the subjec t of this address. H ardly a single step in advance 
has bee n taken without vehement opposition. But the din of 
contending sides is not so loud now-'--the dust of the conflict has 
to some ex tent cleared away, and the positions which have been 

-iost or maintained, as the case may be, can be readily discerned. 
T he glac'alist who can look back over the last twenty-five years 
of wordy conflict has every reason to be jubilan t and hopeful.. 
Many of those who formerly opposed him have come over to his 
side. It is true I e has not bad everything his own way. Some· 
extreme views have been abandoned in th e struggle-that of a 
great Polar ice-sheet, for example, as conceived uf by Agassiz .. 
I am not aware, however, that many serious studen ts of g lacia l 
geology ever adopted that view. But it was qu ite an excusable 
hypo .hesis, and has been abundant ly suggesti ve. lia<l Agassiz 
lived to see the detailed work of these later days, he would 
doubtless have modified his notion, and come to accept the· 
view of large continental glaciers which has taken its place. 

The results obtained by geologists, who have been studying 
the peripheral areas of the drift-covered regions of our contiuent, 
are ,uch as to satisfy us that the drifts uf those regions are not 
iceberg-droppings, as we used to suppose, but true morainic 
matttr and fluvio-glacial detritus. Geologists have not jumped 
to this conclusion-they have only acceptej it after laborious 
investigation of the evidence. Since Dr. Otto Torell, in 1875, 
first stated his belief that the "diluvium " of onh Germany 
was of glacial orig in, a great literature on the subject has sprung 
up, a perusal of which wi ll show that with our German friends 
g lacial geology has passed through much the same succession of 
phases as with us. At first icebergs are appealed to as explain
ing everything; next we meet with sundry ingenious attempts at: 
a compromise between floating ice and a continuous ice-sheet. 
As ohservations multiply, however, the element of floating ice is 
gradually eliminated, and all the phenomena are explained hy 
means of land-ice and Schme!z-wasser alone. It 1s a remarkable· 
fact tha t the iceberg hypothesis has always been most strenuously 
upheld by geologists whose labours have been largely confined; 
to the peripheral areas of drift-covered countries. In the up
land and mountainous tracts, on the other hand, that hypothesis
has never been able to survive a moderate amount of accurate 
observation. Even in Switzerland - the land of g1aciers-geo
logists a t one time were of opinion that the boulder-clays of the 
low grounds had a different origin fro,n those which occur in the· 
mountain-valleys. Thus it was supposed that at the close of the 
Pleistocene period the Alps were surrounded by great lakes or 
gulfs of some inla<ld sea, into) which the gl::tciers of the high 
valleys flowed and calved their icebergs -the, e latter scatterint 
erratics and earthy debris over the drow ned areas. Sartorius; 
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von Waltershausen 1 set forth this view in an elaborate and well
illustrated paper. lJ nfortunately for his hypothesis, no trace of 
the supposed great lakes or inl:tnd sea has ever been detected ; 
on the contrary, the character of the morainic accumulations, 
and the symmetrical grouping and radiation of the erratics and 
perched blocks over the foot-hills and low grounds, show that 
these last have been invaded and overflowed by the glaciers 
themselves. Even the most strenuous upholders of the efficacy 
of icebergs as originators of some boulder-clays admit that the 
boulder-clay or till, of what we may call the inner or central 
region of a glaciated tract, is the product of land-ice. Under 
this category comes the boulder-clay of Norway, Sweden, and 
Finlan<l, and of the Alpine lan<ls of Central Ettrope, not to 
speak of the hilly parts of our own islands. 

When we come to study the drifts of the peripheral areas it is 
not difficult to see why these should be considered to have had a 
different origin. They present certain features which, although 
not absent from the glacial deposits of the inner region, are not 
nearly so characteristic of such upland tracts. I refer especially 
to the frequent interstratification of b Julder clays with well
bedded deposits of clay, sand, and gravel ; and to the fact that 
these boulder-clays are often less compressed than those of the 
inner region, and have even occasionally a silt-like character. 
Such appearances do seem at first to be readily explained on the 
assnmption that the deposits have been accumulated in water 
opposite the margin of a continental glacier or ice-sheet ; and 
this was the view which several able investigators in Germany 
were: for some time inclined to adopt. 

But when the phenomena came tu be studied in greater detail, 
and over a wider area, this preliminary hypothesis did not 
prove sat isfactory. It wa; discovered, for example, that 
"giants' kettles " 2 were more or less commonly distributed 
under the glacial deposits, and such "ket tles" could only have 
originated at the bottom of a glacier. Again, it was found that 
preglacial accumulations were plentifully developed in certain 
places below the drift, and were often in vol vecl with the latter in 
a remarkable way. The "brown-coal formation" in like man
ner was violently disturbed anr\ disphced, to such a degree that 
frequently the boulder-clay is found to underlie it. Similar 
phenomena were encountered in regions where the drift over
lies the Chalk-the latter presenting the appearance of having 
been smashed and shattered-the fragment, having often been 
dragged some distance, so as to form a kind of friction-breccia 
underlying the drift, while large masses are often included in the 
clay itself. All the facts p·,inted to the conclusion that these 
disturbances were due to tangential thrusting or crushing, and 
were not the result of vertical displacements, such as are pro
duced by normal faulting, for the disturbances in question die 
out from above downwards. Evidence of similar thrusting or 
crushing is seen in the remarkable faults and contortions that so 
often characterize the clays and sands that occur in the boulder
clay itself. The only agent that could produce the appearances 
now briefly referred to is land-ice, and we must therefore agree 
with German geologists that glacier-ice has overflowed all the 
drift-covered regions of the peripheral area. No evidence of 
marine action in the formation of the stony clays is forthcoming 
-not a trace of any sea-beach has been detected. And yet, if 
these clays had been laid down in the sea cluring the retreat of 
ihe ice-sheet from Germany, surely such evidence as I have , 
indicated ought to be met with. To the best of my knowledge 
the only particular facts which have been appealed to, as proofs 
of marine action, are the appearance of bedded deposits in the 
boulder-clays, and the oc~asional occurrence in the clays them
selves of a sea-shell. But other organic remains are also met 
with now and again in similar positions, such as mammalian 
bones and fresh-water shells. All these, however, have been 
shown to be derivative in their origin-they are just as much 
erratics as the stones and boulders with which they are associated. 
The only phenomena, therefore, that the glacialist has to account 
for are the bedded deposits which occur so frequently in the 
'boulder-clays of the peripheral regions, and the occasional silty 
and uncompressed character of the clays themselves. 

The intercalated beds are, after all, not hard to explain. If 
we consider for a moment the geographical distribution of the 
boulder-clays, and their associated aqueous deposits, we shall 

:r "Untersuchungen liber die K1i.mate der Gegenwart und der Vorwelt," 
.&c. (Natnurk1tndige Verlta1uieli,z.gen 11. d. Hollanci. Maatsch. d. Wetensclt. 
te H aarlem, 1865). 

find a cine to their origin. Speaking in general terms, the stony 
days thicken out as they are followed from the mountainous aml 
high-lying tracts to the low ground. Thus they are of incon
siderable thickness in Norway, the higher parts of Sweden, and 
in Finland, just as we find is the case in Scot!an<l, Northern 
England, Wales, and the hilly parts of Ireland. Traced south 
from the uplands of Scandinavia and Finland, they gradually 
thicken ont as the low grounds are approached. Thus in 
Southern Sweden they reach a thickness of 43 metres or there
about, and of 80 metres in the northern parts of Prussia, while over 
the wide low-lying regions to the south they attain a much greater 
thickness-reaching in Holstein, Mecklenburg, Pomerania, and 
\,Vest Prussia a depth of 120 to 140 metres, and still greater 
depth; in Hanover, Mark Brandenburg, and Sa,wny. In those 
regions, however, a considerable portion of the "diluvium" 
consists, as we shall see presently, of water-form ed beds. 

The geographical distribution of the aqueous deposits which 
are associated with the stony clays is somewhat similar. They 
are very sparingly developed in districts where the boulder-clays 
are thin. Thus they are either wanting, or only occur spo
radically in thin irregular beds, in the high grounds of Northern 
Europe generally. Further south, however, they gradually 
acquire more importance until in the peripheral regions of the 
drift-covered tracts they come to equal and eventually to surpass 
the boulder-clays in prominence. These latter, in fact, at last 
cease to appear, and the whole bulk of the "dilnvium" along 
the southern margin of the drift area appears to consist of 
aqueous accumulations alone. 

The explanations of these facts advanced by German 
geologists are quite in accordance with the views which have 
long been held by glacialists elsewhere, and have been tersely 
summed up by Dr. Jentzsch (fahrb. d. koni,,;I. preuss. 
geologischen Landesamtalt fiir 1884, p. 438). The northern 
regions, he says, were the feeding-grounds of the inland ice. 
In those regions melting was at a minimum, while the grinding 
action of the ice was most effective. H ere, therefore, erosion 
reached its maximum-ground-moraine or boulder-clay teing 
unable to accumulate to any thickness. Further south melting 
greatly increased, while ground-moraine at the same time tended 
to accumulate- the c~njoint action of glacier-ice and sub-glacial 
water resulting in the complex drifts of the peripheral area. In 
the disposition and appearance of the aqueous deposits of the 
"diluvium '' we have evidence of an extensive sub-glacial water
circulation-glacier-mills that gave rise to "gi:rnts' kettles" -
chains of sub-glacial lakes in which fine clays gathered-streams 
and rivers that flowed in tunnels under the ice, and whose 
courses were paved with sand and gravel. Now here do German 
geologists find any evidence of marine action. On the contrary, 
the dovetailing and interosculation of boulder-clay with aq aeons 
deposits are explained by the relation of the ice to the sarface 
over which it flowed. Throughout the. peripheral area it did 
not rest so continuously upon the ground as wa, the case in the 
inner region of maximum erosion. In many places it was 
tunnelled by rapid streams and rivers, and here and there it 
arched over sub-glacial lakes, so that accumulation of ground
moraine proceeded side by side with the formation of aqueom 
sediments. Much of that ground-moraine is of the usual tough 
and hard-pre,sed character, but here and there it is somewhat 
less coherent and even silt-like. Now a study of the ground
moraines of modern glaciers affords us a reasonable explanati·•n 
of such differences. Dr. Bruckner 1 has shown that in many 
places the ground· moraine of Alpine glaciers is included in the 
bottom of the ice itself. The ground-moraine, he says, frequently 
appears as an ice-stratum abundantly impregnated with silt and 
rock-fragments-it is like a conglomerate or breccia which has 
ice for its binding material. When this ground-moraine melts 
out of the ice-no running water being present-it forms a 
layer of unstratified silt or clay, with stones scattered irregularly 
through it. Such being the case in modern glaciers, we can 
hardly doubt that over the peripheral areas occupied by the old 
northern ice-sheet boulder-clay must frequently have been 
accumulated in the same way. Nay, when the ground-moraine 
melted out and dropped here and there into quietly-flowing water 
it might even acquire in part a bedded character. 

The limits reached by the inland ice during its greatest exten
sion are becoming more and more clearly defined, although its 
southern margin will probably never be so accurately determined 

2 These appear to have been first det-ccted by Prof. Berendt and Prof. E. 
Geinitz. 

1 , c Die VeTgletscherung des Salzachgebietes., &c ," Ct:ograj/;:"s;he .4bka:u/
' l .'mgen lurausgeg-el,en v .. ---1, Pcncki B~nd i. Heft 1. 

I 
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as that of the latest epoch of general glaciation. The rensons 
for this are obvious. When the inland ice fl )Wed south to the 
Ilarz and the hills of Saxony, it formed no great terminal 
moraines. Doubtless many erratics and much rock-rubbish were 
showered upon the surface of the ice fr.:im t-he higher mountains 
of Scan<linavia, but owing to the fanning-out of the ice on its 
southward march, such superficial debris was necessarily- spread 
over a constantly widening area. It may well be doubted, 
therefore, whether it ever reached the terminal front of the ice
sheet in sufficient bulk" to form conspicuous moraines. It seems 
most probable that the terminal moraines of the great inland ice 
would consist of low banks of boulder-clay and aqueous 
materials-the latter, perhaps, strongly predominating, and con
taining here and there larger anrl smaller angular erratics which 
had travelled on the surface of the ice. However that may he, 
it is certain that the whole region in question has been con
siderably modified by subsequent denudation, and to a large 
extent is now concealed under deposits beloniing to later stages 
of the Pleistocene period. The extreme limits reached by the 
ice are determined rather by the occasional presence of rock
strice and rocl,es moutonni'es, of houlder-clay and northern 
erratics, than by recognizable terminal moraines. The southern 
limits reached by the old inland ice appear in this way to have 
been tolerably well ascertained over a considerable portion of 
Central Europe. Some years ago I published a small sketch
map (" Prehistoric Europe," 1881) showing the extent of surface 
formerly covered hy ice. On this map I did not venture to 
draw the southern margin of the ice-sheet in Belgium further 
south than Antwerp, where northern erratics were !mown to 
occur; but the more recent researches of Belgian geologists show 
that the ice probably flowed south for some little distance 
beyond Brussels (see a pap<>r by M. E. Delvaux, Ann, de la 
..s·oc . ._!;c~)/. de h 1tlg., t. xiii. p. 158). llere and there in other 
parts of the Continent the southern limits reached by the 
northern drift have also been more accurately determined, but, 
so far as I know, none of these later observati)ns involves any 
serious modification of the sketch-map referred to. 

I have now said enough, however, to 0show that the notion of a 
general ice-sheet having covered so large a part of Europe, which 
a few years ago was looked upon as a wild dream, has been amply 
justified by the labours of those who are so assiduously investi
gating the peripheral areas of tbe "great northern drift." And 
perhaps I may be allowed to express my own belief that the 
drifts of Middle and Southern England, which exhibit the same 
complexity as the "lower diluvium" of the Continent, will 
eventually be generally acknowledged to have had a similar 
origin. I have often thought that whilst politically we are happy 
in having the sea all round us, geologically we should have gainer! 
perhaps by its greater distance. At all events we should 
have been less ready to _invoke its assistance to explain every 
pt1zzling appearance presented by ot1r glacial accumulations. 

I now pass on to review some of the general results obtained 
by Continental geologists as to the extent of area occupied by 
inland ice during the last great extension of glacier-ice in Europe. 
It is well-known that this latest ice-sheet did not overflow nearly 
so wide a region as that underneath which the lowest houlder
clay was accumulated. This is shown not only by the geo
graphical distribution of the youngest boulder-clay, but by the 
direction of rock-strice, the trend of erratics, and the position of 
well-marked moraines. Gerard de Geer has given a sum
mary (Zcitschri/t d. dcutsc/1. geolog. Ces., Bd. xxxvii. p. 177) 
of the general results obtained hy himself and his fellow-workers 
in Sweden and Norway; and these have been supplemented by 
the labours of Berendt, Geinitz, Hunchecorne, Keilhack, Klock
mann, Schriider, Wahnschaffe, and others in Germany, and by 
Sederholm in Finland. 1 From them we learn that the end
moraines of the ice circle round the southern coasts of Norway, 
from whence they sweep south-east by east across the province of 
Gottland in Sweden, passing through the lower ends of Lakes 
\Vener and \Vetter, while similar moraines mark out for us the 
terminal front of the inland ice in Finland-at least two parallel 
frontal moraines passin,;- inland from Han go Head on the Gulf of 
Finland through the southern part of that province to the north 
of Lake Ladoga. Further north-east than this they have not been 
traced ; but, from some observations by Helmersen, Sederholm 

1 For papers by Berendt and his associates see especially the Jahrbuclt 
d. ;.,, jrcuss. gt:ol. Landesanstalt, and the 7eitschr. d. deutsc!t. l{eol. Ges. 
f)r,the past few years. -Geinitz, Forsclt. z. d. Landes- u. Volkskunde, i. 5; 
Leojoldina, xxii. p. 37; /. Beitrag z. Geologie Mecklcubu"xs, 1880, pp. 46, 
56. Sedcr11olm, Fcnnia, i. No. 7; 

thinks it probable that the tern,inal ice-front extended north
east by the north of Lake Onega to the eastern shores of the 
White Sea. Between Sweden and Finland lies the basin of the 
Baltic, which at the period in question was filled with ice, form
ing a ~real Ba_l_tic glacier, which overflowed tbe A.land Islands, 
Gottland, and Oland, and which, fanning-out as it passed to
wards the south-west, invaded, on the south side, the Baltic 
provinces of Germany, while, on the north, it cros-ed the 
southern part of Scania in Sweden and the Danish islands to 
enter upon Jutland. 

The upper boulder-clay of those regions is now recognized as 
the ground-moraine of this latest ice-sheet. In many places it is 
separated from the older b)ulder-clay by interglacial deposits, 
some of which are marine, while others are of fresh-water and 
terrestrial origin. During interglacial times the sea that over
flowed a considerable portion of North Germany was evidently 
continuous with the North ~ea, as is shown not only by the 
geographical distribt1tion of the interglacial marine deposits, but 
by their North Sea fauna. German geologists generally group all 
the interglacial depC>sits together, as if they belonged to one and 
the same interglacial epoch. This perhaps we must look upon 
as only a provisional arrangement. Certain it is that the fresh
water and terrestrial beds which frequently occur on the same or 
a lower level, and at no great distance from the marine deposits, 
cannot in all cases be contemporaneous with the latter. Pos
sibly, however, such disco1dances may be accounted for by 
oscillations in the level of the interglacial sea-land and water 
having alternately prevailed over the same area. Two boulder
clays, as we have seen, have been recognized over a wide region 
in N ortb Germany. In some places, however, three or more 
such boulder-clays have been observed overlying one another 
throughout considerable areas, and these clays are described as 
being di,tinctly separate and distinguishable the one from the 
other. 1 \Vhether they with their intercalated aqueous deposits 
indicate great oscillations of one and the same ice-sheet-now 
advancing, now retreating--or whether tbe stony clays may not 
be the ground-moraines of so many different ice-sheets, separated 
the one from the other by true interglacial conditions, future 
investigations mu,t be left to decide. 

The general conclusions arrived at by those who are at pre
sent investigating the glacial accumulations of Northern Europe 
may be summarized as follows :-

I. Before the invasion of Northern Germany by the inland ice 
the low grounds borderiug on the Baltic were overflowed by a 
sea which contained a boreal and arctic fauna. These marine 
conditions are indicated by the presence under the lower boulder
clay of more or les3 well-bedded fossiliferous deposits. On the 
same hurizon occur also beds of sand, containing fresh-water 
shells, and now and again mammalian remains, some of which 
imply cold and others temperate climatic conditions. Obviously 
all these deposits may pertain to one and the same period, or 
more properly to different stages of the same period-so.me 
dating back to a time when the climate was still temperate, 
while others clearly indicate the prevalence of cold conditions, 
and are therefore probably somewhat younger. 

2. The next geological horizon in ascending order is that 
which is marked by the "lower diluvium "-the glacial and 
fluvio-glacial detritus of the great ice-sheet which flowed south 
to the foot of the Harz Mountains. The boulder clay on this 
horizon now and again contains marine, fresh-water, and ter
restrial organic remains, derived undoubtedly from the so-called 
preglacial beds already referred to. These latter, it would ap
pear, were ploughed up and largely incorporated with the old 
ground-moraine. 

3. The interglacial beds which next succeed contain remains 
of a well-marked temperate fauna and flora, which point to 
something more than a mere partial or local retreat of the inland 
ice. The geographical distritution of the beds and the presence 
in these of such forms as E!ep!,as antiquus, Cervus elephas, C. 
megaceros, and a flora comparable to that now existing in 
Northern Germany, justify geologists in concluding that the inter
glacial epoch was one of long duration, anrl characterized in 
Germany by climatic conditions apparently not less temperate 
than those that now obtain. One of the phases of that inter
glacial epoch, as we have seen, was the overflowing of the Baltic 
provinces by the waters of the North Sea. 

4. To this well-marked interglacial epoch succeeded another 
epoch of arctic conditions, when the Scandinavian inland ice 

H Schroder, Ja!trb. d. k. jireuss, g-eol. Landesanstaltfiir 1887, p. 360 
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once more invaded Germany, ploughing through the interglacial 
deposits, and working these up in it s ground-moraine. So far as 
I can learn, the prevalent helief among geologists in North 
Germany is that there was only one inter~lacial epoch ; but, as 
already stated, doubt has been expressed whether all the facts 
can be thus accounted for. There must a lways be great difficulty 
in the correlation of widely-separated interglacial deposits, and 
the time does not seem to me to have yet come when we can 
definitely assert that all those interglacial beds belong to one 
and the same geological horizon. 

I have dwelt upon the recent work of geologis'.s in the peri
pheral areas of the drift-covered regions of Northern B:urope, 
because I think the results obtained are of great interest to 
glacialists in this country. And for the same reason I wish next 
to call attention to what has been done of late years in elucidat
.ing the glacial geology of the Alpine lands of Central Europe 
-and more particularly of the low grounds that st retch out 
from the foot of the mountains. Any observations that tend to 
throw light upon the history of the complex drifts of our own 
peripheral areas cannot but be of service, It is quite impossible 
to do justice in this brief sketch to the labours of the many 
enthusiastic geologists who, within recent years, have increased 
our knowledge of the glaciation of the Alpine lands. At pre· 
sent, however, I am not so much concerned with the proofs of 
general glaciation as with the evidence that goes to show how 
the Alpine ground-moraines have heen formed, and with the 
facts which have led certain observers to conclude that the Alps 
have endured several distinct glaciations within Pleistocene 
times. Swiss geologists are agreed that the ground-moraines 
which clothe the bottoms of the great Alpine valleys, and extend 
outwards sometimes for many miles upon the low grounds beyond, 
are of true glacial origin. Now the,e gro:rnd· moraines are 
closely similar to the boulder-clays of this country and Northern 
Europe. Like them, they are frequently tough and hard-p,essed, 
but now and again somewhat looser and less firmly coherent. 
Frequently also they contain lenticular beds, and more or less 
thick sheets of aqueous deposits- in some places the stony clays 
even exhibiting a kind of stratification-an,! ever and anon such 
water-assorted materials are commingled with stony clay in the 
most complex manner. These latter appearances are, however, 
upon the whole best developed upon the low grounds that sweep 
out from the base of the Alps. The only question concerning 
the ground-moraines that has recent ly given rise to much dis
cussion is the origin of the materials themselves. It is obvious 
that there are only three possible modes in which those materials 
-could have been introduced to the ground-moraine : either they 
consist of superficial u,orainic debris which has found its way 
-down to the bottom of the old glaciers by crevasses; or they may 
be made up of the rock-rubbish, sh ingle, gravel, &c., which 
doubtless strewed the valleys before these were occupied by ice ; 
or, lastly, they may have been derived in chief measure from 
the underlying rocks themselves by the action of the ice that 
overflowed them. The investigations of Penck, Blaas, Bohm, 
and Bruckner appear to me to have demonstrated that the 
ground-moraines are composed mostly of materials which have 
been detached from the underlying rocks by the erosive action 
of the glaciers themselves. Their observations show that the 
regions studied by them in gre1t detail were almost completely 
buried under ice, so that the accumulation of superficial moraines 
was for the most part impossible ; and they advance a num
ber of facts which prove positively that the ground-moraines 
were formed and accumulated uuder ice. I cannot here re
capitulate the evidence, but must content myself by a referer.ce 
to the papers in which this is fully discussed. 1 These geologists 
do not deny that some of the material may occasionally have 
come from above, nor do they doubt that pre-existing masses of 
rock-rubbish and alluvial accumulations may have been incor
porated with the ground-moraines ; but the enormous extent of 
the latter, and the direction of transport and distribution of the 
erratics which they contain cannot be thus accounted for, while 
all the facts are readily explained by the action of the ice itself, 
which used its sub-glacial debris as tools with which to carry on 
the work of erosion. 

Prof. Heim and others have frequently asserted that glaciers 
have little or no eroding power, since at the lower ends of exist
.ing glaciers we find no evidence of such erosion being · in opera-

1 Penck, "Die Vergletscherung der dent~hen Alpen." Blaas, '' Zeitschr. 
d . Ferdmanden"'s," 1885. BOhm~ Jalir. d. k. k. geot. Reichsanstalt. 1885. 
Rd. xxxv. Heft 1· Bruckner, i, D ie Verfiletscherung d. S:1lzachgebietes, " 
&c., 1Be6 

tion. But the chief work of a glacier cannot be ca rried on at its 
lower end, where motion is reduced to a minimum, and where 
the ice is perforated by sub-glacial tunnels an rl arches, under
neath which no glacial erosion can possibly take place; an<\ yet 
it is upon observations made in just such places tbat the prin
cipal arguments against the erosive action of ~lac_iers h~ve been 
based. lf all that we could ever know of glacial act10n were 
confined to what we can learn from peering into the grottoes at 
the terminal fronts of existing glaciers, we should inrieed come 
to the conclusion that glaciers do not erode their rocky beds to 
any appreciable extent. But as we do not look f':'r the str~ng~st 
eviri ence of fluviatile erosion at the mouth of a nver, but m its 
va lley- and mountain-tracks, so if we wish to learn what glacier
ice can accomplish, we must study in detail some wide regio_n 
from which the ice has completely disappeared. When this 
plan h , s been followed , it has happened that some of the 
strongest opponents of glacial erosion have been compelled by 
the for~c of the evirlence to go over to the other ca'llp. Dr. 
Blaas, for example, has been led by his observations on the 
,.,Jacial formations of the Inn Valley to recant his former views, 
~nd to become a formidable advocate of the very theory which 
he formerly opposed. To his work and the memoirs by Penck, 
Rriickner, and Bohm already cited, and especially to the admir
able chapter on glacier-erosion by the last-named author, I 
would refer those who may be anxious to know the last word on 
this much-rlebated question. 

The evidence of interglacial conditions within the Alpine 
lands continues to increase. These are represented by alluvial 
deposits of silt , sand, gravel, conglomerate, breccia, a~d lignit~s. 
Penck Bohm and Briickner find evidence of two mterglac,al 
epoch;, and ~aintain that there h ave been three distinct and 
separate epochs of glaciation in th~ Alps. N<;> mere tempora~ 
retreat and re-advance of the glaciers, according to them, will 
account for the phenomena presented_ by the inte~glac!al depos_its 
and associated morainic accumulat10ns. During mterglac1al 
tim es the glaciers disappeared from the lower valleys of the 
Alps-the climate was temperate, and probably the snow-fields 
and glaciers approximated in extent to those of the present clay. 
All the evidence conspires to show that an interglacial epoch 
was of prolonged duration. Dr. Briickner has observed that 
the moraines of the last glaciai epoch rest here and there upon 
loss, and he confirms Penck's observations in South Bavaria that 
this remarkable formation never overlies the morainic accumula
tions of the latest glacial epoch. According to Penck and 
Briickner, therefore, the loss is of interglacial age. There can 
be little doubt, however, that loss does not belong to any one 
particular hor•zon. \Val~nschaffe 1 and other_s ~ave show_n that 
throughout wide areas m North Germany 1t 1s the eqmvalent 
in a"'e of the "upper diluvium," while Schumacher (Hy.,:ienisc!te 
Topograp!i.ie von Strassbu•g i. E., 1885) points ?u_t that i~ the 
Rhine Valley it occurs on two separate and d1stmct h~nzono. 
Prof. Andrere has likewise shown (Abltand!. ::. geo!. Spma!karte 
v. Elsass -Lothrinoen, Bd. vii. Heft 2) that there is an upper and 
lower loss in Al~ace, each characterized by its own special 
fauna. 

There is still considerable difference of opinion as to the mode 
of formation of this remarkable accumulation. By many it is 
considered to be an aqueous deposit ; other, , following 
Richthofen, are of opinion that it is a wind-blown accumula
tion · while some incline to the belief that it is partly the one 
and partly the other. Nor do the upholders of th~se various 
hypotheses agree amongst themselves as to the precise manner 
in which water or wind has worked to produce the observed 
results. Thus, amongst the supporters of the aqueous origin of 
the loss we find this attributed to the action of heavy rains 
washing' over and rearranging the materia( of the houlcler-clays 
(Laspeyres, Erliiuterungen z. geo!. Specialkarte v. P_reusscn, 
&c. , Blatt Grdbzig, Z<irbig, u,ui f!e!ersberg). Many, ag~m! have 
held it probable that the loss is simply the finest loam d,stnbuted 
over the low grounds by the flood-waters that escap~d from the 
northern inland ice and the mers de g!ace of the Alpme lands of 
C:entral Europe. Another suggestio_n is that much of \he 
material of the 16ss may have been derived from the denudat10n 
of the boulder-clays by flood-water, during the closing stages of 
the last cold period. It is pointed out that in s~me reg_ions at 
least the loss is underlain by a layer of erratics, which are 
believed to be the residue of the denuded boulder-clay. 

1 Abllandl. z _ geol. Sfccialkartc 7! . Preusscu, &c., Bd. vii. Heft 1: 
Zeilscl,r. d. dcutsch. geot. Gesellsch. 1885, p. 904; t S86, p. 367. 
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We are reminded by Klockmann (J'a!1rb. d. k. prettss. 
l[ll>l, Landesamtalt f1ir 1883, p. 262 ) and 'Nahnschaffe 
(op. cit., and Zeitschr. d. deutsc/1. g-eol. Grs. 1886, p. 367) 
that the inland ice must have acted as a great dam, and that 
wide areas in Germany, &c., would be flooded, partly by water 
derived from the melting inland ice, and partly by waters flowing 
north from the hilly tracts of Middle Germany. In the great 
hasins thus formed there would be a commingling of fine silt
material derived from north and south, which would necessarily 
come to fo rm a deposit having much the same character 
throughout. 

F1 om what I have myself seen of the loss in various part s of 
Germany, and from all that I have gathered from reading 
and in conver~ation with those who have worked over loss
cove red regions, J incline to the opinion that loss is for the most 
part of aqueous origin. In many cases this can be demonstrated, 
as by the occurrence of bedding and the int ercalation of la) ers of , 
stones, sand, gravel, &c., in the deposit: again, by the not in- · 
fr equent appea, ance of fresh-wat er shells ; but, perhaps, chiefly 
by the remarkable uniformity of character which the loss itself 
displays. It seems to me reasonable abo lo believe that the 
fl ood -waters of glacial times must needs have been highly charged 
with finely-divided sediment, and that such sediment would be 
spread over wide regions in the low grounds-in the slack-waters 
of the great rivers, and in the innumerable temporary lakes which 
occupied, or partly occupied, many of the valleys and depressions 
of the land. There -are different kinds of loss or loss like 
deposi t~, however, and all need not have been formed in the 
same way. Probably some may have been derived, as \Vahn
schaffe has suggested, from the denudation of boulder-clay. 
Possibly, also, some k iss may owe its origin to the action of rain 
upnn the <tony clays, producing "hat we in this country would 
call " rain-wash." There are other accumulations, however, 
wh ich no aqueous theory will satisfactorily explain. Under this 
category comes much of the so-called Berg-Mss, with its abundant 
la nd,shell s, and its generally unstrati fi ed character. It seem, 
lik ely that such loss is simply tbe remit of sub-aerial action, and 
owes it s origin to rain, frost, and wind acting upon the superficial 
formations, and rearranging their fin er-grained constituents. And 
it is quite possible that tbe upper portion of much of the kiss of 
the lower grounds may have been re-worked in the same way. 
But I confess I cannot yet fin d in the facts adduced by German 
geologists any evidence of a dry-as-dust epoch having obtained 
in Europe during any stage of the Pleistocene period. The geo
graphica l position of our continent seems to me to forbid the 
possibility of such climatic conditions, while a ll the positive 
evidence we have points rather to humidity than dryness as the 
prevalent feature of Pleistocene climates. It is obvious, however, 
that after the fl ood-waters had disappeared from the low grounds 
of the Continent, sub-aerial action would come into play over the 
wide regions covered by glacial and fl uvio-glacial deposits. Thus, 
in the course of time, these deposits would become modified,
just as similar accumulations in these islands have been top
dressed, as it were, and to some extent even rearranged. I am 
strengthened in these views by the conclusions arrived at by 
M. Falsan, the eminent French glacialist. Covering the plateaux 
of the Dombs, and widely spread th roughout the valleys of the 
Rhone, the Ain, the I sere, &c., in France, there is a deposit of I 
loss, he says, which has been derived from the washing of the i 
ancient moraines. At the foot of the Alps, where black schists J 

are !argely developed, the loss is dark grey; but west of the I 
secondary chain 1he same deposit is yellowish, and composed I 
almost entirely of siliceous malerials, with only a very little car
bonate of lime . This limon or loss, however, is very generally 
modified towards the top by the cht mical action of rain, the 
yell ow loss acquiring a red colour. Sometimes it is crowded 
with calcareous conc1etions; at other times it has b(en deprived 
of its calcareous element and convert, d into a kind of pulvernlent 
silica or quartz. This, the true kiss, is distinguished from another 
!chm, "hich Falsan recognizes as th e prodnd of atmospheric action 
- fo1 med, in fact, in place, from the disintegration and decom
pos ition of the subjacent rocks. Even this l,hm has been modified 
by running water-dispersed or accumulated locally, as the case 
may be (Falsan, "La Periode glaciaire," p. 81). 

All that we know of the loss and its fossils compels us to in
clude this accun;ul ation as a p roduct of the Pleistocene period. 
It is not of postglacial age-even mucJ-. of what one may call the 
" remodified loss" being of Late Glacial or Pleistocene age. I 
cannot attempt to give here a summary of what has been learned 
within recent years as to the fau na of the loss. The resea,ches 

of Nehring and Liebe have familiarized us wiLh the fact that at 
rnme puticular ·stage in the Pleistocene period a fauna like that 
of the alpine steppe-lands of \Vestern Asia was indigenous to 
Midd le Europe, and the recent investigations of Woldrich have 
increased our knowledge of this fauna. At what horizon, then, 
does this steppe-fauna make its appearance? At Thiede, Dr. 
Nehring discovered in so-called loss three successive horizons, 
each characterized by a special fauna. The lowest of these faunas 
was decided ly arctic in type; above that came a steppe-fauna, 
which last wa, succeeded by a fauna comprising such forms as 
mammoth, woolly rhinoceros, .Hos, Cervus, horse, hya-na, and 
lion. Now, if we compare this last fa una with the forms which 
have been obtained from true post glacial deposits- those deposits, 
namely, which overlie the younger boulder-clays and flood-accu
mula tions of the latest glacial epoch-we find little in common. 
The lion, the mammoth, and the rhinoceros are conspicuous by 
their absence from the postglacial beds of Europe. In place of 
them we meet with a more or less arctic fauna, and a high-alpine 
and arct ic fl ora , which, as we all know, eventually gave place to 
the flora and fauna with which N eolithic man was contem
poraneous. As this is the case throughout North-Western and 
Central E urope , we seem justified in assigning the Thiede b~ds 
to the P leistocene period, and to that interglacial stage which 
preceded and gradually merged into tbe last glacial epoch. That 
the steppe-fauna indicates relatively drier conditions of climate 
than obtained when perennial snow and ice covered wide areas 
of the low ground goes without say ing; but ·I am unable to_ agree 
with those who maint,ain that it implies a dry-as dust climate, 
lik e that of some of the steppe- regions of our own clay. The 
remarkable con,mingling of arctic and steppe-faunas discovered 
by Woldrich in 1he Bohmerwalcl (Sitz1111gsb. d. kais. Akatl. d. 
W. math. 11at. Cl., 1880, p. 7 ; 188 1, p. 177; 1883, p. 978} 
shows, I think, that the jerLoas, marmots, and hamster
rats were not incapable of living in tbe ,amt: regions contem
poraneously with lemmings, arctic hares, Siberian social voles, 
&c. But when a cold epoch was passing away the steppe-form& 
p, obably gradually replaced their arctic congeners, as these 
migrated northwards during the continuous amelioration of the 
climate. 

If the student of the Pleistocene faunas has certain advantages 
in the fact that he has to deal with forms many of which are 
still living, he labours at the same time under disadvantages 
which are unknown to his colleagues who are engaged in the 
study of the life of far older periods. The Pleistocene period 
was distinguished above all things by its great oscillations. of 
climate-the successive changes being repeated, and producmg 
correlative migrations of floras and faunas. We know that 
arctic and temperate faunas and floras fl ourished during inter
glacial times, and a like succtssion of life-forms followed the 
final disappearance of glacial conditions. A s_tu dy of the orga_nic 
remains met with in any particular deposit will not necessanly, 
therefore , enable us to assign these to their proper horizon. The 
geographical position of the deposit, and its relatio_n to Pleisto
cene accumulations elsewhere mnst clearly be taken into account. 
Already, however, much has been done in this dire~tion, and !t 
is probable that ere long we shall be able to arnve at a fair 
knowledge of Lhe various modifications which the Pleistocene 
floras and faunas experienced during that protracted period of 
climatic changes of which I have been speaking . We shall even 
possibly learn how often the arctic, steppe-, prairie- , and forest· 
faunas, as they have been defined by Woldfich, replaced each 
other. Even now some approximation to thi s better knowledge 
has been made. Dr. Pohlig, 1 for example, has compared the 
remains of the Pleistocene faunas obtained at many different 
places in E urope, and has presented us with a classification 
which, although confessedly incomplete, yet serves to sh~w t~e 
direction in which we must look for furth er advances m this 
department of inquiry. 

During the last twenty years the evidence. of interglacial con
ditions both in Europe and America has so mcrea,ed that geo
log ists generally no longer doubt that the Pleistocene period was 
character ized by great changes of climate. The occnrr~nce at 
many d ifferent localities on the Continent of beds of hgmte and 
fresh-water all uvia, containing remains of Pleistocene Mammalia, 
intercalat ed between separate and distinct boulder-clays, has 

1 PohJig, Sitzungsb . d. Niederrlteiniulzen Cesellsc/1aft zu Bonn, 18e4 
Zeitsclir. d. deutscli. geoloJ: . Ges_., 1887, p 798. For a very full account 
o r the d iluvial E uropean and Northun Asiatic mammalian faunas by \~~old. 
rich, see J11llm . de /'.~lead, des Sciences de S t. Pttersbourg , Ser, vu, t. 
xx,-v., 1887. 
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left us no alternative. The interglacial beds of the Alpine 
lands of Central Europe are paralleled by similar deposits in 
Britain, Scandinavia, Germany, and France. But opinions 
<liffer as to the number of glacial and interglacial epochs, many 
holding that we have evidence of only two cold stages and one 
general interglacial stage. This, as I have said, is the view en
tertained by mo,t geolngists who are at work on the glacial 
accumulations of Scandinavia and North Germany. On the 
other hand, Dr. Penck and others, from a study of the drifts of 
the German Alpine lands, believe that they have met with evi
dence of three distinct epochs of glaciation, and two epochs of 
interglacial conditions. In France, while some observers are of 
-Opinion that there have been only two epochs of general glacia
tion, others, as, for example, M. Tardy, find what they consider 
to be evidence of several such epochs. Others, again, as M. 
Falsan, do not believe in the existence of any interglacial stages, 
althoug_h they readily admit that there were great advances and 
retreats of the ice during the Glacial period. M. Falsan, in 
short, believes in oscillatiom, but is of opinion that these were 
not so extensive as others have maintained. It is, therefore, 
simply a question of degree, and whether we speak of oscillations 
or of epochs, we must needs admit the fact that throughout all 
the glaciated tracts of Europe, fossiliferous deposits occur inter
calated among glacial accumulations. The successive advance 
and retreat of the ice, therefore, was not a local phenomenon, 
but characterized all the glaciated areas. And the evidence 
shows that the oscillations referred to were on a gigantic scale. 

The relation borne to the glacial accumulations by the old 
river alluvia which contain relics of palrcolithic man early 
attracted attention. From the fact that these alluvia in some 
places overlie glacial deposits, the general opinion (still held 
by some) was that palae0lithic man must need, be of postglacial 
age. But since we have learned that all boulder-clay does 
not belong to one and the rnme geological horizon-that, 
in short, there have been at least two, and probably more, 
epochs of glaciation-it is obvious that the mere occurrence of 
glacial deposits underneath palaeolithic gravels does not prove 
these latter to be postglacial. All that we are entitled in such 
a case to say is simply that th e implement-bearing beds are 
younger than the glacial accumulations upon which they rest. 
Their horizon must be determined by first ascertaining the 
relative position in the glacial series of the underlying deposits. 
Now, it is a remarkable fact that the boulder-clays which under
lie such old alluvia belong, without exception, to the earlier 
stages of the Glacial period This has been proved again and 
again, not only for this country but for Europe generally. I am 
sorry to reflect that some twenty yea,s have now elapsed since I 
was led to suspect that the palaeolithic gravels and cave-deposits 
were not of postglacial but of glacial and interglacial age. In 
1871- 72 I published a series of papers in the Geological Magazine, 
in which were set forth the views I had come to form upon this 
interesting question. In these papers it was maintained that 
the alluvial and cave-deposits could not be of postglacial age, 
but must be assigned to preglacial and interglacial times, and in 
chief measure b the latter. Evidence was led to show that the 
latest great development of glacier-ice in Europe took place after 
the southern pachyderms and pal.eolithic man had vacated 
England ; that during this last stage of the Glacial period man 
lived contempor:tneously with a northern and alpine fauna in 
such regions as Southern France ; and lastly, that palaeolithic 
man and the southern Manrnalia never revisited North-\Vestern 
Europe after extreme glacial conditions had disappeared. These 
coni lusions were arrived at after a somew:iat detailed examina
tion of a ll the evidence then available, the remarkable distribu· 
tion or the palreolithic and ossiferous alluvia having, as I have 
said, particularly impressed me. I coloured a map to show at 
once the areas covered by the glacial and fluvio-glacial deposits 
of the last glacial epoch, and the regions in which the implement
bearing and ossiferous alluvia had been met with, when it 
became apparent that the latter never occurred at the surface 
within the regions occupied by the former. If ossiferous alluvia 
did here and there appear within the recently glaciated areas, it 
was alway., either in cave•, or as infra- or interglacial deposits. 
Since the date of these researches our knowledge of the 
geographical dis:ribution of Pleistocene deposits has greatly 
increased, and implements anJ other relics of palaeolithic man 
have been recorded from many new localities throughout Europe. 
But none of this fresh evidence co·,tradicts the conclusions I 
ha<i previously arrived at; on the contrary, it has greatly 
strengthened my general argument. 

Prof. Penck was, I think, the fir.,t on the Continent to 
adopt the views referred to. He was among the earliest to 
recognize the evidence of interglacial conditions in the drift
covered regions of Northern Germany, and it was the reflections 
which those remarkable interglacial beds were so well calculated 
to suggest that led him into the same path as myself. Dr. 
Penck has published a map (Arclziv Jiir Ant!wopologie, Bd. xv., 
Heft 3, 1884) showing the areas covered by the earlier and 
later glacial deposits in Northern Europe and the Alpine lands, 
and indicating at the same time the various localities where 
palreolithic finds have occurred. And in not a single case do 
any of the latter appear within the areas covered by the accumu
lations of the last glacial epoch. 

A g lance at the papers which have been published in Germany 
within the last few years will show how greatly students of the 
Pleistocene ossi ferous beds have been influenced by what is now 
known of the interglacial deposits and their organic remains 
Profs. Rothpletz (Denkschrift d. scliwei:::er. Ges. fi,r d. gesa111mt. 
Nat., Bel. xxviii., 1\81) and Andreae (Atiha11dl. z. geolog. 
Specialka,·te v. Elsass-Lotlwingm, Bel. iv., Heft 2, 1884), Dr. 
Pohlig (op. cit.) and others, do not now hesitate to correlate 
with those beds the old ossiferous and implement-bearing 
alluvia which lie altogether outside of glaciated regio:is. 

The relation of the Pleistocene alluvia of France to the 
glacial deposits of that and other countries has been especially 
canvassed. Rothpletz, in the paper cited above, includes these 
alluvia amongst the interglacial deposits ; ancl in the present 
year we have an interesting essay on the same subject by the 
accomplished secretary of the Anthropological and Archaeo
logical Congress, which met last nnnth in Paris. M. Boule 
correlates (Revue d'Anthropologie, 1889, t. i.) the paheolithic 
cave- and river-deposits of France with those of other countries, 
and shows that they must be of interglacial age. His 
classification, I am gratified to find, does not materially 
differ from that given by myself a num ber of years ago . He is 
satisfied that in France there is evidence of three glacial epochs 
and two well-marked interglacial horizons. The oldest of the 
palaeolithic stages of Mortillet (CHEJ.LEENXE) culminated, 
according to Boule, during the last interglacial epoch, while the 
more recent palreolithic stages (MOUSTERI EN NE, SoLUTREENNE, 
and MAG DALENIENNE) coincided with the bst great develop
ment of glacier-ice. The pal.eolithic age, so far as Europe is 
concerned, came to a close during this last cold phase of the 
Glacial period. 

There are many other points relating to glacial geology which 
have of late years been canvassed by Continenta l workers, but 
these I cannot discuss here. I have purposely, indeed, restricted 
my remarks to such parts of a wide subject as I thought might 
have interest for glacialists in this country, some of whom may 
not have had their attention directed to the results which have 
recently ·been attained by their fellow-labourers in other lands. 
Had time permitted I should gladly have dwelt upon the note
worthy advances made by our American brethren in the same 
department of inquiry. Especially should I have wished to 
direct attention to the remarkable evidence adduced in favour of 
the periodicity of glacial action. Thus Messrs. Chamberlin and 
Salisbury, after a general review of that evidence, maintain that 
the Ice Age was interrupted by one chief interglacial epoch, and 
by three interglacial sub-epochs or episodes of deglaciation. 
The same authors discuss at some length the origin of the loss, 
and come to the general conclusion that while depo;its of this 
character may have been formed at different stag s of the 
Glacial period, and under different condi tions, yet that upon the 
whole they are best explained by aqueous action. Indeed a 
perusal of the recent geological literature of America shows a 
close accord between the theoretical opinions of many Trans
atlantic and European geologists. 

Thus as years advance the picture of Pleistocene times becomes 
more and more clearly developed. The conditions under which our 
old pal.eolithic predecessors lived-the climatic and geographical 
changes of which they were the witnesses- are gradually being 
revealed with a precision that only a few years ago might well 
have seemed impossible. This of itself is ex tremely interesting, 
but I feel sure that I speak the conviction of many workers in 
this field of labour when I say that the clearing up of the history 
of Pleistocene times is not the only encl which they have in view. 
One can hardly doubt that when the conditions of that period 
and the causes which gave rise to these have been more fully and 
definitely ascertained we shall have advanced so:ne way towards 
the better understanding of the climatic conditions of st ill earlier 
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periods. For it cannot be denied that our knowledge of 
Palreozoic, Mesozoic, and even early Cainozoic climates is un
satisfactory. But we may look forward to the time when much 
of this un certainty will disappear. Meteorologists are every day 
acquiring a clearer conception of the distribution of atmospheric 
pressure and temperature, and the causes by which that distribution 
is determined, and the day is coming when we shall be better 
able than we are now to apply this extended meteorological 
knowledge to the explanation of the climates of former periods 
in the world's history. One of the chief factors in the present 
distribution of :itmuspheric temperature and pressure is doubtless 
the relative position of the great land and water areas ; and if 
this be true of the present, it must be true also of the past. It 
would almost seem, then, as if all one had to do to ascertain tl e 
climatic condition of any particular period was to prepare a 
map, depicting with some approach to accuracy the former 
relative position of land and sea. \Vith such a map could our 
meteorologists infer what the climatic conditions must have heen? 
Yes, provided we could assure them that.. in other respects the 
physical conditions did not differ from the present. Now, there 
is no period ir. the past history of our globe the geographical 
conditions of which are better known than the Pleistocene. 
And yet when we have indicated these upon a map we find that 
they do not give the results which we might have expected. 
The climatic conditions which they seem to im ply are not such 
as we know did actually obtain . It is obvious, therefore, that 
some additional and perhaps exceptional factor was at work 
to produce the recognized results. vVhat was this disturbing 
element, an ci have we any evidence of its interference with the 
operation of the norm:?.! agents of climatic change in earlier 
periods of the world's history? \Ve all know that various 
answers have been given to such questions. Whether amongst 
these the correct solution of the enigma is to be found time will 
show. Meanwhile, as all hypothesis and theory must starve 
without facts to feed on, it behoves us as working geologists to 
do our best t0 add to the rnpply. The success with which 
other problems have been attacked by geologists forbids us to 
doubt that ere long we shall have done much to dispel some of 
the mystery which still envelops the question of geological 
climates. 

SECTION E. 

GEOGRAPHY. 

OPENI1"G ADDRESS BY COLO:-/EL Sm FRANCIS DE \VINTON, 
K.C.M.G., F.R.G.S., PRES!DE:\'T OF THE SECTIO:--.'. 

GEOGRAPHY has not inaptly been defined as "the science of 
u,stnbulions, " and from whatever aspect we view it, whether 
from a large and comprehensive basis embracing all the condi
tions which surround it as a science, or from the narrower limits 
of simple physiog1 aphy, we find certa;n well-defin ed principles, 
or one may term them natural laws, pervading everywhere, 
whose actions have, through their influences on the past, created 
the present, and according to the uses we now put them must 
largely govern the future . 

The formati on of our globe, unfolded to our vision by scien
tific discovery, brings us face to face with Nature in all her awful 
grandet.r; and we learn how, under a beneficent and all-wise 
l'rovidence, this world has been fashioned and made for the use 
of man durin g periods of time almost beyond man's calculations ; 
and in the history of man upon earth-a mere drop in this ocean 
of lime-we read of the rise and fa ll of nations, of great wars, of 
the discoveries of new routes (so ably described by my friend and 
talented predecessor in the address delivered by him in Section 
E last year), and we see what large and important develop 
ments have taken place as regards the commerce and trade of 
the world by the effect of these influences ; and then, turning 
lo more recent days, we <nler upon the discovery of steam, 
and its application as a motive power,-a discovery which has 
given rise to extraordinary changes-changes by which the whole 
trade of the world and its industries have been stimulated and 
promoted. Add lo this the inventions in electricity, by which 
almost instantaneous communication has been establi shed to all 
parts of the globe, and we may well cease to wonder at the 
i"creasc that has been manifeste,l in what may be termed the 
motive power of the world, and the development of its larger 
activities. 

Still tr.e natural laws which govern this globe, in their relation 

to the science of geography, remain the same. It matters not 
how rapidly you travel from the pole to the equator, you will 
freeze at tbe one and perspire at the other; and while passing 
through the different zones of temperature lying between these · 
regions-the frigid, temperate, and torrid zones-you will find 
each with its own products, varying with climate, soil, and 
peculiarity of position, and these variations pervade the whole 
realm of Nature. Take man as an example: with all his power 
of brain and reason, he is largely subject to his environment •. 
Look at the toiling millions of the temperate zone, and the 
enormous activity they display, both mental and physical. Note 
their colour, form, nervous development ; and then pass into the 
tropics, and the whole creature is changed : he is different in 
colour, and displ ays none of the energy or brain power of the 
white species of his kind. Why is this? It is chiefly due to the 
environment in which the creature is living. 

The effect of climate upon race is somewhat remarkably 
illust rated in recent times by noticing the physiqt1e and! 
nerve-power of the present race of Americans. The wonder
ful tide of emigration which has raised them to being a 
nation of 60,000,000 people may have exercised certain influ
ences as regards this change ; but there are many true Americans 
sti ll in existence. Two hundred years a~o they were the same 
race as ourselves, but the difference between us now is marked. 
The climate of America has given them an individual stamp, and 
a perceptible difference in outward semblance has shown itself 
even in this short space oi time. 

Similar changes are manifested throughout the whole animal 
and vegetable kingdom ; and while the geologist, zoologist, 
botanist, ethnologist , and entomologist. each and all are 
separate branches of science, yet each and all have a common 
ground in geography and its application to the shape and form 
of land and sea; to the wrinkled folds of the earth 's surface 
which we call mountains and valleys; to the mighty ocean with 
its currents of air and water, and the influences they exert ; to
the huge inland seas and lakes ; to the great rivers and small 
streams; to the endless varieties in the 3nimal and vegetable 
kingdoms; and we find these great elements of Nature contri
buting each in its own sphere to questions relating lo the com
merce of the world and the development of new countries. 

In this brief intr,>cluction to my paper I have designedly, 
though very briefly, drawn your attention to the science of 
applied geography before passing in review the most recent 
explorations and discoveries of the present day; and while 
doing this, I shall endeavour to draw attention to the great 
necessity for a more thorough study of this science, and the 
influences it exerls upon trade and commerce, as we gain a 
better knowledge of the products of one country and the in
dustries of another, as well as the importance of such knowledge 
to the great manufacturing centres of this nation as new countries 
are discovered and developed. 

It must be remembered that we no longer enjoy a monopoly 
of trade. Other nations are exhibiting large commercial ac
tivities; and if we desire a continuance of the trade of Great 
Britain we must put our shoulders to the wheel with the same 
energies and creative power that have produced such astonishing 
results cluring the present century. 

In the paper to which I have already alluded, it was clearly 
shown how largely the rise and fall of the great emporiums of 
commerce in past centuries were influenced by the struggle for 
the Eastern trade. This struggle is still going on. The Russians 
in Central Asia are steadily advancing as each year goes by, and 
developing that system of absorption which has characterized 
their policy, especially in that region. Central Asia is the 
chosen field of their explorers, and the recent decease of General 
Prjevalsky has been a great loss in the scientific world. A fuH 
account of his remarkable discoveri es and explorations appeared 
in the Proceedings of the Royal Geographical Society. 

The principal work accomplished by the latest Russian 
explorers, Messrs. Grombchevski, Mr. Lidsky, and Mr. Grum· 
Grijmailo, in Central A,ia have been in the region of the Pamir, 
and from thence across the Hindu Kush into Hunza. Also in 
Eastern Bok hara and in the upper waters of the Yarkand River, 
the Kalik Pass, anrl Kr.njat. In the prosecution of these 
researches, which a,e all dangerously near our Indian fron· 
tier, very foll reports are made, more especially rs regards 
trade and comme, ce ; and there is no doubt, ' ince the 
completion of the Transcaspian railway to Samarcand, a great 
impetus has been given to Russian trade in Central Asia, 
e·. en extending, by well-known rontes, as far as the north. 



© 1889 Nature Publishing Group

Sept. 19, 1889] NATURE 493 

west provinces of China, where Russian goods are now found 
e>1tering into competition with those of English manufacture. 

By means o f this railway, right into the heart of Asia, Russia 
l>ias obtained the trade of a vast area, which formerly passed en
tirely through British hands. Both politically and commercially 
she is our rival in the East, and the question which nation is to 
be supreme must come sooner ·or later. 

There is no more interesting c01rntry in the world than China. 
Her teeming and industrial population, her large mercantile 
centres, the geographical situatioo of her territory, her unde-
1V doped mineral wealth, her individuality, and the mag nitude of 
her trade with this country, all combine to invest her with a 
peculiar importance as regards ,our mercantile community. 
Coal has been discovered in all the seventeen provinces of the 
Chinese Empire, but the passive resistance offered by her rulers 
and 'her peoples to all attempts by foreign nations to obtai,1 a 
footing in the interior have prevented any development of her 
Tes0urces. The day, however, cannot be far distant when rail
ways, some of which are already projecte<I, will open up the 
interior of China and make her better known; but we should 
be unworthy children of our forefathers if we permit the trade 
of this rich and widely-peopled country to pass from our hands, 
either from ,a want of energy, or from a departure from those 
'Principles of trade and commerce whose foundations are built 
upon the rocks of integrity and honest dealing. Nothing marks 
the ·individuality of the Chinese more than that, wherever you 
meet him, whatever his surroundings may be, he is John China
man still ; he never adopts the dress, manners, or · customs of 
other nations, but he remains -constant to the pigtail, the quaint 
dress, and the umbrelfa. ; and if established in communities, 
you wil1 find him with his joss-house, food, theatre, and his 
refreshment-places just as if he were in China. 

Our knowledge of the latest acquisition in the East, Rurmah, 
has been largely increased during the past eighteen months. 
Important surveys in North-Eastern Burmah by Colonel ,vood
fhorpe, R.E., and Mr. Ogle have opened up an area of about 
1500 square miles; and the fact of practicable rou tes between 
Assam and Burmah via the Palka Pass is now established. 
Burmah, with its large and intelligent p0pulation (numbering 
about 4,000;000), with its valuable minerals and precious stones, 
with its tropical products, is well wo.-thy of the attention of the 
merchant adventurer; and as our knowledge of the physiography 
0f the country is n,pidly increasing, a study of its applied 
geography is strongly recommended to the student. 

In our own territory of British India large and important 
surveys have been carried on under the able direction of Colonel 
Thuillier. These surveys are -conducted in what is called the 
protected region ; but very interesting additions, especially to 
fhe ·merchant, are made in the outlying territories bordering 
upon our Indian Empire, where no white man could go, by the 
emp1oyment of intelligent natives especially trained for the 
purpose. The information obtained by these men may be very 
profitably studied. 

These Central Asian problems are full of deep si,,n ificance to 
those desir<?us of ~ev~loping anrl retaining the supre";nacy of the J 

trade of tlus Empue m those regions; and I am happy to state· ; 
that papers full of interest on these subjects will be presented to 
you during this meeting. I 

Turning to the northern parts of Asia, I feel some diffidence 
in_ sp;aking before a Newcastle audience on the subject of 
S1bena, for through yom own townsmen, and Captain Wiggins, 
you are well acqus.inted with these regions. The exertions made 
by Captain Wiggins and those connected with him in this 
enterprise should receive the highest commendation ; and that 
they have been so far successful is a matter for rejoicing. At 
the_ same time, I canno~ but think that Russia, continuing the 
pohcy she h'.'-s so steadrly pursued for some years past, against 
the commercial development of Great Britain, would not object 
to the employment of British capital in opening up trade in her 
outlying dominions ; for that tracle, once fairly established on 
good business lines, would be absorbed on behalf of. her own 
manufacturers. I do not attach any blame to Russia in this 
matter, but I am of opinion that more profi:s are to be gained 
when trade follows the British flag, for then British enterprise 
and money reap more certain reward. If the energy, talent, 
and perseverance which have been exhibited by Captain Wiggins 
and his partners had been utilized in the development of some 
of ?ur own territories rather than in thi, territory of another 
nation, I feel sure they would command that success to which 
they are so justly entitled. 

From the consideration of Siberia and the Northern Seas it is 
not a far step to Greenland, whose icy regions and eternal snows 
have been crossed fvr the first time in our history. The hero of 
this exploit, Dr. Fritbjof Nansen, is a native of Norway, and 
the exploration which he has so recently conducted to a suc
cessful issue was rightly alluded to by the President of the 
Royal Geographical Society, in his annual address, as the most 
conspicuous achievement of the year. 

Though young in years, Dr. Nansen proved himself to be a 
le&der of men, and the account of his adventures will be found to be 
full of interest. The results of his expedition deal rather with the 
world of science than with commerce, as his discovery proved 
Greenland to be nothing more or less than a continent whose 
interior is a huge region of ice and snow. It, however, present, 
a most interesting study to those desirous of advancing our 
knowledge of glaciers and the glacial period. Dr. Nansen's 
description of this immense mass of frozen snow, forcing its way 
coastwards from the higher plateam of the interior, by sheer 
weight and pressure, grinding, crushing, resistless in its slow but 
ever-moving power, gives one a faint idea of how the hills and 
valleys of the world were formed when, in remote periods of 
time, they too were under glacial influences, 

Crossing from Greenland to North America, we still find 
ourselves in regions where ice and snow hold undisputed sway 
for a considerable portion of the year. The Canadian Govern
ment, with commendable activity, keep pushing forward their 
su rveys into what is known as the old Hudson Bay Territory. 
The Mackenzie River has been found to be a far larger body of 
water than formerly supposed. More accurate surveys as regards 
the size of some of the great lakes of those regions are being 
made, and our knowledge of the climate and the isothermal 
variations of British North America is each year increasing. 

Petroleum has b~en discovered, and, as the geological surveys 
advance, other discoveries of an important nature may reason
ably be anticipated. I have been told of the existence of a huge 
bed of porous sandstone, saturated with mineral oil, which burns 
like coal. 

Moving southwards, we pass through the prairie-lands of the 
N orth-West of Canada, traversed by the Canadi:m Pacific 
Railway. These rich lands are being rapidly developed, and 
ghould form a happy home for some of our surplus population. 
Colonization is a subject full of geographical considerations, but 
it demands a special paper, and I have neither space nor time to 
introduce it into this address. At the western edge of these 
prairie-lands are the Rocky Mount ains, in whose foot-hills are 
now being reared large herds of cattle and horses, as well as 
flocks of sheep. Some cattle from these fertile regions were 
shipped last year to the English market, and no doubt a regular 
trade will soon follow this experiment. 

Crossing the Rockies in a westward direction, you come to 
the Selkirk R ange, then to the Gold Mountains, and lastly- t ,, 
the Cascades, whose wooded rocky sides plunge into the Pacific. 
Constant explorations are being carried on through these 
mountain ranges, chiefly in researches after gold and other 
precious metals, and our knowledge of their physiography is 
rapidly increasing. The Rev. Mr. Spotswood Green, in an 
interesting pape,· concerning these regions, tells us something of 
the configuration of the Selkirk Range, which offers alike to the 
mineralogist, sportsman, and Alpine explorer a field of great 
interest. 

Continuing southward, we pass through the fertile plains and 
valleys of California, whose large industries in grape and orange 
culture are being fostered and developed. And from California 
you enter into Mexico, whose wonderful mineral resources are 
receiving a new impetus by the construction of railways, 4700 
miles of which are now open to traffic. These railways will not 
only facilitate the transport of the wealth of Mexico from the 
coast to the sea, but they tend also to promote law and order 
among its restless and lawless population. As law and good 
government are established, so will trade and commerce and the 
natural riches of the country be promoted and encouraged. 

Crossing over to South America, we find considerable progress 
in commercial activity, chiefly due to the increased means of 
communication. 

In the smaller Republics upwards Gf 1500 miles of railway 
have been recently constructed ; while in the larger States, 
Brazil has 6000 miles; Peru, 3000 miles; Chili, 1630; and the 
Argentine Republic, 4700-making a grand total in South 
America of 17,000 miles of railways. This allusion to railways 
may not be considered as bearing on the science of geography ; 
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but railways are very important factors as regard; the commerce 
and trade of the world, and by the facilities they afford they 
largel y increase the power of exploration. 

The sou thern portion of South America has been described 
by those who have visited and explored its savannahs and 
prairie-lands as possessing one of the richest grazing-lands of 
the world, and its development is only a question of time. In 
its present condition it offers a very interesting field of research 
to the explorer. 

Time does not permit us to dwell long on the islands of the 
Pacific. Recent events concerning Samoa are fresh in your 
memories; and while some of these is lands have developed com
mercially, it is when they lie in the great ocean tracks of the 
world that their real importance is manirested. Take for example 
the island of St. Vincent, of the Cape Verde Group. It is nothing 
but a barren rock, without any produce whatever; all its water 
has to be br.1ught from a neighbouring island ; yet it pays a large 
revenue to the Portuguese Government sirrply from coal dues, 
for it has a good harbour and lies directly in the line between 
Great Britain and the principal ports of South America; it has 
therefore become a most impnrtant coaling-station. 

From the isles of the Pacific it is but a step to Australia, with 
its six great colonies of Queensland, Victoria, N ew South Wales, 
South Australia, \Vestern Australia, and Tasmania, to which 
may be added New Zealand. Virgin fields untrodden by the 
foot of the white man are still awaiting the explore r to yi· ld up 
their treasu res to the science of appli , d geography ; and when 
the marvellous progress that has been made in a few short years 
by our Australian colonies is weighed and considered, and as 
its vast interior is opened by exploration, and its mineral re
sources a re developed, who could venture to predict the fu ture 
thnt lies before it? 

There nre now nearly l 1,000 miles of railway in operation, 
and many more miles are in course of construction throughout 
these various colonies-a sure and certain indication of their 
energy, wealth, material pro,perity, and progress. Geographic
ally speaking, some are not without their troubles. Take 
Q ueens land for instance. Her territory runs north and south 
for nearly 1500 miles, and lies both in the temperate and tropic 
zones. The Governments who during past years have adminis
tered her affairs have experienced some difficulties whilst en
deavouring to reconcile the conflicting interests which arise out 
of her geographical position. 

Laws relating to labour and capital in a temperate zone are 
not a lways in conformity with the indnst ries and requirements of 
a tropical temperature, in which the white man is obliged 
to employ labour suitable to the climate. Hence we find a 
numerous section of the inhabitant; of the northern part of this 
colony agitating in favour of separati0n. Aus tralia has large 
coal measures, and abounds in precions metals as yet hardly 
devdoped. 

Attached to Australia are the great an<l lesser islands forming 
the Australasian archipelago. The most important of these is 
N ew Guinea, and quite recently a successful exploration of its 
highest mountain range has been accomplished by the present 
administrator, Mr. Macgregor, who reached an elevation of 
about 14,000 feet. A very interesting paper was read before 
the Royal Geographical Society by Mr. Paul Thomson concern
ing the D'Entrecasteaux and Louisiade Groups, adjacent to New 
Guinea ; and though many of these islands and their inhabitants 
are quite new to us, still the knowledge we gain from a study of 
their geographical position may be turned to ;:: ractical uses by the 
merchant adventurer. 

Last but not least in this record of geographical progress of 
the world is the vast continent of Africa. 

As General Strachey, late Presiden t of the Royal Geographical 
Society, in his address of this year, remarks :-

' ' The reflection can hardly be avoided that, great as has been 
the ad vance of exploration in Africa during the last twenty or 
thirty years, the interest of geographers will, in the immediate 
future, be more and more centred in that continent. Excluding 
the polar regions, there is no considerable portion of the earth's 
surface, unless it is in Africa, the essential outlines of which have 
not been delineated." 

These words are, I think, absolutely true. Whether we 
consider Af, ica in regard to the ext raordinary explorations 
and developments since the commencement of the work of 
David Livingstone ; or from the fact that vast areas of its 
tropical portion remain untouch ed as yet· by exploration, and 
a re therefore i:nknown; or from a contemplation of the teem-

ing millions of it s inhabitants, of which the larger portion have 
never seen a white man; or from the uncom pleted work of the late 
General Gordon, and the re-establishment of the power of a civil
ized Government over the whole of th e Nile b ,sin; or from the 
slavery guestion, in which our nation has taken the most active and 
leadi ng part; or from the spectacle of a white man, E min Pasha, 
estal,lish ing a settled form of government in the heart of the 
continent, between the two great slave-dealing communities of 
the Bahr-el-Ghazal and that of the Upper Congo and Lake 
T anganyika; or from the expedition sent to convey to him the 
succour he so much needs, under the leadershi p of Mr. H . M. 
Stanley; or frqm the intense interest recen tly exhibited hy the 
nations of E urope in portioning out Afr ica between each other-
an interest that has led on the west coast to the establishment of 
the Congo Free State, and the German protectorate in the 
Cameroons, France and Portugal adding largely to the pos
sessions they already hold, and England contenting herself with 
strengthening her grip upon the Niger, and on the east coast by 
the formation of the British and German spheres of influence ; or 
to the colonies which Great Britain possesses in the southern 
extremity of this great continent ; or to the struggle which 
sooner or later must be fought out between Christianity and 
Mohammedan ism as regards the native races of Cent ral Africa, 
in which the River Congo will play an important part : I say when 
we consider all these and the many other p··oblems of this 
cor,tinent , the vast interests they represent , and the varied 
influences they may yet exert on the future history of this earth, 
as well as the extraordinary part which Great Britain has been 
permitted to play in li[ting the vei l of mystery and doubt which 
up to our own times enveloped these reg ions, we are forced to 
acknowledge that the country in which the civi li zed world takes 
the most active and absorbing interest is Africa, and that the 
Dark Continent still maintains its supremacy. 

As regards Africa two very remarkable journeys have recently 
been brought to a successful conclusion - that of Count Teleki, 
an Austrian, on the north, and that of Mr. Arnot in the regions 
south of the equator. 

The former, entering Africa at Mombasa, at the head of a 
numerous and well -equipped caravan, passed through the Masai 
country by what is known as 1 hompson's route, and, pushing 
northwards, discovered Lake Rudolph , a large inland salt lake, 
and by follow ing its shores he was enabled to trace with commend
able accuracy its shape, size, and position. 1 he existence of a 
large lake, called Samb11ru, in the direction of Count Teleki's 
journey, had for some time been spoken of by the Arabs who 
traded in that region, but nothing definite was known concerning 
it. Count Teleki also obtained much valuable information of 
the region between Mount Kenia and Lake Rudolph, its inhabi
tants, its rivers, and its product s; and the detail; of his most 
interesting and successful journey have yet to be published. 

Mr. Arnot, on the other hand, started in 1883 from Pieter
maritzbnrg with a very slender equipment and hardly any 
following. His object was to prove the existence of healthy 
plateaus in the interior of Africa, where white men could live 
and prosecute the work of missionary civi lization without being 

. exposed to the malarial influences which exist in so many parts 
of Central Africa. 

Taki ng a northerly course, he reaches the Zam besi, whose 
waters he follows as far as Lealui. From th is pvint his route 
trends to the west as far as R obongo, the capital of the Bihe 
country. From Robongo he continues his march to Bailundu, 
and from thence he reaches Benguela, on the west coast. Thus 
he crossed Africa in the same direction as Livingstone 's first 
journey, though somewhat to the south of Livingstone's route. 
While at Bailundu he meets s ,me messengers from Msidi, the 
chief of the Garangenze country, who beseech him to visit their 
king ; and having replenished his stores, he retraces his steps to 
th e interior. 

From January 1885 to February 1S86 he perseveres in his 
attempt to reach the capital of Msidi's country, and_ his efforts 
are at length crowned with success. After a sojourn among 
these peo1 l e for two years, during which time he thoroughly 
succeeded in obtaining their confidence and that of their ruler 
Msidi, he returned to Europe in the latter part of last year, but 
not before he had established two other white missionaries at 
Mukururu to continue the work he had begun. 

H e also made several small expeditions during his residence 
at Mukurnru, the most interesting of which was to the cave
dwellers of Urua, mentioned by Livingstone. This kingdom of 
Garangenze is situated to the east of Lake Moero ; and Mr. 
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Arnot ha~ recenily published a book of his travels, giving a very 
clear and mterestmg account of these people, their manners, and 
their customs. Of all Livingstone's folhwers, Mr. Arnot very 
closely resembles the great leader in the patient earnestness, 
the quiet energy, and the scanty resources with which he prose
cuted his remarkable journeys. 

He has quite recently returned to t!ie west coast of Africa with 
the intention of rejoining his triends at Garangenze. 

The events which attended the expedition under Mr. H. M. 
Stanley to succour and relieve Ernin Pasha are so well known to 
you all that I shall only attempt a brief recapitulation here. 

\Ve have lear~ed from his own pen h >w, after much suffering 
and great hardships, he eventually overcame all the difficulties and 
obstacles which had to be encountered while conducting his 
caravan from the head waters of the Congo to the lake Albert 
Nyanza; that on reaching that lake he met Emin Pasha. 

The value of Mr. Stanley's journey and the remarkable energy 
and courage he displayed, his high scientific attainments and the 
infor~ation _that w!ll result froi_n his _labours, are, fro:U a geo
graphical pomt of view, of the highest mterest. The desiccation 
of the lake Albert Nyanza, and its influences on the rise and fall 
of the Nile, are not the least remarkable of these problems. For 
my own part, I a1:1 of opinion that t~is rise and fall is mainly 
caused by the rapid growth of tropical water-plants. During 
the dr)'. season this vegetation increases enormously, and at the 
fi_r~t rams large masses of aquatic gro"':th are loosened by the 
~1smg of the waters. These masses, m the form of floating 
islands, !?ass do~nwards on the bosom of the flowing waters, and 
on reachmg a wide and shallow part of the river, such as we find 
at the Bahr-el Ghazal, they gradually but quickly collect till they 
f?rm a dam of sufficient density to obstruct the prog,·ess of the 
~1ver ; and the water thus arreste~ fin~s a temporary lodgment 
m the lake Albert Nyanza, causmg It to overflow its non1al 
boundaries .. At length the vegetable dam can no longer with
stan~ the_ weight and pressure ."f the water bearing upon it; a 
portion gives way ; a channel 1s opened; and the river, hmrying 
on to the sea, overflows the banks of the Lower Nile and drains 
the lake to a lower level. This is what happen; to the Ahert 
N yanza, :-Vhich _is nothing more than a huge bacs:water of the 
l:rper Nile basm, and it accounts for the lake being seen at two 
different levels by those two distinguished exphrers Mr. H. M. 
Stanl~y and Sir Samuel B~I, er, and henc~ the clifference of opinion 
as to its true extent and size that has ansen between them. \Ve 
know that this phenomenon takes place on Lake Tanganyika, as 
Stanley found a marked difference in its level on the two occ,,sions 
he rested upon its shores. He also followed the Lukuo-a River 
from t_he Tanganyika Lake to its junction with the Congo; and 
there 1s no doubt that a vegetable clam, such as I have described, 
forms _at the point of d~parture of this river from the lake, and pre
vents !ls regnl~r flow till the weight and pressure behind it sweeps 
all away. Durmg the second year that I was on the Congo we had 
an unusually heavy flood at the time of the first rains. The river 
rose several feet in one night, and some months afterwards news 
came from the Upper Congo that the waters of the big lake had 
broken through, and this no doubt had reference to the Lukuga 
River and Lake Tanganyika. 

N_ow, as regards the countries through which we have been 
passmg, there are certain· points of great interest connected with 
the science of applied geography, to which I desire to draw your 
special attention. 

The first of these points is the study of the grea: railway 
systems of the world, and the application of railways to the de
velopment of new countries. Take our Indian possessions for 
example. \Vbat a change has been wrought, not only as regards 
the commerce of the country, but also with reference to the social 
condition of its inhabitants and their manners and customs ! 
!he introduction of Indian wheat, by means of these railways, 
mto the markets of Europe has caused a revolution in the trade 
!n that commodity. We find this especially in America, where 
it_ has up?et the calculations of those gigantic combinations or 
nn_gs which ~ought to obtain a monopoly in the supply of this 
umversal article of food. Thus the construction of rail ways in I 
the East exercises commanding influences over the markets of 
the West. 

_Co?sider also the traffic fwrn China and Japan to America, 
with its 60,000,000 people, by means of the great Atlantic and 
Pacific railways, in tea and raw materials. Now, althongh rail
ways cannot compete with direct traffic by sea, when the necessity 
for more rapid conveyance of certain goods arises, we find that 

a combination of sea and land transport is often adopted in pre
ference to the longer route by sea alone. 

Th~ devel~p_ment of any ~ountry, no matter what its geo
graphical_ pos1t10~ may be, 1s enormously increased by the 
construct10n of railways. Take the Congo Free State as an 
inst~nce (which is undoubtedly the finest property in Central 
Afnca). So long as the Upper Congo region, with its miles
measured by thousands-of navigable tributaries, was separated 
from the Lower Congo by the rapids extending from Stanley 
Pool to Matadi, this magnificent territory was practically shut to 
trade and commerce. Every piece of goods in the interior had 
!o be carried on men's heads for more than 200 miles, and all 
ivory and other products were brought to the coast in the 
same way. Ronghly speaking, such transport costs abJut £40 
per ton. 

The Congo Free State has wisely determined to build a rail
way, of rnme 250 miles in length, to cross this cataract region ; 
and the moment it is completed the future of that country is 
assured. 

H.M. the King of the Belgians has kindly given permission 
for a Belgian officer of distinction, Captain Thys, to read a paper 
at this meeting on this railway, which will afford a more detailed 
account of this wise and patriotic undertaking. 

I Jave mentioned railways as the first point of interest because 
they are creations of our own time, and have therefore a special 
interest of their own ; hut the roost important factor in the early 
history of the science of applied geography, and to which the 
establishment of our great colonial empire is mainly due, is the 
record of the merchant adventurers. 

Their voyages and exploit,, extending to every part of the 
globe, began at the end of the fourteenth century, in the reign of 
Henry VIII., when the Cabots (Veaetians) sailed from England 
to Newfoundland, and afterwards to Florida. This expedition 
and those which followed it were fitted out at the expense of 
corporations of merchants, with the object of extending the 
commerce of the conntry by a search after trade in new and 
foreign lands. They were placed under the c ;mm and of some 
well-known leader, and the results obtained were extraordinary. 

In 1530 the merchant adventurers of England atleropted the 
North- \Vest Passage, as it is called, to China, and between 1550 
and 1578, Sir H. Willoughby, Frobisher, and Sir H. Gibbon all 
made remarkable voyages. 

Between 1585 and 1615, Davis, Hndson, and Baffin were sent 
by merchant companies to the polar seas, and their discoveries 
are handed down by the straits and bays which they discovered, 
and which bear their names. 

In 1580 Drake took the first English vessels into the Pacific 
Ocean. Drake was not only a bold and successful navigator, but 
he was also a commander of men, in which he showed rare tact 
and ability. 

In 1588 the merchants of Exeter established a trade with the 
\Vest African coast, and the Senegal Company was formed. 

In 1553 the first effJrt to reach India was made via the Cape of 
Good Hope. It was not, however, till the year 1660 that any 
progress was made in the East. In that year the East India Com· 
pany was formed, and it is to the establishment of this Company 
that we owe our great Inclian Empire. The year 1669 saw the 
formation of the Hudson Bay Company-a Company which exists 
at the present day. And so the record goes on down to our 
own times. Not the least amongst the trading corporations of 
Great Britain were the merchant adventurers of this city in which 
we are now assembled ; and they, too, contributed in no small 
degree, not on! y in the past but in the present, to the extension 
of our geographical knowledge and its application as a science. 
No doubt the spirit and energy of our Scandinavian forefathers 
has been fostered and encouraged until it has no ,v found its 
development in the enterprise and prosperity of this great mer· 
cantile centre of the north of England. And the old churches of 
Tarrow and Monkwearrnouth bear further testirnornv lo the fact 
that, as commerce drew together communities which became 
centres of maritime energy and progress, religion was not for
gotten, and the seed of knowledge and truth thus sown in the 
early history of the past has spread itself throughout the 
length and breadth of the great colonial empire of Greater 
Britain. 

Following on the discoveries of the sixteenth and seventeenth 
centuries, and the marvellous results to which they have given 
birth, the story of our own times, from a geographical point of 
view, is quite as wonderful. As I remarked at the beginning of 
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this paper,_ the discovery o~ steam as '." _motive power has brought 
the world mto an extraordmarv cond1t1or. of contactiveness and 
quite recently several new coi'.npanies have been formed i~ the 
same spirit and on the same lines as those followed hy the old 
merchant adventurers. These later creations are being started 
under more favourable conditions than their predecessors. for 
they_have all the advantages which modern science and modern 
appliances can afford. The English Government have wisely 
encoural\ed and promoted the formation of these trading 
corporat10ns. In countries where climate and circumstances of 
environment are not favourable to colonization by white men 
our colonial system of government progresses somewhat slow!/ 
It has not _the elc_sticityi nor the adaptability, to provide for the 
many contmgenc1es which must naturally arise when a few white 
men maintain th~ position of rulers over large areas, peopled by 
savage and unc1vil1zed races. 

I~ the Island. of Borneo _the_r~ is the N orth Borneo Company 
tr::tdmg, governmg, and c1v1hzing a large portion of territory 
with marked success. 

On t~e west coast of Africa, the Royal Niger Company is 
developing the great natural resources of that mao-nificent river 
and its tributary the Binue. ' 

On the east coast there is the Imperial British East African 
~ompany, operating in ~hat is known as the British sphere of 
mfluence north of Zanzibar. Though not a twelvemonth has 
pass~d since they commenced their work, their initiatory pro
ceedings have been remarkahlf successful, and there is every 
prosp~ct of an e::trly and rapid development of the territory 
committed !o their ch::trge. In th·: south-eastern portion of 
<;entral Afnca, the Afnca:n Lakes Company have fairly estab
lished themselves; and a new company is now being formed to 
open up and civilize a further portion of that section of the 
African continent. 
. 1:he establishrr:ent of these great trading and governing centres 
1s likely to exer_c1se most imi:ortant inflnences. They are, as I 
have before pomted ont, from their organization and objects, 
better adapted at the outset to compete with and overcome the 
obstacles which present themselves to established forms of 
bureaucratic government ; at the same time the Government of 
this country can interfere in cases of necessity, by the grants that 
have been maJe to them of Royal Charters under which they 
carry on their operations. ' 

A wise control and judicious administration combined with 
the introduction of commerce and civilization will, at no distant 
date, open these territories to the markets of the world to the 
missionary, and to the scientific explorer. The com'mercial 
element of geography also enters very largely into their 
promotion and prosperity _he_cnuse of the fields they open to our 
home manufactures. It 1s important here to observe that if 
these territories had passed into the hands of other nationalities 
but a very limited quantity of British goods would ever hav; 
entered into them, and their value, as a market for the industries 
of the nation, would have been lost. 

Th_e establishment of a_ Geographical Society in this city is of 
real importance. Its objects should be the collection of infor· 
mation, and the study of applied geography in all its varied 
branches and aspects. It should aim to furnish complete infor
mation concerning the geography of all parts of the globe. In 
Chambers of Commerce our large trade centres have no doubt 
means o: guiding _and controlling some of our most' importan~ 
mercantile operations, but they afford no opportunities to the 
student , they are not teaching bodies ; and there are instances 
wher~ con~iderable risks ~ave been incurred and heavy losses 
sustamed m some of their ventures, simply from a want of 
knowledge of geographical data. 

I s~onld Ii_ke to see a Geographic_al Society in every large city 
of this Empire, conducted on the hnes I have briefly suggested, 
becau~e the study o~, and interest in, the commercial geography 
of this great Empire and the world is too much neglected 
amongst us. Past prosperity, and a tendency to nm in the same 
groove, n'."rrow our c?mme_rcial h?rizon. Slowly, but surely, 
other i:iauons, competmg with us m many parts of the world. 
are clomg so successfully because of the stuciy they make of 
commercial geography. 

It is fo~ this reason I have in my address dwelt strongly upon 
ihe_ quest10n and study of geography as an applied science, and 
1t 1s for a greater reason I urge its importance, viz. that we 
may hand down to our children unimpaired the heritage be
queathed us by our forefathers ; a heritage gained by courage, 

ener~y, peyseverance, and patriotism-qualities which, under 
Gods blessmg, have made this nation the head of the commerce 
of the world. 

SECTION F. 

EC0'I0:l!IC SCIENCE AND STATI STICS. 

O PENING -ADDRESS BY PROF. F. Y. EDGEWORTH M.A., 
F. S.S., PRESIDENT OF THE SECTION . ' 

Points at wh!ch mathematical reasoning is applicable to 
poht1cal economy-

A. -Perfect competition-
!. Simplest type of market. 
2 . Complex system of markets · simplified by certain 

abstractions. ' 
3. The more concrete problem of an exchange and 

distribution. 
B.-Monopoly-

I. Transactions between a single monopolist and a 
competing public. 

2. Tr_ansactions between two monopolists or combina
t10ns. 

The use of these applications of mathematics to political 
economy illustrated by comparison with-

r. Applied mathematics generally. 
2. The mathematical theory of stat istics. 

Conclusion. 

AT (he meeting of the British Association which was held at 
Camb_ndge a?out a quarter of a century ago, J evons submitted 
to this S,~ct10_n a "geneyal mathematical theory of political 
economy, which, as he lumself records, was "received without 
a word of interest or belief." I propose to consider the justice 
of the unfavourable verdict which our predecessors appear 
to have passed on the mathematical method introduced by 
Jevons. 

_There is some difficulty in discussing so abstruse a subject in 
this place. It i~ as if one should _discourse on the advantages of 
classical education on an occasion on which it might seem 
pedantic to cite the learned languages. I shall evade this diffi
culty by addressing to students some appended notes I which 
like the boy of pro,•erb, are to be seen, not heard. ' ' 

The cardinal article of J evons's theory is that the value in 
exchange of a commodity measures, or corresponds to, the utility 
of the least useful portion of that commodity. What a person 
pays per month or year for a sack or ton of coal is not what he 
would be willing to give for the same rather than be without 
fuel altogether. Rather the price is proportioned to the 
advantage whic~ the con~nmer expects from the portion which 
he could best dispense with-to the "final utility," in Jevons's 
happy phrase. 

I shall ~ot be 7xpecte~ here to dwell _on a subject which has 
been elucidated m treatises of world-wide reputation, such as 
those of Profs. Marshall, Sidgwick, Walker, and I would add 
Prof. Nicholson's article on "Vaine " in the "Encyclop;edia Bri
tannica." Those writers seem to present what I may call the 
economical kernel of Jevons's theory divested of the mathe· 
m~tica\ shell in_ which it was originally inclosed; whereas my 
object 1s to consider the use of that shell-whether it is to he 
regarded as a protection or an encumbrance. 

I may hegin by removing an objection which the mere state
me~t of the quest\on raises. The idea of reducing human 
actions to mathematical rule may present itself to common-sense 
as absurd. One is reminded of Swift's "Laputa," where the 
beef was cut into rhomboids and the pudding into a cycloid arnl 
the tailor constructed a very ill-fitting suit of clothes by dieans 
of rule and compasses. It should be understood, however, that 
the new method of economical reasoning does not claim more 
precision than what has long been conceded to another depart
?lent of science applied to human affairs-namely, statistics. It 
1s now a commonplace that actions such as suicide or marriage, 
spr!nging from the most capricious motives, and in respect of 
which the co_nduct of individuals most defies prediction, may yet, 
when taken m the aggregate, be regarded as constant and uni-

' The appended notes are referred to by letters of the alphabet, thus: (a). 
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form. The advantage of what has been called the law of large 
numbers may equally be enjoyed by a theory which deals with 
markets and combinations. 

But, indeed, even the limited degree of arithmetical prec,sion 
which is proper to statistical generalizations need not be clai ned 
by our mathematical method rightly understood. It is concerned 
with quantity, indeed, but not necessarily with number. It is 
not so much a political arithmetic as a sort of economical 
algebra, in which the problem is not to find x and yin terms of 
given quantities, but rather to discover loose quantitative rela
tions of the form : x is greater or less than y, and increases or 
decreases with the increase of z. 

Such is the character of what may be called perhaps the 
leading proposition in this calculus-namely, the mathematical 
theory of supply and demand. The use of a curve introduced 
by Cournot to represent the amount of a commodity offered, 
or demanded, at any particular price, supplemented by J evons's 
theory of final utility (a), does not indeed determine what price 
will rule in any market. But it assists us in conjecturing the 
direction and general character of the effect which changes in 
the condition or requirements of the parties will produce. For 
example, in the case of international trade the various effects of 
a tax or other impediment, which most students find it so diffi
cnlt to trace in Mill's laborious chapters, are visible almost at a 
glance by the aid of the mathematical instrument (b). It takes 
Prof. Sidgwick a good many words to convey by way of a par
ticular instance that it is possible for a nation by a judiciously 
regulated tariff to benefit itself at the expense of the foreigner. 
The truth in its generality is more clearly contec:iplated by the 
aid of diagrams such as those employed by the eminent mathe
matical economists Messrs. Auspitz and Lieben (c). 

There seems to be a natural affinity between the phenomena 
of supply and demand and some of the fundamental concep· 
tions of mathematics, such as the relation between function and 
variable, 1 between the ordinate of a curve and the corresponding 
abscissa, 2 and the first principle of the differential calculus; 
especially in its application to the determination of maxima and 
minima. The principle of equilibrium is almost as dominant in 
what J evons called the mechanics of utility as in natural philo
sophy itself. In so many instances does mathematical science 
supply to political economy what Whewell would have called 
"appropriate and clear" conceptions. Their nse might, per
haps, be illustrated by comparing-however fancifully, and si 
parva lice! componere magnis-the advance in economics which 
J evons initiated or continued to the advance in mathematics 
which the new and sublime method invented by Sir vVilliam 
Hamilton appears to have effected. Algebra and geometry are 
to ordinary language in poiitical economy somewhat as qua
ternions are to ordinary algebraic geometry in mathematical 
physics, if we accept the view of the latter relation which has 
been given by a very competent judge, Clerk Maxwell. "I am 
convinced," he says, "that the introduction of the ideas as dis
tinguished from the operations and methods of quaternions will 
be of_ great use in the study of all parts of our subject, and 
especially .•.• where we have to deal with a number of 
physical quantities, the relations of which to each other can be 
expressed far more simply by a few expressions of Hamilton's 
than by the ordinary equations." 3 This is the spirit in which 
the economist should employ mathematics--" the ideas as distin
guished from the operations and methods." 

In considering the above-given, and indeed any concrete in
stances, it is hardly possible to keep to what may be called the 
simplest type of supply and demar.d, the ideal market in which 
we_contemplate only two groups of competitors and only two 
articles of exchange; say, gold for corn, or any other quid pro 
quo. In general, and especially when considering what rates of 
exchang;e tend to rule in an average of transactions, it is proper 
to take rnto account that the dealings in one market will affect 

1 T~e treating as constant what is v~riaJ:>Ie-e.g. supply, tttargbz, wages 
f"';fd, 1s ~he source of most of t~e fal1ac1~s m pohtical economy. 

. For 1Il5-tance, the two m~amngs of mcrea_sed demand-which Mr. Sidg
w1ck ~as contra~te~ ~s the nse and the e:'ti:ns10_n of demand-are most easily 
and wtth least ltab1hty to logomachy d1stmgu1shed as the variation of an 
ordinate (r) due to _the displacei:1ent of the curve, the abscissa not varying, 
or (2) correspon<lmg to an mcrcment of the abscissa, the curve being 
undisturbed. 

3 Clerk l\Iaxwell, "Electricity and l\Iagnetism," Art. He says in the 
context: "As the methods of Descartes are still the most familiar tv stu
dents. of science, and as they are really the most usefol for purposes of cal
culat1on, we sh?'ll e~press al_l our results in the Cartesian form.'' Compare 
Prof. Marshall s dictum with respect to the use of the vulo-ar tonu-ue in 
'' Economic Reasonings," cited below, p. 9. 

0 0 

those in another. If the e11trcpreneur has less to pay for 
machinery, c,rt,ris paribus, he will be able to offer more on 
the lctbour market. Thus we obtain the idea cf a system of 
markets mutually dependent. In a general view of this corre· 
lation it is not necessary to distinguish whether the state of one 
part is connected as cause or eflect wiLh the other parts of the 
system. As Prof. Marshall 1 says:-" Just as the motion of 
every body in the solar system affects and is affected by the 
motion of every other, so it is with the elements of the problem 
of political economy" (e). 

This conception of mutually dependent positions is o:-ie in 
which minds disciplined in mathematical physics seem pecu
liarly apt to acquiesce. In other quarter.; there may be o:)served 
a restless anxiety to determine which of the variables in a system 
of markets is to be regarded as determining or regulating the 
others. In one of the principal economic journals there has 
lately been a pretty stiff controversy on, the question which of 
the parties in the distribution of the national produce may be 
regarded as " residual claimants upon the product of industry " 
(Quarterly Yournal of Economics, 1887, p. 287; 1888, p. 9); 
whether it is the working class which occupies this preferential 
position, or if the '' real keystone of the arch" is interest. Such 
questions certainly admit of a meaning, and probably of an 
answer. But they will probably appear of secondary importance 
to those who accept, as the first approximation to a correct view 
of the subject, the principle of mutual dependence-what may 
be called the Copernican theory of distribntion, in which one 
variable is not more determined by another than the other is by 
that one (f). . 

Among the factors of this economic equilibrium I have not 
as yet explicitly included cost of production. Rather, the sys· 
tern of markets which so far I have had in view is that which 
would arise if the articles of exchange were periodically rained 
down like manna upon the several proprietors, and each indi
vidual sought to maximize his advantage according to the law 
of final utility. But now we must observe that self-interest does 
not operate in this fashion. \Ve must take account of efforts 
and sacrifices. · 
· Here, again, the language of symbol and diagram is better 
suited than the popular terminology to express the general idea 
that all things are in flux, and that the fluxions are interde
pendent. In Prof. Marshall's words, "As a rule, the cost of 
production of a thing is not fixed ; the amount produced and its 
normal value are to be regarded as determined simultaneous! y 
under the action of economic laws. It, then, is incorrect to say, 
as Ricardo did, that cost of production alone determines value ; 
but it is no less incorrect to make utility alone, as others have 
done, the basis of v:1lue" (" Economics of Industry," p. 148). 
Among those who may have gone astray in the latter sense, 
who, in their recoil from Scylla, are at I,ast sailing dangerously 
near Charybdis, may be placed the important Austrian school 
who have rediscovered and restated the theory of final utility 
without the aid of mathematical expression. To amplify a figure 
suggested by one of them, 2 let us figure the hard conditions of 
industrial life by the austerity of a schoolmaster, who, in order 
to cultivate patience and fortitude in his scholars, should dis
tribute among them certain rewards-it might be toys and sweets 
-in return for certain amounts of fatigue and pain endured. 
Thus, the cost of procuring a marble might be writing out 
twenty lines ; the cost of a top, standing half an hour in the 
stocks. Supposing exchange to be set up among the members 
of the youthful population, free competition being assumed, there 
would theoretically arise an equilibrium of trade in which the 
value of each article would correspond to its final utility. That 
is, if a top exchanged for ten marbles, it might be expected that 
each boy would prize the last top about as highly as the last 
decade of marbles which he thought fit to purchase. So far, 
final utility may be regarded as the regulating principle. 

But it is equally true that the final dis-utilities of the exchanged 
articles will be equal. If a top is worth ten marbles, we are 
entitled to expect such an adjustment of trade that each and 
every boy would as soon stand in the stocks half an hour as 

1 In a remarkable review of Jevons's theory in the Actidemy of Arril r, 
1872. 

:.! Cf. Prof. Bohm 13awerk : '' Es kann ein Erzieher einem Knaben um 
ihn g~gen Weheleidigkeit abzuharten, fi.ir die tapfere, freiwillige Erduldung 
von ~chmerzen ein sehnlich begehrtes Spielzeug in Aussicht stellen. So 
unt~_rge9r~1:et d~s Vorkummeo solcher F~lle auch se_in mag, :50 wichtig ist 
es fur die l heorie festzustellen, class Arbe1t und Arbe1tsplage dcch nicht der 
einzige Umstand ist, auf den sich ••• die \Vertsch:itzung grlinden kann." 
-J{onrad's /ahrb11cle, 18E6, p. 43. 

V 2 
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write out two hundred lines-the cost of ten marbles at twenty 
lines per marble. 

To be sure, final utility may be conceived as operatino- by 
itself without reference to cost of production, as we t:Citly 
assumed in our first paragraphs. Whereas the converse con· 
ception of a traffic in discommoditics has less place in real 
life . 

But it is not worth while weighing the t wo principles against 
each other, in vacuo, so to speak, and abstracting the real cir
cumstances by which each is differently modified. As these are 
introduced, the balance will oscillate now in favour of one side, 
now of the other; perhaps leaving it ultimately uncertain 
whether cost of production or final utility is the more helpful 
in the explanation of economic phenomena. 

For instance, in our allegory let us introduce the supposition 
that thc!re is only one variety of cost-say, the common labour 
of writing out verses. If, now, the authorities fix twenty lines as 
the cost of a marble, and 200 as the cost of a top, it is predictable 
that a top will be worth ten marbles. It is equally true indeed, 
now as before, that the final utility of a top will be equal to 
the final utility of ten marbles. But the latter proposition, 
though equally true, is not equally useful. For it does not afford 
the simple and exact method of prediction which is obtained by 
the Ricardian view upon the supposition made. But then the 
supposition that there is only one variety of sacrifice is not always 
appropriate. And even if that were appropriate, it might not 
be helpful when we introduce the condition that the cost of pro
curing each article is not fi xed definitely, but varies increasingly 
or decreasingly with the· amount procured. Thus,. the cost of 
the first marble given out might be twenty lines ; of the next 
marble, twenty-one lines ; with an equally varying scale for 
tops. Upon this supposition the two propositions that value 
corresponds to final utility and also final disutility might be 
eql.ially true, but equally useless for the purpose of prediction. 

Again, it may be that a man is freer to vary the extent of his 
expenditure than the duration of his work (g). The final dis
utility experienced by the Secretary of this Association during its 
meetings must. be fearful. F or it is not open to him to terminate 
at pleasure his day's work, as if he were employed by the piece. 
He would not, however, have accepted the office unless the 
advanlages, less by all the trouble, were at least as great as in 
any other position open to him. Now this equation of the net 
advantages in different occupations is-co-ordinately and (in a 
mathematical sense) simultaneously with the equation of final 
utility fur different kinds of expenditure-a condition of normal 
economic equilibrium (h). Yet again, the free play of this 
tendency is impeded by the existence of "non-competing 
groups." 

I cannot be expected here to enumerate all the conditions of 
economic equilibrium. For a complete exposition of the com
plexities at which I have thought it necessary to glance, I must 
refer to the second book of Prof. Sidgwick's " Political Eco
nomy." It will be evident to his readers 2 that what may be 
called the general economic problem of several trading bodies 
distributing and exchanging inter se under the influence of self
interest and in a dg11ne of competition is much more hopelessly 
difficult than the as yet imperfectly solved dynamical problem of 
several material bodies acting on each other in vacuo. When 

1. Suppose our allegorical schoolmaster should discontinue th e system of 
rewards, and prefer to cultivate di ligence by requiring each boy from tim e to 
time to bring up a certain number of lines, writ teu out-whether by himself 
or another would not Le scrutini,:ed-or to be responsible for the cleaning of 
a window, after the manner of Mr. Squeers's practical method. In the 
traffic of discommodities which would be set up on this supposition, the 
(negative) value of each article of exchange would be measured solely by its 
<lisutil1ty. However, it must be admitted, I th it1k, that this latter hypothesis 
is rather more ab,urd than the former abstractiun-with reference to real life 
at least ; for. as it happens, the traffic in imposltions more nearly resembles 
what is said to occur in actual schools. 

2 There occurs to me only one point at which the use of mathematical 
illustratL1ns more complicated than those which I have referred to in my 
first two headings would conduce to the apprehenslon of Mr. Sid_gwick's 
theorems. I allude to his repeated statement that, not only in internat ional 
trade, as Mill pointed out, but also in trade in general. there may be several 
rates of exchange at which the supply just takes off the demand. This 
statement , taken without reservation, goes the length of de:;troying the 
pre~tige which is now attached to competition. Prof. Marshall, in an im
portant passage. recommends arb'.trators and combinations to imitate the 
mc,thod of a celebrated engineer, who, in order to make a breakwater, first 
ascertained the slope at which a bank of stones would naturally be arranged 
under the action of the waves, and then let down stones so as to form such a 
slope ('' Econqnucs of Industry:• p. 215). Now, if gravitation acted some
times vertically and sometimes at an angle of 45", if the forces "f competit1')n 
tended to two distinct positions o f equilibrium, the c0nstruction of the 
economic breakwa ter would become arbitrary. It i.,; important. therefore, 
to show the limits of Prof. Sldgwick's theory. See the appended note (j). 

Gossen, the predecessor of J evons as an exponent of the law of 
final utility, compares that principle to the law of gravitation, 
and the character of our science to that of astronomy, he bet ray., 
a too parental partiality. A truer, though still to::, flattering, 
comparison would be afforded by some very immature and im
perfect specimens of physics- say the theory of fluid motion 
applied to the problems of house ·ventilation. 

There is a certain resemblance between the uniformity of 
pressure lo which the jostling particles of a gas tend and the 
unity of price which is a pt to result from the play of competition. 
As the architect is guided by studying the laws according to 
which air flows, so it will help the builder of economic theory 
to have mastered the principle of movement towards equilibrium. 
But even in the material constructions practice is apt to lag far 
behind theory, as every reader in the British Museum knows. 
Much less are we able to predict what currents will flow between 
the different compartments of the industrial system. \Ve know 
so imperfectly the coefficient of fluid friction, and the other 
conditions of the general problem : what compartmen ts may be 
regarded as completely isolated and hermetically sea led, which 
partitions are porous and permeable. 

Moreover, there is one operation of competition, which it 
does not seem easy or helpful to represent by physical analogies 
- the transference from one occupation to another, the equation 
of net advantages or total utilities in different employments; 
industrial as distinguished by Cairnes from commercial competi
tion. The latter operation appears to me to admit much better 
of mathematical exp ression than the former, which is not so 
well represented by the equilibrium of a physical system. 1 Ac
cordingly, the equation of net advantages has been judiciously 
omitted by J evons in his formulation of the cost of production. 
And the Helvetian J evons, as we may call Prof. Walras, 
appears to have altogether made abstraction of the cost of 
production considered as importing sacri!ice and effort. 

Prof. Walras, illustrating the operation of a simple market, 
supposes each dealer, before going to market, to write clown 
his scale of requirements-how much he would be willing to 
buy or to sell at each price. From these data it would be easy 
to calculate beforeh and the rate of exchange which would prevail 
in the market formed by those individuals. But, when we 
advance from the simplest type of market to the complexities 
introduced by division of labour, it is seen to be no longer a 
straightforward problem in algebrn or geometry, g iven the 
natures of all the parties, to find the terms to which they will 
come. Here, even if we imagine ourselves in possession of 
numerical data for the motives acting on each individual, we 
could hardly conceive it possible to deduce a priori the position 
of equili brium towards which a system so complicated tends. 

Accordingly, it may be doubted whether 1he direct use of 
mathematical formul re extend:; into the region of concrete 
phenomena much below the height of abstraction to which 
Jevons has confined himself. However, the formulation of 
more complicated problems has still a negative use, as teaching 
the Socratic lesson that no exact science is attainable. As 
Dupuit, one of the greatest of J evons's mathematical prede
cessors, points out, "Quand on ne peut savoir une chose, c'est 
dej:l. beaucoup que de savoir qu'on ne sait rien" (A nnal,s des 
Fonts et C!,aussees, 1844, p. 372). If, he says, the early theorists, 
instead of formulatin g the balance of trade, had confined them
selves to declaring the question above their powers, they would 
probably have done a greater service than the successors who 
refuted them. So Cournot, referring to his own mathematical 
treatment of economics, ' ' Aussi nos modestes pretensions 
etaient-elles non d 'accrol!re de beaucoup la domaine de la 
science proprement dite, mais plut6t de montrer (ce qui a bien 
aussi son utilite) tout ce que nous manque pour donner la 
solution vraiment scientifique de questions que la polemiquc 
quotidienne tranche hardiment" (" Revue Sommaire''). Similarly 
Jevous says (" Theory of Political Economy," p. 157, second 
edition), "One advantage of the theory of economics, carefully 
studied, will be to make us very careful in our conclusions when 
the matter is not of the simplest possible nature." 

In the vineyard of science, to perform the part of a pruning
hook is an honourable function ; and a very necessary one in this 
age of luxuriant speculation, when novel theories teem in so 

i: Commercial competition might be likened to a syste m of lake5 flowing 
into each other; industrial compe tition to a system of vessels so commun i
cating by ·means of valve:;, that when the le,·el o f one exceeded that of 
annther to a certam extent, then jJe1• sa/!ttm a considerable purtion uf the 
contents of that one (a finite difference a! compared with the differentials of 
the open system) is discharged into the other. 
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many new economic journal , . I give in the appended notes an 
example of this c1rrective process applied to a theory of great 
worth and authority, anrl concerning the most vital interests , 
such as the relations of employer and employed, and the 
Socialist attack on capital (i). In directing this weapon of 
criticism against Prof. W alker, I act upon the Miltonic rule for 
selecting an ad\'ersary-

" Rest with the best, more glory will be won, 
Or less be Jost.'' 

In the preceding remarks I have had in view, as presumably 
most favourable to computation, the case of bargains in which 
there is competition on both sides. It is now to be added that 
the mathe matical method is nearly as applicable to a regime 
of monopoly. Here Cournot, rather than Jevons, is our guide. 
Cournot 's masterly analysis of the dealings between a monopolist 
seller and a number of buyers competing against each other 
has been copied out of mathematics into the vulgar ton1.;uc by 
many well-known writers, anrl need not h ere be repeated (!.:) . 

It is in thi s depa~tment, perhaps, that we can best answer 
Cairnes's challenge to J evons to produce any proposition dis
covered by the mathematical method which is not discoverable. 
hy ordinary reasoning. Not, indeed, that th e economist is 
liound to answer that challenge ; any more than, in order to 
prove the advantages of inte rnational trade, he is concerned to 
deny that claret may be produced in Scotland. 

The following proposition is a particular case of a m ore 
general theorem given by Cournot. Let there be a railway 
and a line of steamers, each forming part of a certain through 
journey, a nd separately useless ; the fares will be lower when 
hoth mea ns of transport helong to a single company than where 
there is less monopoly, the two services being in the hands of 
two companies, each seeking its own gain independ ently of the 
other. 

The rationale of this somewhat paradoxical proposi tion is not 
easily discerned without the aid of symbols. Cournot, in a 
popular redaction(" Revue Sommaire ") of the theories which he 
first conceived in a mathematical form, suggests, as a generally 
int elligible explanation, that it is better to he at the mercy of a 
single master than of several petty tyrants. But this seems to 
he a commonplace of the sort which, in the absence of rigid 
reasoning, has so often deceived the amateur economist. Might 
it no• be applied to the case of monopoly in general? 

It would be hard to say how much this remarkable proposition 
may add to the arguments in favour of the Government monopo
lizing railways. Nor would I undertake to estimate the practica l 
s ign ificance of Cournot's numerous mathematical theorems on the 
taxation of monopolists. We might perhaps compare the fun c· 
tion of the sovereign science with respect to the theory of monopo
lies to the duty of Government as to their management- - to 
exercise a general supervision without attempting to control 
details. 

We have in the last few paragraphs been supposing monopoly 
on one side of the market, on the other side a public competing 
with each other. Let us now consider the bargain between two 
monopolists, whether individ uals, or rather corporate trading
bodies, combinations in the most general sense of the term. The 
mathematical analysis of this case brings very clea l'ly into view 
the important property, which is not very prominent in writings 
of the pre-J evonian era, that the bargain between two self
interested co-contractors is not determinate in the same sense as 
in a n ;t;ime of perfec.t competition. 

!\o doubt, if we take a very simple case-such as that 
imagined by De Quincey, of the bargain between the owner of 
a musical-box and a colonist already on his way to a distant 
region where n0 luxuries can be purchased-it is easy to see that 
the bargain may settle down a t any point between certain limits. 
But where both the amount of commodity to be sold and money 
to be paid are variable, as in the momentous case of a bargain 
between a combination of employers on the one hand and em
jl~yls on the other, it is a less tamiliar truth that the terms of 
the contract are in general to some e,ctent indeterminate. For 
instance. the bargain may be either a ll in the interest of the one 
party, say long hours and small pay, or, on the other hand, high 
wages with much leisure. 

The significance of this proposition has been missed hy many 
of those who have treated the subject without the aid of the appro 
priate appara'.us. Some fa il to see that there is any peculiarity 
in the bargain between isolated units. Another d iscerns the 
ind ctorn1inalene :-;:; uf the bargain only in the ~pecial ca::;e in 

which the article exchanged is a large indivisible obj ect, like a 
house. Another limits the difficulty to the case of a single 
negoti ation as distinguished from a contract which, as in the 
actual lab•rnr market, may be modified from time to time. 
Another tells us that in such a bargain the most anxious party 
gains least. 

All these phrases seem to obscure the cardinal distinction that 
perfect competition tends to a determinate settlement, whereas 
;n a rt!ginu of combinat ion a principle of adj ustment is still to 
seek. What is that principle? 

At a former meeting of the British Association, on the 
occasion of a discussion on sliding scales, I stated the difficulty 
which there might be, in the absence of competition, in defining 
fair wages and reasonable terms, and I asked the eminen t Pro
fessor who introduced the subject in what direction one should_ 
look for a solution of this difficulty. His reply imported, as I 
understood, that no other general rule can be given but this : to 
obtain a ful! knowledge of, and bring a candid judgment to bear 
on, all the circumstances relevant to each case. To which I 
would add that one circumstance relevant to this whole class of 
cases is just the fact that there is in the abstract such a marked 
difference between combination a nd competition. 

Possib ly the dry light of abstract science may enable us to see 
a littl e further into this difficulty. Analysis strongly suggests that 
the right solution is what may be called the utilitarian arrange
ment, that which is productive of the greatest sum total of 
ad vantage f,r all concerned. The utilitarian determination is 
clearly discerned to be by no means necessarily coinciden t with 
the settlement towards which competition tends. For instance, 
the vrai prix, in Condillac's sense, as determined by the play of 
supply and demand in the labour market, might be such that 
the entrepreneur cl ass should take the lion's share, leaving the 
labourer a bare and painful subsistence; but there is no ground 
to believe that this is the best possible arrangement. From an 
abstract point of view it is by no means evident that a free 
Jabour market "is the only way to equity, tha t any interference 
with it must involve injustice " (Danson ). Nor need it appear "a 
great fundamental principle-as inevitable in its action as gravi
tation-that a fair day's wages for a fair day's labour is deter
mined by the proportion which the supply in the market bears to 
the demand" (Rupert Kettle on " Arbitration " ). It may be 
true indeed, in a practical sense, that perfect competition is 
"not less harmonious and beneficent in its operation than 
gravity" (\Valker, "Political Economy"); but theoretically it is 
tenable that there is an adjustment of contracts more beneficent 
than that which the mechanical play of competition tends to 
establish (/). 

To introduce these philosophical conceptions of utilitarianism 
will doubtless seem irrelevant to those who are immersed in the 
details of business. But the practical man should he reminded 
that in other spheres of action, politics and morals, the principle 
of uti lity, however badly received at first, has exercised a great 
influence -though d oubtless not so great as was anticipated by 
some theorists, and requiring to be largely tempered with common
sense. 

Such, I think, are the principal points at which mathemat ical 
reasoning is ca pa hie of being applied to political economy. l n 
estimating the use of this method it is natural to take as our 
standard the helpfulness of mathematics in other departments of 
science. 

As compared with mathematical physics, the mathematical 
theory of political economy shows many de ficiencies. First, there 
is the want of numerical data, which has been already noticed. It 
is true that there is a faint hope of obtaining whsit J evons too con
fidently expected-statistical data for the rel ations between supply 
and price. It is true also that in the higher mathematics con
clusions which are quantitative without being numerical are more 
frequ ent than is usually supposed. Some political economy is 
as exact as some mathematical physics. The fields cultivated by 
Section A and Section F may overlap, but it must be admitted 
that the hest part of our domain corresponds to what is the 
worst part of theirs. If you inquire as to the products of our 
inferior soi ls, we must confess, if we do not wish to conceal the 
nakedness of the land , that over a large portion of our territory 
no crop is produced. ',Ve are em·ployed only in rooting out the 
tares which an enemy has planted. Much of our reasoning is 
direct ed to the refutation of fall acies, and a great part of our 
science only raises us to the zero point of nescience from the 
negative position of error. "Sapientia pri111a stultitiii 
c(!rlliSJt." 1 n thi:; intrmlnctory portion uf po It tic al cconot11y 
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we have seen that the mathematical method is likely to be 
serviceable (see above, p. 498). 

It is not to be supposed, however, that the work of our 
Section is wholly destrnctive; that like the islanders of whom 
it was said that they earned a precarious livelihood by washing 
one another's clothes, so we are occupied only in mangling each 
other's theories. Like imprudent sectaries, by our mutual re
criminations we have obscured the virtues common to our pro
fession. \Vhat J evons said of Cairn es, that his own opinions 
were much more valuable than his objections against other 
people's opinion5, is true of J evons himself and other controver
sial economists. Now, this possibility of mutual misunderstand
ing by persons who are both in the right is connected with a 
circumstance which it is not irrelevant here to notice. It is that 
in our subject, unlike physics, it is often not clear what is the 
prime factor, what elements may be omitted in a first approxima
tion. One writer on rent may emphasize distance from the 
centres of population as the main attribute, and introduce fertility 
of soi l as a perturbation of the abstract result given by the 
first view. Another fixes attention on the powers of the soil, 
and allows for other elements, as for friction. So in the theory 
of money, the state of credit or the quantity of metal have each 
been regarded as the prime variable. 1 It need not be pointed 
ont how unfavourable to exact science is such a state of the 
subject-matter. Imagine an astronomer hesitating whether in 
the determination of Jupiter's movements the sun or the planet 
Saturn played the most important part. That is the condition 
of many cf our speculations. 

It will not be expected that from such materials any very ela
borate piece of reasoning can be constructed. Accordingly 
another point of contrast with mathematical physics is the brevity 
of our calculations. The whole difficulty is in the statement ol 
our problems. The purely com putative part of the work is in
considerable. Scarcely has the powerful engine of' symbolic 
language been applied when the train of reasoning comes to a 
stop. The case is like that of the swell in Punch, who, a'iout 
to enter a hansom, inquire., solicitously of the driver whether he 
has got a good horse. "Yes, sir; very good 'oss." "Aw
then dwive to next door." However, our road, though short, is 
so slippery as to require every precaution. 

It follows that in economics, unlike physics, the use of 
symbols may perhaps be dispensed with by native intelligence. 
l t must be admitted that the correct theory of value has been 
rediscovered by Menger, and restated by his follower, Bcihm· 
Bawerk, without the explicit use of mathematics. Without the 
law, they have done by nature the things contained under the 
law. Still, under a higher dispensation, they might have at
tained greater perfection. Nor can equal accuracy be ascribed 
to all the followers of Menger. Nor is the terseness which 
comes of mathematical study a characteristic of this Austrian 
school (m). 

Another point of contrast between the mathematical science of 
the physicist and the economist is that the former appeals to a 
larger public. Mathematics is as it were the universal language 
of the physical sciences. lt is for physicists what Latin used to 
he for scholars ; but it is unfortunately Greek to many econo
mists. Hence the writer who wishes to be widely read-who 
does not say, with the French author, "J'imprime pour 111oi "
will do well not to multiply mathematical technicalities beyond the 
indisptnsable minimum, which we have seen reason to suppose 
is not very large. The parsimony of symbols, which is often an 
elegance in the physicist, is a necessity for the economist. 
Indeed, it is tenable !hat our mathematical constructions should 
be treated as a sort of scaffolding, to be removed when the 
edifice of science is completed. As Prof. Marshall, one of the 
highest authorities on this subject, says : "\Vhen a man has 
cleared up his mind about a difficu lt economic question by mathe
matical reasoning, he generally finds it best to throw aside his 
mathematics and express what he has to say in language that is 
understanded of the people" (Academy, June 1881). Upon this 
view mathematical discipline might be compared to grammar or 
to the study of classical literature, which it is profitable to 
have learnt thoroughly, while it is pedantic to obtrude one's 
learh ing. 

From th~se considerati::ins it may appear that our little branch 
of science is of quite a rudimentary form. The solid structure 
and regular ramifications of the more developed mathematical 

.1 Compare C ,'urnot:" Ce que l'un ne'glige dans u ne premiere appr ,Jxima· 
t iun comme un fait ..,;t!condaire et acceSSJlre, un autre le regardera comme le 
fait principal et dominant"(" Principes/' book iv . chap. vJi. ). 

sciences are wanting. A less unfavourable contrast would be 
presented if we compare:! our method, not with applied mathe
matics generally, but with that particular bran oh of it which 
comes nearest to ours in its proximity to human interests-the 
use of the calculus of probabilities in social statistics. 

There is really only one theorem in the higher part of the 
calculus, but it is a very difficult one, the theory of errors, or 
deviation from averages. The direct applications of this theory 
to human affairs are not very considerable. Perhaps the most 
conspicuous example is afforded by an investigation to which, if 
I had undertaken to review the work done in our subjects dming 
the past year, I ought to have directed particular attention-Mr. 
Gallon's rigid proof of the fact and amount of reg,·essicn, 
or reversion, in children compared with parents, and other 
relationships. 

13ut, beyond the isolated instances in which the theory of 
deviations is applied in social statistics with the same strictness 
and cogency as in physics, there is a wide zone of cases in which 
the abstract theory is of use as giving us some idea of the value 
to he attached to statistical results, Mr. Galton justly complains 
of the statisticians who "limit th ei r inquiries to averages, and do 
not revel in the more comprehensive views" of the deviations 
from averages. " Their souls seem as dull to the charm of 
variety as that of the native of one of our flat English counties, 
whose retrospect of Switzerland was that, if its mountains could 
be thrown into its lakes, two nuisances would be got rid of at 
once." But great caution is required in transferring the theory 
of errors to human affairs ; and the calculus of probabilities 
may easily be made, in Mill's phrase, the "opprobrium of 
mathematics." 

Now, in all these respects there is a considerable resemblance 
between the higher parts of the two branches of science which 
are cultivated in this Section. It may be said that in pure 
economics there is only one fundamental theorem , but that is a 
very difficult one: the theory of bargain in a wide sense. The 
direct application of mathematical reasoning is, as we have seen, 
limited-more limited, I think, than the corresponding function 
of the higher statistics. But, on the other hand, the regulative 
effect, the educational influence, of studies like those of Cournot 
and J evons are probably very extensive. 

How extensive, it would be difficult to decide without defining 
the limits of a province within which our special subjec t is in· 
eluded-the use of abstract reasoning in political economy. 
Now, on this vexed question, and with reference to the heated 
controversy between the historical and the deductive schools, 
the mathematica! economist as such is not committed to any 
side. It may be dangerous to take wide general views ; it may 
be better to creep from one particular to another rather than 
ascend to speculative heights. Our only question here is 
whether, if that ascent is to be made, it is better to proceed by 
the steep but solid steps of mathematical reasoning, or to beguile 
the severity of the ascent by the zigzag windings of the flowery 
path of literature. It is tenable that the former course is safest, 
as not allowing us to forget at what a dangerous height of ab
straction we proceed. As Prof. F oxwell has well said,1 with 
reference to the mathematical methods in the hands of Jevons 
and Prof. Marshall, "Tt has made it impossible for the educated 
economist to mistake the limits of theory and practice, or to 
repeat the confusions which brought the study into discredit and 
almost arrested its growth." 

I trust that I have succeeded in distinguishing the question 
what is the worth of abstract reasoning in political economy 
from the much more easily answered question whether, if it is 
worth doing, it is worth doing well." The mathematical econo
mist is concerned to separate his method from that mathematical 
and metaphysical reasoning which Burke repudiates as inapplic
able to human affairs; from that abstract method which he has 
in view when he says :-" Nothing can be more hard than the 
heart of a thoroughbred metaphysician. It comes nearer to the 
cold malignity of a wicked spirit than to the frailty and passion 
of a man" (" Letters on a Regicide Peace"). Burke is referring 
to the Jacobin philosophers ; but our withers are unwrung, if 
similar words should be applied to some of the ' ' sophisters and 
economists" of a later generation. Just as a political party, if 

1 In his imporlan t let ter on "The Economic 1\Iovement in England" in 
the Quarterlv Jou rnrzl of Economics for lktol-.er 1S88. 

= Cl. Prof. Foxw.-, J! I/Jc. cit.:-' What then :w school prot i.;:,;t agains t is first 
the unscientific and meagre way in which deduction ,vas used. 1 n their view, 
though it JS w wrth whde to study, and therefore wunh while to study 
acc:uatcly, the workings of pn,·ate interes t under a system of competition, 
yet human nature is not all self-interest. • • • " 
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popularly suspected of complicity with crime, would do well to 
take every opportunity of clearing themselves from that imptita· 
tion, so the mathematical economist is called on to disown em
phatically all sympathy with the flagrant abuses to which the 
injudicious use of abstract reasoning is undoubtedly liable. 

patience of the hearers is apt to become what Jevons called a 
i discommodity. 

To continue the comparison which I was instituting between 
the mathematical theory of economics and the calculus of prob· 
abilities, they have one very unpleasant property in common
a liability to slips. As De Morgan says, 1 "Everybody makes 
errors in probabilities at times, and big ones." He goes on to 
mention a mistake committed by both Laplace and Poisson, the 
ineptitude of which he can only parallel by the reasoning of a 
little girl whom he had called a '' daughter of Eve" ; to which 
she retorted, "Then you must be a daughter of Adam," It is 
not to be concealed that economic reasoning, even in its severest 
form, is sometimes equally inconsequent, I should have hesitated 
to assert that Cournot has made some serious mistakes in mathe
matics applied·to political economy, but that the authority of the 
eminent mathematician Bertrand 2 may be cited in suppxt of 
that assertion. 

Again, the more abstract theories of value and of probabilities 
seem to resemble each other in their distance from the beaten 
curriculum. Each forms, as it were, a little isolated field on 
the rarely crossed frontier and almost inaccessible 
watershed between the moral and the physical 
sciences. 

The same character of remoteness belongs per· 
haps to another province, which is also comparable 
with ours-the mathematical side of formal logic, 
the symbolic laws of thought which Boole formu-
lated. There was a certain congruity between 
Jevons's interest in his logical machine and in 
what he called the "mechanics of industry." But 
I venture to regard the latter pursuit as much more 
liberal and useful than any species of syllogism· 
grinding. 

If you accept these parallels, you will perhaps 
come to the conclnsion that the mathematical theory 
of political economy is a study much more important 
than many of the curious refinements which have 
occupied the ingenuity of scientific men ; that as 
compared with a great part of logic and metaphysics 
it has an intimate relation to life and practice ; that, 
as a means of discovering truth and an educational 
discipline, it is on a level with the more theoretical 
part of statistics; while it falls far short of mixed 
mathematics in general in respect of that sort of 
pre-established harmony between the subject-matter 
and the reasoning which makes mathematical physics 
the most perfect type of applied science. 

But we must remember-and the mention of the 
theory of probabilities may remind us-that any such 
judgment is liable to considerable error. \Ve cannot 
hope to measure the utility of a study with pre
cision, but rather to indicate the estimate on either 
side of which competent judges would diverge-a 
central point, which "ill be found, if I mistake not, 
equally removed from the position of Gossen, who 
compares the new science to astronomy, and the 
attitude of Dr. Ingram towards the researches which 

V 

0 

he regards as nothing more than "academic play-
things, and which involve the very real evil of restorinO' the meta-
physical entities previously discarded." 3 "' 

D 

One more general caution is suggested by another of the 
technical terms which we have employed. \Vhat we are con· 1 

ccrned to discover is not so much whether mathematical reason· 
ing is useful, but what is its "final utility" as compared with 
other means of research. It is likely that a certain amount of 
~n1thematical discipline-say as much as Mr. Wicksteed imparts 
m Ins excellent "Alphabet of Economic Science "-is a more 
valuable acquisition to a mind already stored with facts than the 
addition of a little more historical knowledge. 

But, in reverting to the subject of final utility, I am reminded 
that Presidential addresses, like other things, are subject to this 
law ; and that a discourse on method prolonged beyond the 

1 Writing to Rowan Hamilton (" Life of Hamilton," by R. Crave.c:, 
Vol. iii.). 

NOTES. 

(a) SrMPLE ExcHANGE.-The simplest case of exchange is 
where there are two large groups of uncombined individuals 
dealing respectively in two commodities, e.g. corn and money. 
To represent the play of demand and supply, let any abscissa, 
Ox in Fig. I, represent a certain price, and let the quantity of 
commodity demanded at that price be xp. The locus of p may 
be called the demand-curve. Similarly, xq represents the 
quantity offered at any price, Ox ; and the locus of q is called 
the supply curve. The price Oa, at which the demand is just 
equalled by the supply, is determined by the intersection of these 
curves. This is Cournot's construction. The converse construe· 
tion, in which the abscissa stands for quantity of commodity, the 
ordinate for price, is employed by Mr. Wicksteed in his excellent 
"Alphabet of Economic Science." 

The diagrammatic representation which most closely cor· 
responds to Jevons's formulre is that which the present writer, 
after Prof. Marshall, and Messrs. Auspitz and Lieben, inde
pendently, has adopted. In this construction the two co
ordinates respectively and symmetrically represent the quantities 

X 
FIG. I. 

of the two commodities exchanged, the quid and the pro quo. 
For instance, Fig. 2 may represent the state of supply and 
c1emand in the international market between Germany and 
England. The curve OE denotes that in exchange for any 
amount of "linen," Oy, England is prepared to supply the 
quality of "cloth'' yp ( = Ox) ; or, in other words, that in ex· 
change for the quantity Ox of cloth England demands xp ( = Oy) 
of linen. The curve OG is similarly related to Germany's supply 
and demand. The position of equilibrium is determined by the 
intersection of these curves. 

(/;) VARIATIONS r:,; SUPPLY.-Suppose, as Mill supposes 
(" Pol. Econ.," book iii. ch. xviii.§ 5), that there has occurred 
an improvement in the art of producing Germany's export, 
linen. The altered conditions of supply may be represented by 
the displaced curve OG', Fig. 3, indicating that, whereas before 
the improvement Germany in exchange for any quantity, Ox, of 
cloth offcrecl only xq, she now offers xr;'. The effect of the im
provement on the rate of exchange will depend upon the form of 

Journal des Sa,mnts, J:883. I hope to show on some future occasion 
that IV[. Uertrand's censures of Cournot and Prof. Walras are far too severe. 
. 3 See the passage r_efating to J evons in the article on '' Political Economy" 
rn the" E11Gyclnpa!d1a Britar.mca,'' ninth erlition. 

1 the curve OE beyond the point r. If the intersection of the 
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curve OE is at,-, vertinlly above,·, we have the case where, as 
Mill ratlu r awkwardly says, the demand of England for linen in
creases "in the same proportion with the cheapness." The other 
cases in which the demand for linen-and accordingly the price, 

y 

the rate of exchange produced by a tax on exports or imports. 
Let OG' now represent the undisturbed conclition of supply, and 
let OG be what this curve becomes when displaced by a tax on 
Germany's exports. According to the position of the original 

intersection, whether at r 1 , r 2, or r,,, we have 
the three cases distinguished by Mill (book 

£. v. ch. iv. § 6). 
Again, the same construction may be used 

to facilitate the comprehension of international 
trade which Prof. Sidgwick has recently pro
posed. Let the curves OE and OG' represent 

G the conditions of suppl y and demand, on the ----Jf-____ nypothesis that cost of transport is annihilated, 
that En(!land and Germany are in juxtaposi
tion. Now restore the abstracted sea, and 

0 

V 

0 

FIG. 2. 

X 

Jt: G' 4, ~--.,.-!--YI_--, : 
.,.--:, \ I 

,.-- ' ' , ,,.,,,,,,. \ ! 
fl, _,, \ I I 
7~ "' \ I I 

.::c 

_,,, \ I I 

FIG. 3· 

\'fl ,,, C 

X 

the altered conditions of supply and demand 
in a market on tlu E'llglislt sltorc will be re
presented by the change of OG' to OG. Ac
cording to the form of the curve OE the 
different effects on the rate of exchange are 
visible at a glance. (Cf. Sidgwick, "Pol. 
Econ.," book ii. ch. ii. § 3.) 

(c) GAIN OF TRADE.-To measure the 
variations in the advantnge acruing from 
trade by the variatioM of price-or more 
generally, rate of exchange-is a confusion 
which could hardly have occurred to the 
mathematical economist. The simplest method 
of illustrating the gain of trade is that pro
posed by Messrs. Auspitz and Lieben. In 
Fig. 4, let On be the locus of a point t, such 
that a certain individual in exchange for the 
quantity Ox of one commodity will just l,c 
willing to give the quantity tx of another 
commodity, will neither gain nor lose by that 
bargain. Then, if he obtain Ox in return f,ir 
only rx, he is a gainer by that bargain to the 
extent of tr. The curve thus defined is called 
the utility-cu,·ve. 

Now add properly the utility-curves for all 
the individuals of a community, and we obtain 
what may be called a collective utility-curve. 
There is a peculiar propriety in taking one 
axis, say the ordinate, to stand for money. 
Let ON, then, in Fig. 5, be the collective 
utility-curve, in this sense, for the German 
community with respect to cloth. Let OG 
represent the demand of Germany for cloth, 
as before, except that the ordinate now stands 
for money, not linen. And let OE represent 
the supply of cloth in exchange for money on 
the part of England. Then the gain to Ger
many of the trade with England is represented 
by the vertical distance tr, 

Now let Germany impose a tax on the import 
of cloth. The effect of the tax will be to dis
place the supply-curve in the manner indicated 
by the dotted curve OE'. Let -r' be the new 
point of intersec tion between the demand- and 
(displaced) supply-curve. The fain to Ger
many in the way of trade is now t',-'. To 
which is to be added the tax ,-'S nccruing to 
Germany. Since I'S may very well he greater 
than tr, Germany may gain by the imposition 
of the tax. 

What difficulties the reader may feel atout 
this proposition will disappear on reference 
to Messrs. Auspitz and Lieben's beautiful 
and original reasoning (" Theorie cler Preise." 
§§ 80-82 ). In the light of their constructions 
it will be at once seen what conditions of 
supply and demand are favourable to the en· 
deavour of one nation to gain by taxing the 
imports from (or exports to) another. It will 
be noticed that the particular supposi tion 

so to speak, of cloth in linen-are increased more or less than 
the cheapness, are represented by the points of intersection 
1·:!, 1':l• 

entertained by Prof. Sidgwick (book iii. ch. v. § 2)-that the 
quantity consumed c,f the taxed import is constant-is not 
essential. 

The same construction may be used to represent the effect on it may Le observed that lhe utility-cur~·e io a particular case 
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of the "indiJierence-curve" employed by the present writer 
(" Mathematical Psychics," p. 21). Also the lines trandt'S are 
particular cases of the "preference-curve" (ibid. p. 22). If 
these more general conceptions are employed, the demonstra
tion will not require that we should put the 
ordinate for money, regarded as a constant 
mearnre of utility. The interpretation assigned Y 
to the curves OG and OE in our second and 
third figures may still stand. 

(d) EcoN0:.1!C EQUILIBRIU}l.-By analogy 
with well-known physical principles, economic 
equilibrium may be regarded as determined 
by the condition that the ad vantage of all 
parties concerned, the integrated utility of the 
whole economic system, should be a maximum. 
This maximum is in general subject, or in 
technical phrase relative, to certain conditions ; 
in particular what J evons called the "law of 
indifference," that in a market all portions of 
a commodity shall be exchanged at the same 
rate. But occasionally this condition is sus-
pended; as often as we take what may be 
called a socialistic or utilitarian view as dis-
tinguished from that incommensurability of 
pleasures appertaining to different persons, 
which Jevons in a remarkable passage of his 
"Theory'' (p. 15) has postulated. lt will be 
found that this postulate must be abandoned 
when we consider the gain of trade, as in our 
note (c), or the theory of combinations, as in 
note (I), and on other occasions. 

In general, the first condition of a maximum, 
that the first term of variation should vanish, 
gives the J evonian equations of exchange, the 
demand-curves of other writers. 

The second condition of a maximum, that 
the second term of variation should be negative, 
finds its fulfilment in certain well-known pro- O 
positions which involve the conception of a de
creasing rate of increase, viz. the law of dimin
ishing returns, the law, or laws, oi diminishing 
utility and increasing fatigue. 

For some propositions it is proper to take V 
account not only of the sign, but also the 
magnitude, of the second differential of utility. 
Thus, when Prof. vValker is contending that 
in case of " any increase of product resulting 
from the introduction of any new force into 
industry," the whole increment will fall to be 
added to the share of the working class, he 
argues, quite correctly upon his premises, 
that if the improvement does not "increase 
the amount of tools and supplies required in 
production "-since "there is no greater de
mand for capital in the case supposed- ... 
there can be no ir,crease in the rate or amount 
of interest" ( Quarterly Journal ,if EcoJtomics, 
1887, pp. 283, 284). Analytically we should 
find that the variation in the rate of interest 
due to the disturbance of the equilibrium, say 
.t..1, was indefinitely small as compared with 
the variation in the rate of wages, say .t..w, 
because the decrease in the rate at which the 
utility of capital increases is indefinitely great. 
The argument requires that this second differ· 
ential should be infinite at the position of 
equilibrium-a postulate which may perhaps 
give us pause. 

(t) COMPLEX EXCHANGE is the general 
case of simplex exchange above analyzed. 

let the prices of the remaining articles be p 2, fu 
Let the quantities of commodities bought or sold 
individual, say No. r, be Xri, x 1• 2, ••• Xrn; ea.ch 
with its sign: plus, if bought, minus, if sold. 

l 

r 

FIG 4, 

.. Pn, 
by any 
variable 
Let the 

N 

E. 

G 

We have now several, instead of two, 0 l.illrii~::::::::~-----------------
categories of dealers and commodities. In X 
both cases equilibrium is determined upon 
the principle that each individual seeks to 
maximize his own advantage, subject to the 
conditions ( r) that in a market there is only one price for any 
article, and (2) that all which is bought is sold, and all which 
is sold is bought. Let there be "' dealers and n arti, !es. 
And the first article being taken as the measure of value, 

FIG. 5. 

advantage of the individual, regarded as a function of his pur 0 

chases and sales, be ,j,r(x,.1, x,.2 ••• x.,.,,), There is sought the 
system of values assigned to the variables for which this function 
is a maximum, subject (a) to the condition which follows from 
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the fird assumption above made: Xri + p,x,.2 + &c. + p.,,x,.,, 
= o. In order to determine the maximum of 1/;r subject to this 
condition, we obtain (/3) by the calculus of variations (n - I) 
equations of the form-

(dJ;,·)-r(d,J,,.)_ _ r(difi,.) 
t!x----:r - f2 rlxrt - • • • - pii drm 

( with certain conditions as to the second term of variation). To 
which is to be added the equation (a). We have thus n equa
tions relating to the rth individual, The same being true of 
each of the m individuals, we have in all 11m equations of the 
forms (a) and (.8). We have also ('y), from the co'tdition that 
everything which is bought is sold, and conversely, n equations 
of the following form : x 1, + x 2, + &c. + Xm = o. 

But of the (m + n) equations of the forms (a) and (-y) only 
(m + n - r) are independent. For2adding them equations of 
the form (a) we have:-

(x11 + X,i + 
+ Pz(X12 + Xee + 
+ 
+ p,,(X1n + X2n + 

• + Xm1 

+ X1n2 o. 

Now, if any (n -- 1) of the equations of the form 'Y, say all 
but the f rst, are given, then in the last written equation tbe 
coefficients of p2 • • • • p,, vanish. Therefore the first equation 
of the form (-y), viz. Xn + .x,1 + &c. + x,,,1, is also given. \Ve 
have thus 11m + (n - 1) equations to determine vzn + (n - I) 
quantities, viz. the x variables, which are 11m in number, and 
the (n - 1)p's. 

The great lesson to be learnt is this. The equations are 
simultaneous, and their solutions determinate. That the factors 
of economic equilibrium are simultaneously determined is a con
ception which few of the literary school have received. The 
reader is referred to Prof. \Valras's " Lei;ou" 12 {" Econ. 
Pol.," second ed.) for a lengthier exrcosition, and for a more 
accurate one to Messrs. Auspitz and Lieben's Appendix IV. 

(/) COMMERCIAL COlvlPETITION.-Abstracting that change of 
occupations which Cairnes ascribed to "industrial" as distin
guished from "commercial" competition (comp. Sidgwick's 
"Pol. Econ.," book ii. ch. i. ), let us suppose that the x's of the 
last note, which primarily denoted commodities ready for im
mediate consumption, include also agencies of productinn : 
(the use of) land, labour, and capital. \Ve may conceive entre
preneurs buying these agencies from landlords, labourers, and 
capitalists, and selling finished products to the public. We have 
thus the appropriate idea of rent, wages, interest, and (normal) 
prices determined simultaneously (in the mathematical sense). 

In a primary view of complex exchange it is proper, with 
J evons, to regard each portion of commodity sold, each negative 
variable, say - x,.,., as a deduction from an initial store, say 
~,.,.. But when we consider production, we regard as a func
tion of the outlay of the ent,eprenmr. Supposing that the 
mtrepreneur confines himself to the production of a single 
article, let the gross produce, in money, after replacing 
capital, be J,.(c,., lr), where f,- is a function depending on 
the individual's skill, energy, opportunities, &~., Cr is the 
amount of capital borrowed by him, and lr the number of 
acres of a certain quality which he rents. The net produce is 
obtained by deducting from this quantity the payments c,., - lrp, 
where , is the rate of interest and p is the rent per acre. Thus 
the advantage which the entrepreneur seeks to maximize is of 
the form--

i/r'.xr1, Xr2 . •• [f,.(cr, l,.)-c,.,-1,.p]~x,.,.p,.,., . .. ), 

h df,. - d elf,. - Th fi . f h . w ence ---- - , an - --p. e rst o t ese equat10ns ex-
dc,, di,. 

presses a well-known proposition regarding the final utility of 
capital. The second equation expresses a less familiar condition 
with respect to the number of acres which will be rented on an 
ideal supposition of the homogeneity and divisibility of land 
above the margin of cultivation. 

\Vhat, then, and where, is the Ricardian theory of rent? Its 
symbolic statement isl,-p = f(cr, !,.) - f(c,., o) =f,-(c,., !,.) - c, x 1; 
where f(e,;, o) is the gross produce of c,. capital laid out by the 
individual numbered r, on land below the margin obtainable for 
nothing in as large quantities as desired. It will be found that 
these equations postulate that the quantity cf land above the 

margin is small as compared with the number of applicants, and 
that f(c,., o) is identical with Cr x ,, which are the common 
Ricardian assumptions. The validity of these assumptions as a 
fir,t approximation, the need of correction where greater 
accuracy is required (truths which some minds seem incapable of 
holding together), have been admirably pointed out by Mr. 
Sidgwick (" Pol. Econ.," book ii. ch. vii. § z). The sccondap· 
proximatiuns made by him may be usefully expressed in the 
symbols which have been proposed, or rather in those which the 
student may construct for himself. I do not put forward those 
which occur to me as the best-if, indeed, there is any abso
lutely best in the matter of expression. For some purposes it 
would have been proper to take account of the various qualities 
of land (as I have elsewhere done-" Brit. Assoc. Rep.," 1886). 
For other purposes it would be well to put labour hired by the 
entrtprencur as an independent variable. \Vhen this or any other 
variable is omitted, we are to understand that there is implied 
the best possible arrangements with respect to the variables 
which are not expressed. The nature of this implication is 
shown in the following note. 

(g) So far we have been taking for granted that the cntre
preneur does his best, without reference to the motives acting 
upon him, the pleasures procurable by the sale of his product. 
Formally it would be proper to take account that the utility
function ifi,. involves the effort, say e,., explicitly, as fatigue 
diminishfs advantage, and implicitly, as exerticn increases pro· 
duction. Corresponding to the new variable we have a new 
equation, the complete differential of 1/;,. with reference to e,., say 

(d_w:) + (dl)i,.) d(_r = o. It is a nice question how far effort 
de,. dj,. ae,. 

should be regarded as an independent variable ; how far the 
essential principle of piece-work prevails in modern industry. 

(h) INDUSTRIAL CoMPETITION.-The condition that net 
advantages should be equal in industries between which there is 
mobility may thus be contemplated. Let us put the advantage 
of an individual, my No. r, engaged in the occupation s as a 
function of his net income, the price of the articles in which his 
expenditure is made, and the disutility of effort. Say </>,-,(f,w(..-,, 
1r2 • • • • e,J, Pv p2 • • , - e,.,); where cp,.,, is a utility-function, 
not necessarily the same for the same individual in different 
occupations, since his indulgences may vary with the nature of 
his employmrnt ; fr.,-a symbol not identical with the f of the 
last but one note-is the individual's net earnings in the business 
s, involving prices ..-1, ..-2, &c., of all manner of agents of pro
duction, involving also, as stated in note (g), the effort e,.,; p1,p,, 
&c., are prices of articles of consumption as a function of which 
the individual's advantage may be obtained by means of the 
equations (a) and (/3) in note (el-eliminating the quantities con
sumed. The last variable in the function cp, . ., the explicit e,.,, 
has a negative sign prefixed, to indicate that the direct effect of 
increased fatigue is diminished advantage. 

The equation of net advantages imports that the advantage, 
.p,.,., of the occupation which the individual chooses is not less 
than cp,." the advantage of any other occupation open to him. It is 
important to observe that for all occupations the complete differ-

ential with regard toe is zero ; in symbols ('fc/,) df__ + (c!J) = o. 
elf de de 

But this equation conveys no presumption that the final dis-

utility in different occupations is the same that (d_</>cs) = (clj,'"'). 
den dert 

The equation of final disutility holds only where efforts and 
sacrifices are capable: of being applied in "doses" to any num
ber of occupations. The latter is the only case, I think, con
templated by J evons in his analysis of cost of producti_on 
("Theory," ch. v.). The inquiry, what is meant in general by 
saying that the cost of production of two articles is equal, must 
start from right conceptions about final and total utility. But 
this is not the place to follow up the difficult investigation. I do 
not attempt here to discuss any matter fully, but only to illus· 
Irate the suitability of the subtle language of mathematics to 
economical discussions. 

(i) PROF. \VALKER's THEORY OF BUSINESS PROFITS.-Prof. 
Walker's theory as stated in the Quarterly :Journal of 
Economics for April 1887, involves the proposition that the 
remuneration of the lowest, the least gifted employers, is on 
a level with that of the labouring class. Concerned as we are 
here with methods rather than results, it is allowable to posit 
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this premise without expressing an opinion as to its accuracy. It 
is fortunate not to have to take sides on an issue concern
ing which the highest authorities are divided, and statistical 
demonstration is hardly possible. 

But, though the expositor of method is not called to dispute 
the truth of this proposition, he has something to say against the 
evidence which has been adduced in proof of it. He must enter 
a protest against the form of the following argument :-

" Let our hypothesis be clearly understood. \Ve assume, 
first, that there is in a given community a number of employers, 
more or fewer, who alone are, by law or by custom, permitted 
to do the business of that community, . . . or else who are so 
exceptionally gifted and endowed by Nature for performing this 
industrial function that no one not of that class would aspire 
thereto, or would be conceded any credit or patronage should 
he so aspire. Secondly, we assume that neither in point of 
ability nor opportunity has any one member of this class an 
advantage as against another, . . . all being, we might say, 
the exact copies of the type taken, whether that should involve 
a very high or a comparatively low order of industrial power. 

"Now, in the case assumed, what would be true of business 
profits, the remuneration of the employing class? I answer, 
that if the members of this class were 
few, they might conceivably effect a y 
combination among themselves, and 
. . . fix a standard for their own 

remuneration. . If, however, 
the community were a large one, and 
if the business class . . . were nu
merous, such a combination . . . 
would be impracticable, . . . the 
members of the business class would 
begin to compete with each other. 
From the moment competition set 
in it would find no natural stoppirg
place until it had reduced profits to 
that minimum which, for the purposes 
of the present discussion, we call nil. 

"What, in the case supposed, would 
be the minimum of profits? I answer: 

opportunity has any one member of this class an advantage as 
against another. The heterogeneity of faculty will, of course, 
introduce a graduation of gain. But in this flight of steps it is 
not necessary that the lowest should he on a level with the grade 
of common la'iour. The scale of profits may be a sort of Jacob's 
ladder, culminating in a paradise of luxury, and having its lowest 
rung suspended high above the plain of ordinary wages. 

Let us suppose, however, that the writer has tacitly made some 
assumption as to the numbers of the "numerous" business class re
latively to the "large'' community ( compare the parallel passages 
in his "Political Economy," Arts.). Still, what does the con
sideration of husiness profits as rent do more than the received 
principle of supply and demand? If the workmen, believing 
that in the distribution regulated by competition too much has 
been as,igned lo brain and too little to muscle, determine to 
reduce profits by means of a combination, should they stay their 
hand because they are told that protits (above the lowest grade) 
are of the nature of rent? The terms '' rent "and '' margin "may 
indeed suggest that the extra profits of the abler entrepreneurs 
exactly correspond to their greater ability. It might seem that 
if, so to speak, we pushed down all the higher faculties to the 
level of the lowest grade of business power, the diminution of 

w 

This would depend upon an element 
not yet introduced into our problem. 
The ultimate minimum would be the 
amount of profits necessary to keep 
alive a sufficient number of the em
ploying class to transact the business 
of the community. Whether, how
ever, competition would force profits 
down to this low point would depend 
on the ability or inability of the em
ploying class to escape into the labour
ing class. We have supposed that 

labourers could not become em- ~~~~=--------------------------------players ; but it does not follow that 0 
employers might not become labourers )( 
and earn the wages of labourers. . . . " 
(Quarterly :Journal of Economics, 
1887, p. 270 and context). 

This reasoning will puzzle those who have received the abstract 
theory of supply and demand as formulated by the mathematical 
section [above, notes (a) and (d)). Because the dealers on one 
side of a market, as the employers in the labour market, com
pete against each other without combination, it does not follow 
that the advantage which they obtain from their bargains is ml. 
The minimum to which the play of competition tends is not 
necessarily small in the sense of a bare suhsistence. It is a 
minimum only in the mathematical sense in which every position 
of equilibrium is a minimum (of potential energy in physics; in 
psychics, may we say, of potential utility). See note (d). 

Representing the entrepreneur's demand for work by the curve 
OG (Fig. 5), where the abscissa measures work done, and the 
ordinate money payable out of the wages and profit fund, and 
putting OE for the offer of the workmen, we see that the point 
r may differ to any extent from the utility-curve ON, which in
dicates the advantage of a transaction [see note (d)]. As far as 
abstract theory, without specific data, carries us, the competing 
enti·epreneurs may make very good bargains. They may be 
ever so prosperous ; they may be, in Burke's fine phrase, 
"gambolling in an ocean of superfluity." 

So far, on the hypothesis that neither in point of ability nor , 

FIG. 6. 

the total distributed to the wages and profits fund would exactly 
correspond to the subtraction from the earnings of the degraded 
entrepreneurs, while everything else remained constant. Con
vers~ly, it might be argued that the increment of produce due 
to the existence of superior ability may justly be assigned as 
extra profit. 

But how little appropriate is this precise conception will at once 
appear from the annexed diagram. Let OE in Fig. 6 represent 
the entrepreneur's demand, O\V the workmen's offer of labour, 
the abscissa representing work done, and the ordinate wages 
payable out of the wages and profits funds (abstraction being 
made of interest and rent for land). Let OE be formed by the 
superposition of Oe0, the demand-curve for the lowest collective 
entrepreneurs, and one or more curves, such as Oe1, appertaining 
to the entrepreneurs of higher ability. Now let us shrink these 
higher natures to the zero of business ability. The individual 
demand-curve for each degraded entrepreneur will become iden
tical with that from which Oe0 was formed (by the combination 
of all the demand curves for the lowe.,t grade). The new 
demand-curve will therefore be of the form OE' intersecting 
with OW at the point r'. (Whether the disturbance will stop 
there will depend upon the nature of the communication between 
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the departments of employer and workman; whether the mobi
lity is one-sided, like that of fluid allowed by a valve to escape 
from one vessel to another, but not back again-see the end of 
the passage cited on p. 505 from the Quarterly :Journal of 
Economics-or whether the permeation is perfect.) If Oe0 is 
small, if the part played in prodnction by the marginal employers 
is insignificant, it is probable that the annihilation of the higher 
grades will result in the destruction of the greater part not only 
of profits, but also of wages. 

Accordingly it appears, in general, inexact to say that the 
"surplus which is left in the hands of the higher grades of em
ployers . . . is of their own creation" ( Quarterly :Journal of 
Economics, April 1887, p. 274); if we define their own creation 
as the difference between the actual produce and that which 
would ha,·e existed if their superior faculties had not been exer
cised. In that sense (and what other sense is there?) the surplus 
of the higher grades is likely to be much less than their own 
creation (especially in the case where the marginal employers 
are relatively few). We seem to have proved too much. Bnt 
may we not deduce the quod est demonstrandum, that actual 
profits are deserved, from the larger proposition that the entre
preneurs' "own creation" is by a certain amonnt greater than 

y 

0 
FIG, 7. 

their profits? No ; for that In rger proposition is blocked by 
the antinomy that the workmen (or the higher grades of them 
may by parity claim the greater part of the produce as their 
"own creation "-what would not have existed but for the 
exertion of their faculties. 

In short, we know no more than we knew at first-viz. that 
the distribuend is produced jointly by the owners of brain and 
muscle, that the terms of the distribution are determined by 
supply and demand, and that in this, as in every other market, 
each more favoured nature enjoys a rent, or differential advan
tage [the nature of which is well illustrated by Messrs. Auspitz 
and Lieben's construction indicated in our note (c)]. That the 
surplus earning of the superior entrepreneur is his own creation 
is true of the individual, but not of the class ; in division, but 
not in composition. 

However, Prof. Walker may have tacitly made some specific 
assumptions as to the quantities involved (e.g. the proportion of 
produce with which the marginal entrepreneurs are concerned) ; 
or I may have misinterpreted his statements. Even so, the 
liability to such misconstruction is a defect in the purely literary 
method. 

It would be easy in the case of less eminent writers to exemplify 

the part which the mathematical organon may play in lopping 
the ex:resce_nces of verbal dialectics. But I mnst content my· 
self with bnefly adverting to one of Prof. Walker's critics, Mr. 
Sidney Webb. His able paper on the '' Rate of Interest and the 
Laws of Distribution " appears to me to contain several points 
deserving of attention ; with respect to which mathematical con· 
ceptions may assist the reader in distinguishing the original from 
the familiar, and the true from the misleading. 

(1) Mr. Webb restates the theory formulated by Jevons, that 
capital is ideally distributed according to the law of "equal 
returns to the last increments" (" Rate of Interest and Laws of 
Distribution," by S. 'vVebb, pp. ro, II, 21 of paper reprinted 
from Quarterly :Journal of Economics, January 1888). 

In_ sym!"ols [see above, note(/), p. 504] let the net earning of 
any mchv1dual be/rkr)- ,cr; wheref,. is a function differing for 
di1!erent individuals according to their faculties and opportunities, 
<"r. IS the amount of borrowed capital employe(l by the individual ; 
, 1s the rate of interest ; land and labour are not expressed. In 
equilibrium, 

rij',.(cr) _ 
~--·- t 

de, 
dJ;(c_,) 

des 
Jf,(c,) 

dt·t 

(2) Again, Mr. 'Webb discerns that the "law of 
diminishing returns " is applicable to capital as wen 
as to land (ibid., pp. 9, 20, &c.). This is probably 
a new truth to the literary economist, who will 
have some difficulty in reconciling it with the law 
of increasing returns received into the text-books. 
To the mathematician it is evident that, in order to 
maximize the net earnings fie) - ,c, not only must 
the first differential of this expression vanish, but 

also the second differential, d9 l, must be negative, 
de' 

which is the law of diminishing returns. It is 
quite consistent with the supposition that for certain 
values of the variable, not admissible as a solution 

of the problem, df should be positive, agreeably to 
de 

the law of increasing returns. 
Sf Diagrammatically, let us represent the conditions 

under which capital is applied by a certain indi
vidual, according as the scale of production is large 
or small, by the curves pq and p'q' in Fig. 7 ; where 
the abscissa denotes quantity of capital, and the 
ordinate the increment of (gross) produce due to 
an increment of capital. There cannot be equili
brium, unless the increment denoted by the ordinate 
is just balanced by the sacrifice thereby incurred
in the case which I have supposed, the payment 
of interest. There cannot, then, on this supposi
tion, be stable equilibrium, unless the curve is 
ascending. The descending (dotted) branches 
correspond to the law of increasing returns. (The 
explanation of other features in the figure is given 
in the next note.) 

(3) Mr. Webb dwells much on "the special industrial advan
tages not due to superiority of site or skill" which are enjoyed 
by some individuals. The use of an expression for the product 
like our Jr may serve at least to keep in mind the existence of 
such specialities. It also brings into view a difficul:y which has 
not been sufficiently noticed by those who use rent in its 
metaphorical or secondary sense. 

Suppose the extra produce is a function involving several 
variables (or parameters) like land, ability, opportunity, Say, 
Jr = F(;>,., a., w . • • ), where F is a form common to the com
munity, and 11., a., w denote the quality of land, ability, and 
opportunity peculiar to the individual. If the extra produce is 
F(ll., a., w) -· F(o, o, o); is F\11., o, o) - F(o, o. o) the" economic 
rent" of land; F(o a. a)-- F(o, o, o) the rent of ability; F(o ow) 
- F(o o o) the extra produce due to opportunity? (ibi!l., pp. 16, 
17). If so, the three parts do not make up the whole. 

(4) Anyway, to call the third extra produce interest is very 
unhappy. Its affinities are evidently with rent (cf. Sidgwick, 
"Pol. Econ.," book ii. ch. vii.§ 4). 

(S) I should not have complained about the use of a term, but 
that it is connected with Mr. Webb's main contention against 
Prof. \Valker, to which I am unable to attach significance: 
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that "this, not the 'rent of ability,' is the real keystone of the 
arch" ( ,b., p. 17). From the point of view here taken (above, 
p. 497) this search for the "keystone" among the factors of dis
tribution is neatly as hopeless as the speculation of the ancients 
about the real up or down. 

(j) DETERMrNATENESS OF EcoNO- y 
.:MIC EQUJLIBRIUM.-To investigate the 
possibility of there being more than 
one rate of exchange at which the sup· 
ply is just carried off by the demand, 
let us consider the most favourable or, 

s 

Oy,1·x should be a maximum ("Recherches," Art. 25), or 
rather the i?''eatest possible. The rnlu1ion is not likely to be 
indeterminate, except in the particular case where the demand
curve is nn equilateral hyperbola (contrast Sidgwick, "Pol. 
Econ.," book ii. chap. ii. § 4). 

at least, the most familiar case in which 
there may be two scales of production, 
and therefore two series of terms on 
which the producer is willing to deal 
-two supply-curves. Let the two 
branches in Fig. 7 represent such a 
double supply-curve, the ordinate de
noting price, and the abscissa the qnan- !J 
tity of product which is offered a'. that r------------~ 
price by a certain individual. Now, 
the essential idea or leading property 
of an individual supply-curve is that it 
represents the quantity which the indi-
vidual will prefer to offer at any given 
price. Hence the descending part of 
the branches, dotted in the figure, can-
not form a genuine supply-curve. For 
at any point on that part of the locus 
it is evidently the interest of the indi- S' 
vidual to increase his production, p:ice 
being constant. Stahle equilibrium, 
therefore, can exist only on the ascend-
ing, the unbroken branches. The thick 
curve lines in the figure inclicate the ) ~-----------~;:------------------------
locus of gr,atest possible, as distinguishec1 X 
from maximum, utility. Suppose that 
at and above the price, correspond
ing to the point q, it is the inter
-est of the producer to adopt the large r 
·scale of production. Up to that price 
:his industrial dispositions will be repre-
·sented by the inner curve ; on reaching 
that point he will jump from q to q' and 
.ascend along the outer curve. The locus 
of greatest possible utility may be called 
the genuine or effective supply-curve. 
A similarly shaped supply-curve may 
exist for other producers. Suppose, now, 
all these indivi:' uil eff c:ive supply
cune; superro .ed, and we have the ef
fective supply-curve for the community, 
S51, which continually trends outwards. 
This character is not annulled by the 
existence of steps in the tract MN, 
corresponding to the prices at which 
the leap of each individual occurs. A 
fortioi ·i the demand-curve continually 
trends outward s like that in Fig. 1 (cp. 
Auspitz and Lieben ). It should seem, 
therefore, that theoretically on the 
supposition of enlightened self-interest 
1here is only one rate of exchange at 
which supply is just equal to demand. 
No doubt there is something to be said 
on the other side. Suppose the jump 
from q to q', or from q' to q, involves 
a breach of habit, the inconvenience 
which the "economic man" will not 
neglect. A little attention will show 
that in this case the tract MN' of the 
collective-curve might break up in two 
separate branches. Moving from M 
upwards we should not be on the same 
lccus as from N downwards. 

V 

(k) ONE-SIDED MoNoroLY.-In Fig. 8 le t the curve SS' re
present the demand of the public for a monor:olized article, the 
abscissa denot ing price, the ordinate quantity. Then, as Cournot 
shows, it is the interest of the monopolist that the rectangle 

FIG. 8. 

X 
FIG. 9. 

(!) Two-SIDED MoNOPOLY.-!n F_ig. 9 l~t (?P and Oq re
present the curves of constant sattsfacllon, or md1ffer~nce-cu1 ves 
[above, note (d) ; "Theorie der Preise," Appendix IL .; ". ~athe
matical Psychics," p. 21] drawn through O for two rndtv1duals 
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or combinations respectively. Then the locus of bargains 
which it is not the interest of both parties to disturb is the con
tract-cu,ve, pq (" Math. Psych.," loc. cit.). At what point, then, 
on this curve will the transaction settle down ? If we assume 
that the conditions of a market are retained, the required point 
is at the intersection of the supply- and demand-curves, which is 
on the contract-curve. That is the solution of Messrs. Auspitz 
and Lieben (" Theorie," p. 381). It corresponds to the prin
ciple laid down by Prof. Marshall for the action of arbitrators 
(referred to above in note). But Prof. Menger, who has a 
numerical scheme equivalent to a rudimentary contract-curve 
(" Grundsatze," pp. 176-78), and Prof. Bohm-Bawerk, referring 
to the "Spielraum '' afforded by the indeterminates of bargain, 
recommend to "split the difference." Instead of "equal," 
"equitable'' division has been proposed by the present writer
namely, that adjustment which produces the maximum of utility 
to all concerned; not subject to the conditions of a market, but 
irrespectively thereof [equations (/3) and (-y); without equation 
(a) in note (e) above], the utilitarian arrangement, which also is 
represented by a point in the contract-curve, say u in Fig. 9. 
Such might seem to be the ideally most desirable arrangement; 
but very likely the practically best, the 1rpaK'rclv a-y~06v, is in the 
neighbourhood indicated by Prof. Marshall and Mes>rs. Auspitz 
and Lieben. 

(m) THE AUSTRIAN SCHOOL.-Prof. Menger and his fol
lowers have expressed the leading propositions of the economic 
calculus-the law of diminishing utility, the law of demand 
and supply, and so forth-by means of p rticular numerical 
examples, supplemented with copious verbal explanation. Their 
success is such as to confirm the opinion that the mathematical 
method is neither quite indispensable nor wholly useless, nee 
nihil nee omnia, like most scientific appliances. Conceding 
that in the main they impart a saving knowledge of the 
true theory of value, it may still be maintained that they 
occasionally emphasize the accidents of a particular example 
as if they formed the essence of the general rule ; that their 
explanations are excessively lengthy ; and yet their meaning 
sometimes is obscure. For in,tance, Prof. Bohm-Bawerk 
may seem to attach undue importance to his conception of 
the Grenzpaar. He illustrates the play of demand and supply 
by supposing a market in which on the one hand there are 
a number of dealers each with a horse to sell, and on the other 
band a number of would-be buyers (Konrad"s J'alzrbueh, 
1886; "Kapital," p. 211; cp. Mr. James Bonar's excellent 
article in the Quarterl:)1 J'ourna! of Economics, 1888). The 
latter are arranged in the order of their strength : first, the one 
who is prepared to give most for a horse, the hi~hest price 
which the second can afford is less, and so on. Parallel to this-

0 

FIG. IO. 

arrangement is that of the would-be st!Jers: first, he who can 
sell cheapest, and so on. Upon this hypothesis it might happen 
that the fifth would-be buyer is willing to give a little more than 
the lowest figure which the fifth would-be seller will take; while 
the sixth on the side of the buyers is not willing to give quite as 
much as the sixth horse-dealer stands out for. In this case five 
horses only will be sold ; and the couple who are the last between 
whom a bargain is possible-buyer No. S and seller No. 5-
enjoy a mighty distinction as the Grenzpaar; an honour which 
is to some extent shared with No. 6, the first couple between 
whom a b1rgain is impossible. 

Now this attention to a particular couple is not always appro
priate. How if the weakest actual buyer should prove to be, 
not buyer No. 5 but buyer No. 1, as to a second horse? Prof. 
Bohm-Bawerk, indeed, has thought of this case, and called 
attention to it in a note to his later redaction (" Kapital," p. 
218). So far-although the whole simplicity of the scheme is 
destroyed when "'" permit second and third horses to the 
different buyers and sellers-the conception of a" limiting couple" 
may still be retained. It will be found, however, that this idea 
is not appropriate to the general case of a divisible commodity, 
which a single indi,,idual on one side of the market may buy 

from or sell to a large number on the other side. That general 
case is much more clearly represented by a diagram like Fig. 10, 
where the inner thin-lined curves represent the dispositions of 
the individual dealer, the outer thick curves the collective supply 
and demand (cp. Auspitz and Lieben, "Theorie der Freise"). 
No doubt Prof. Bohm-Bawerk's conception is appropriate to a 
particular case, that in which the k!einste markiibliehe Men
geneinheit, in the phrase of Messrs. Auspitz and Lieben (ibid., 
p. 123), is considerable. But it is better, with those eminent 
theorists, to begin with the general or, at least, the simple case. 

As an instance of the excessive circumlocution in which the 
purely literary method is liable to be entangled, we may notice 
the doctrine of objective and subjective value, which occupies 
many pages in the works which we have cited. I have been un
able to find more in the distinction than what is visible on a 
glance at the appropriate diagram. The individual's subjective 
estimate of worth is expressed by his particular demand- or 
supply-curve, Oe1, Oe2, &c., Og1, OA,.2, &c., in Fig. IO. The 
proper combination of those individual curves gives the collective 
demand- and supply-curves, of which the intersection represents 
the "objective" value. 

Moreover, verbal circumlocutions are so little adapted to ex-
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press mathematical conceptions that we are sometimes left in 
uncertainty as to our author's meaning. When Prof. Bohm
Bawerk remarks that there is something special in the labour
market, in that the buyer will vary his arrangements according 
to the price of the article, the rate of interest (" Kapital," p. 
407), does he specify the property which Messrs. Auspitz and 
Lieben have stated as general-that the utility function [our ,i,, 
note (e) above] is discontinuous, being different for large and 
small values of the variable under consideration? 

These deficiencies are more conspicuous in other writings of 
the Austrian school. A glance at Fig. JO, an intuition of the 
corresponding algebraic formulre, will show that the notion of an 
average imported into the doctrine of value by Dr. Emil Sax 
(" Staatswirthschaft ") is not quite appropriate. As an instm,ce in 
which great abridgment would be effected by mathematical ex
pression, we might notice the last three chapters of Dr. Zucker
kandl's " TheoriP. der Preise." Again the difficulty of conveying 
technical propositions without the proper phraseology may be 
illustrated by Prof. Wieser's "Der natlirliche Werth," when he 
speaks of value and final utility having place in a Communistic 
or Sociali,tic State (p. 26, note, and passim). May his meaning 
thus be formulated? In an economical dgimc distribution and 
exchange are regulated by the condition that the final utility 
of a!l concerned should be zero, the total utility a minimum, 
subject to t!te law thal there should be only one rate of exchange in 
a market. In a communistic or utilit arian regime the limitation 
which the last italicized clause expresses is removed. In terms 
employed in our note (e) the economical ad justment is determined 
by the equations (a), (/3 ), and (-y); the utilitarian adjustment is 
determined by (B) and (-y) only-in short, the distinction between 
the points rand u in our Fig. 9 referring to note (e). 

In offering these too brief criticisms I regret that my limits 
impose a curtness which is hardly consistent with courtesy. 

SECTION G. 

MECHANICAL SCIENCE. 

Ol'EN!KG ADDRESS BY WILLIAM ANDERSON, M.INST.C.E., 
PRESWENT OF THE SECTION. 

l HAVE had considerable difficulty in selecting a subject which 
should form the main feature of my address. This meeting being 
held in Newcastle, it seemed almost imperative that I should 
dwell upon two industries which may be said to have had their 
genegis here: that I should direct your attention to the extra
ordinary development of the system of transmitting power by 
hydraulic agency, and the use of the same agency for lifting 
enormou, we ights and exerting mighty pressures ; and that I 
should not neglect to notice a manufacture of specially national 
importance-that of heavy artillery, and of ships of war sent 
forth fully equipped and ready to take their places in our first 
line of defence. 

The desire which I felt of treating of these subjects was 
heightened by the opportunity which it would have afforded of 
paying a tribute of respect and admiration to the distinguished 
citizen of this town, who, by his genius and perseverance, created 
the E lswick ·works, raised the character of British engineering, 
and rendered his country services so eminent that Her Majesty 
has seen fit to recognize them by bestowing honours higher than 
any which an engineer has hitherto been able to achieve. 

Rut I fdt that the themes mentioned, important as they are, 
have been frequently treated of by able men, and that I would 
perhaps render more service to Mechanical Science if I drew your 
attention to a subject which appears to me to be bearing with 
daily augmenting force on the practical manipulation of the 
materials used in construction. l allude to the molecular struc
ture of matter. This branch of science has, up to the present 
time, been left very much in the hands of the chemist and the 
physicist, and I dare say that many engineers may think that it 
is l,y no means desirable to change the arrangement ; but I hope 
to show that the progress of engineering, the more exact methods 
of dealing with the properties of materials, the increased demands 
on th eir powers of endurance, render it imperatively necessary 
that mechanics should interest themselves more deeply in their 
internal s: ructures and the true meaning of the laws by which 
their properties are defined. 

Five years ago, at Montreal, in his address to the Mathematical 
Section, Sir William Tho:mo:1 took for his subject the ultimite 

ccnstitution of matter, and discussed, in a most suggestive 
manner, the very structure of the ultimate atoms or molecules, 
He passed in review the theories extant on the subject, and 
pointed out the progress which had been made in recent years 
by the labours of Clausius, of Clerk Maxwell, of Tait, and of 
others, among whom his own name, I may add, stands in 
unrivalled prominence. 

I will not presume to enter into the fi eld of scientific thought 
and speculation traversed by Sir William Thomson, because I 
am only too conscious that both my mathematical knowledge and 
my acquaintance with the natural sciences is too limited to entitle 
the views which I may have formed to any respect ; I propose to 
draw attention only to some general considerations, and to point 
out to what extent they practically interest the members of this 
Section. 

In a lecture delivered at the Royal Institution last May, 
Prof. Mendeleeff attempted to show that there existed an analogy 
between the constitution of the stellar universe and that of matter 
a, we know it on the surface of the earth, and that from the 
motions of the heavenly bodies down Lo the minutest interatcmic 
movements in chemical reactions the third law of Newton held 
good, and that the application of that law afforded a means of 
explaining those chemical substitutions and isomerisms which are 
so characteristic, especially of organic chemistry. 

Examined from a sufficient distance, the planetary system 
would appear as a concrete whole, endowed with invisible internal' 
motions, travelling to a distant goal. Taken in detail, each 
member of the system may be involved in movements connected 
with its satellites, and again each planet and satellite is instinct 
with motions which, there is good reason to believe, extend to 
the ultimate atoms, and may even exist, as Sir W. Thomson has. 
suggested, in th~ atoms themselves, The total result is complete 
equilibrium, and, in many cases, a seeming absence of all motion, 
which is, in reality, the consequence of dynamic equilibrium,. 
and not the repose of immobility or inertness. 

The movements of the members of the stellar universe are, 
many of them, visible to the eye, and their existence needs no 
demonstration; but the extension of the generalization just 
mentioned to substan~es lying, to all appearances, inert on the 
earth's surface is not so apparent. In the case of gase', indeed, 
it is almost self-evident that they are composed of particles, 
so minute as to be invisible, in a condition of great indi
vidual freedom. The rapid penetration of odours to great 
distances, the rea,ly absc.rption of vapour and of other 
gases, and the phenomena connected with diffusion, compres
sion, and expansion seem to demonstrate this. One gas· 
will rapidly penetrate another and blend evenly with it, even 
if the specific gravities be very different. The particles of 
gases are, as compared with their own diameters, separated 
widely from each other; there i, plenty of room for additional 
particles; hence any gas which would, ty virtue of its molecular 
motion, soon diffuse itself uniformly through a vacuum will 
also diffuse itself through one or more other gases, and once so 
diffused, it will never separate again. A notable example of 
this is the permanence of the constitution of the atmospherF, 
which i, a mere mixture of gases. The oxygen and the nitrogen, 
as determined by the examination of samples collected all over 
the world, maintain sensibly the same relative proportions, and 
even the carbonic acid, though liable to slight local accumula
tions, preserves, on the whole, a constant ratio; and yet the 
densities of these gases differ very greatly. 

Liquids, though to a much less degree than gases, are also 
composed of particles separated to a considerable relative distance 
from each other, and capable of unlimited motion where no 
opposing force, , uch as gravity, interferes: for under such 
circumstances their energy of motion is not sufficient to overcome 
the downward attraction of the earth; hence they are constrained 
to maintain a level surface. 

The occlusion of gases without sensible comparative increase 
of volume shows that the component particles are widely 
separated. Water, for example, at the freezing-point occludes 
ahove one and three-quarter times its own volume of carbonic 
oxide, nnd about 480 tiir.es its volume of hydrochloric acid, with 
an increase of volume, in the latter case, of nnly one-third ; and 
sulphuric acid absorbs as much as 600 times its bulk of methylic 
ether. The quantity of gas occluded increases directly as the 
pressure, which seems to indicate that the particles of the 
occluded gas are as free in their movements among the particles 
of the liquid as they would be in an otherwi,e empty containing 
vessel. 
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Liquids, therefore, are porous bo-iies whose constituent 
particles have great freedom of motion. It is no wonder, 
consequently, that two dissimilar liquids, plac 0 d in contact with 
each other, should interpenetrate one another completely, if 
time enough be allowed; and this time, as might be expected, 
is considerably greater than that reqnired for the blending of 
gases, because of the vastly greater mobility of the particles of 
the latter. The diffusion of liquids takes place not only when 
they are in actual contact, but even when they are separated by 
partitions of a porous nature, such as plaster of Paris, unglazed 
earthenware, vegetable or animal membran~s, and colloidal 
substances, all of which may be perfectly water-tight in the 
ordinary sense of the term, but yet powerless to prevent the 
particles of liquids making their way through simultaneously in 
both directions. 

The rate of diffusion increases with the temperature ; but an 
increase of temperature, we know, is synonrmous with increased 
molecular motion of the body, and with increased activ'ty of 
this kind we would naturally look for more rapid interchanges 
of the moving atoms. Such phenomena are only conceivable on 
the supposition that active molecular motiot1 is going on in an 
apparently still and inert mass. 

\Vhen we come to solid substances the same phenomena 
appear. 

The volumes of solids do not differ greatly from the volumes 
of the liquids from which they are congealed, and the solid 
volumes are generally ,1:reater. The volume of ice, for example, 
is one tenth greater than that of the water from which it separates. 
Solid cast-iron j,1st floats on liquid iron, and most metals behave 
in the same way; conseq11ently, if the liquids be porous the solids 
formed from them must be so also ; hence, as might be expected, 
solids also occlude gases in a remarkable manner. Platinum 
will take up five and a half times its own volume of hydrogen, 
palladium nearly 700 times, copper 60 per cent., gold 29 per 

·cent., silver 21 per cent. of hydrogen and 75 per cent. of oxygen, 
iron from eight to twelve and a half times its volume of a gaseous 
mixture chiefly composed of cs.rbonic oxide. 

Not only are gases occluded, but they are also transpired 
under favourable conditions of temperature and pressure, and 
even:liquids can make their way through. Rerl·hot iron tubes 
will permit the passag, of gases through their su'Jstance with 
great readiness, common coal-gas under high pressure tran~pires 
through the steel of the containing vessel, and it is well 
known that merc,1ry will penetrate tin and other metals with 
great rapidity, c.~mpletely altering their structure, their properties, 
and even their chemical compositions. 

The evidence of the mobility of the atoms or molecules of 
solid bodies is overwhelming. Substances when reduced to 
powder, may, even at ordinary temperatures, be restored to the 
homo_c;eneous solid condition by pressure only. Thus, Prof. 
\V. Spring, some ten years ago, produced from the powdered 
nitrate of potassium and sodium, under a pressure of thirteen 
tons to the square inch, ho oiogeneous transparent masses of 
slightly greater specific gravity than the original crystals, but not 
otherwise to be distinguished from them. More than that, from 
a mixture of copper filings and sulphur he produced, under a 
pressure of thirty-four terns per square inch, perfectly homo
geneous cuprous sulphide, Cu2S, the atoms of the two elements 
having been brought, by pressure, into so intimate a relation to 
each other that they were able to arrange themselves into mole
cules of definite proportion ; and, still more remarkable, the 
carefully dried powders of potash, saltp~tre, and acetate of soda 
were, by pressur<', caused to rx :hange their metallic bases and 
form nitrate of soda and acetate of potash. 

The same movements and changes have taken place, and are 
still going on, in Nature's laboratory. During the countless 
ages with which geology deals, and under the enormous 
pressures of superincumbent masses, stratified sedimentary rocks 
become crystallized and assume the appearance of rocks of 
igneous origin, and not only so, but rocks of whatever origin, 
crushed and ground to pieces by irresistible geological disturb
ances, reconstruct themselves into new forms by virtue of the 
still more irresistible and constant action of molect1lar forces and 
movements. Those wh'.) had the privilege of hearing Prof. A. 
Geikie's brilliant lecture at the Royal Institution last session will 
remember the striking series of microscopic slides which he 
exhibited, and by the aid of which he illustrated the changes of 
structure to which I have allt1ded. 

At high temperatures the same effects are more easily pro
duced on account of the greater energy of motion of the atoms 

or molecules. In the process of the manufacture of steel by 
cementation, or in case-hardening, the mere contact of iron with 
solid substances rich in carbon is sufficient to permit the latter 
to work its way into the heart of the former, while in the forma
tion of malleable cast-iron the carbon makes its way out of the 
castings with equal facility ; it is a complete case of diffusion of 
solid substances through each other, hut, on account of the inferior 
and restricted mobility of the particles at ordinary temperature,, 
a higher degree of heat and longer time are needed than with 
liquids or gases. 

Again, when, by the agency of heat, molecular motion 
is raised to a pitch at which incipient fluidity is obtained, 
the particles of two pieces brought into contact will inter
penetrate or diffuse into each other, the two pieces will unite 
into a homogeneous whole, and we can thus grasp the full 
meaning of the operation known as "welding." By the ordinary 
coarse methods but few substances unite in this way, because the 
nature of the operation prevents, or at any rate hinders, the 
actual contact of the two substances; but when molecular motion 
is excited to the proper degree by a current of electricity, the 
faces to be joined can be brought into actual contact, the 
presence of foreign substances can be excluded, and many metals 
not hitherto considered weldable, such as tool steel, copper, and 

1 aluminium are readily welded, as,many of us witnessed at the 
1 hands of Prof. Ayrton in the highly instructive lecture on electricity 

delivered last year at our Bath meeting. Again, a mere super
ficial union of different metals takes place readily under the 
influence of high temperature and moderate pressure, as we see 
in the operations of tinning, soldering, and brazing. The 
surfaces of the metals must be made as c'ean as possible ; the 
solder, which melts at a lower temp rature than the metal to be 
soldered or brazed, is applied, and at a comparatively moderate 
temperature and under very slight pressure the particles inter
penetrate each other; the two metals unite and form an alhy, 
bv the intervention of which the two surfaces are joined. This 
effect is very well illustrated by the action which takes place at 
the surface of contact of two dissimilar liquids. If brine, for 
example, be placed in the lower part of a glass tuhe, and <>r,ii
nary water, coloured in some way, be carefully poured on the 
bp, a sharp plane of demarcation will appear, but in a short 
time the plane of separation will become blurred, and will ulti
mately disappear, a !or.al blending of the two waters will take 
place, and will thus present a case of fluid-welding. 

It seems plain, therefore, that apparently inert solid masses 
are also built up of moving particles in dynamic equilibrium, for 
without such an assumption it would he hard to explain the 
phenomena to which I have allu~ed. But in addition to this 
evidence we can adduce the effects of other forms of energy, 
which we recognize under the names of radiant heat, light, and 
electricity. These we know to be forms of motion which can 
be communicated and converted from one to the other, from the 
invisible to the visible. The movement which we term radiant 
heat, acting through the instrumentality of the luminiferous ether 
which is believed, on the s:rongest grounds, to pervade all space 
and all matter, is competent to augment the quantity of move· 
ment in the particles of substances, and generally to cause an 
enlargement of volume. Conversely, when the particles, by con
tact or hy radiation, part with their hest, either to,surrounding 
objects or to space, the quantity of motion is reduced, ~he body 
contracts, and this contraction goes on down to temperatures far 
below those at which we have to work in practice, and conse· 
quently at ·all ordinary temperatures there must be abundant 
room for molecular motion. 

Again, energy in the form of light operates changes in the 
surface of bodies, causing colours to fade, and giving to photo
graphy the marvellous power which it possesses. Light decomposes 
the carbonic acid of the atmC>Sphere in the chlorophyll of green 
leaves, and determines chemical combinations, such as c1ilorine 
with hydrogen to form hydrochloric acid, or carbonic oxide with 
chlorine to form chlorocarbonic acid. It is inconceivable that 
these effects could be produced unless the undulations of light 
were competent to modify the molecular motions already existing 
in the solid liquid and gaseous bodies affected. 

Electricity exerts a simikr inflt1ence. Generated by the mole
cular movements caused by chemical a:tivity, whether directly, 
as in the primary battery, or indirectly, as in the dynamo, it is 
competent to increase the molecular movements in bodies so as 
to produce the effects of heat directly applied; it is capable of 
setting up motions of such intensity as to produce che,nical 
changes and decompositions, to say nothing of the whole series 
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of phenomena connected with magnetism, with induction, or the of dissociation at all temperatures, not only in the case of 
action through space and through non-conducting bodies, which, chemical unions, but also in that of solutions. 
as in the case of radiant heat and light, seems to imply the If steel be looked upon as a solution of carbon and iron/then 
existence of an interatomic ether. Conversely, changes of mole- the hardening of steel is explained by t!-.e theory that dissocia
cular equilibrium, brought about by the action of external forces, tion has taken place at .the temperature at which it is suddenly 
produce corresponding changes in electrical currents: witness the cooled, the sudden cooling fixing the molecular motion at such 
effects of heat, for example, on conductivity and the wondrous an amplitude or phase that it gives a characteristic structure, 
revelations of molecular change obtained by the aid of Prof. one of the properties of which is extreme hardness. In ternpcr
Hughes' induction balance. The behaviour of explosives illus- mg, the gradual communication of heat causes dissociation again 
trates also, and in a striking manner, the effects of disturbing to take place, the molecular equilibrium is modified by the 
molecular equilibrium. An explosive is a substance which con- increased energy imparted to the particles, and when suddenly 
tains in itself, in a solid or liquid form, all the elements necessary cooled at any point there remains again a distinct substance, 
to produce a chemical change by which it is converted into the composed of iron and carbon, partly in various degrees of 
gaseous state. The application of heat, of pressure, or of irn- solution and partly free, and again possessing special mechanical 
pact, causes, as in Prof Spring's experiments, chemical union qualities. Thal steel, and probably other allo)S, differ in the 
to take place, first at the spot where the equilibrium is disturbed , nature of their composition according to the way in which they 
by the application of external force, and after" ards, with great I are worked, both with respect to heat and mechanical pressure, 
rapidity, throughout the mass, the disturbance being propagated has been abundantly proved by many eminent metallurgists, and 
either by the air surrounding the particles or by the luminifernus especially by Sir Frederick Abel, in the extended researches 
ether with all the rapidity of light; the chemical reaction is which he has recently carried out, on the hardening of steel, 
accelerated by the pressure which may arise, for example, if the for the Institution of Mechanical Engineers, and it would 
explosive be confined in the chamber of a gun or in the bore- appear as a natural sequence that the properties of steel would 
hole of a blast. High explosives, as they are termed, are corn- be greatly affected by the manner in which its temperature was 
paratively inert to ordinary ignition; but when the molecular changed, as we indeed find that it is when these changes are 
equilibrium is suddenly disarranged throughout the mass by the produced by baths of melted metals, by oil, or by water at 
detonation of a percussion fuse, combination takes place in- different temperatures. The action which tates place may be 
stantly throughout, and violent explosion follows. In a similar illustrated by what would happen supposing that a complicated 
manner some gases, such as acetylene, cyanogen, and others, dance, such as the lancers, were suddenly storped in various 
can be decomposed by detonation and reduced to their solid phases of the figures. The component parts would always 
constituents. Prof. Thorpe has devised a very beautiful lecture remain the same, but the rela1 ive distribution of the partners 
experiment, in which carbon disulphide is caused to fall asunder would vary continually, and analysis would show that at one 
into carbon and sulphur by the detonation of fulminate of mer- time each gentleman was associated with a rarticular lady ;;at 
cury fired by an electric spark. In these cases a reverse action another, that two ladies were attached to a single gentleman, 
takes place, but illustrates equally well the conversion of one form while a number of gentlemen had no partners at all ; and ) et 
of energy into others, and the conseqner,t disturbance of molecular again, at another, that the movements which were once recti
equilibrium in the snbstauces affected. It seems to me clear, there- linear have become circular. In each case the groups would 
fore, that the time has come when the conception of dynamic equi- assume a totally distinct appearance. 
librium in the ultimate particles of matter in all its forms must In support of these views it may be stated that, as far as I 
take the place of the structural system of inert particles. I know, no pure element is capable of being hardened or 
cannot conceive how the phenomena which I have enumerated tempered, the reason being that no chemical change can take 
can be explained on the supposition that matter is Luilt up of place when there is only .one substance; the effect of heat or 
motionless particles-how, for example, a stack of red and yellow p1;essure, however suddenly applied, produces merely a change 
bricks could ever change the order of arrangement without being of form which does not appear to carry with it any correspond
completely pulled asunder and built up again, in which case an ing alteration of mechanical proper!ies. 
intermediate state of chaos would exist; but I can easily com- It may be urged, however, that it is unlikely that alloys or 
prehend how a dense crowd of people may appear as a compact solutions could be affected in a manner so marked merely 
mass, streaming, it may be, in a definite direction, and yet how by small changes at comparatively low temperatures; but I 
each member of that mass is endowed with limited motion, by would observe that "great and little" are relative terms, and 
virtue of which he may push his way through without disturbing we have abundant evidence of the immense effects produced by 
the general appearance ; how the junction of two crowds would "hat would be called "little" causes, Sir Frederick Bramwell, 
form one whole, though, perchance, altered in character ; and in his address last year, drew attention to the importance of the 
how even Prof. Spring's experiments may be explained by the "next to nothing.'' It is not so very long ago that anyone 
supposition that bystanders on the edge of a crowd would be would have been considerd a dreamer for propounding a theory 
forced, by external pressure, to form part of it and partake of that the presence of the fraction of a per cent. of carbon, pbos
its general movements. phorus, or sulphur would totally alter the character of iron ; it 

It is a suggestive fact that the product of the atomic weight of is known that the addition of one two-thousandth part of alu
certain groups of substances and their specific heats is a constant rninium to molten iron makes the pasty ma, s as fluid as water; 
quantity which, for the greater number of the elements, does I that the presence of the smallest impurity in copper has a 
not differ much from 6·5. This implies that the quantity of disastrous effect on its powers of conducting electricity; and 
heat necessary to raise the temperature of the atoms of any one that the addition of one·thousandth part of antimony converts 
of the groups to any given extent is the same ; hence these the "best selected" copper into the worst conceivable. I need 
atoms will be endowed with the same amount of energy at any hardly allude to the great part played in Nature by microscopic 
given temperature, and therefore would be competent to replace organisms, and how much of the beauty of our seas and rivers is 
each other without disturbing the general dynamic equilibrium. derived from substances so minute that nothing but the electric 

When it is conctded that molecular motion pervades matter beam of Prof. Tyndall is capable of revealing their presence. 
in all its furms, and that the solid passes, often insensibly, into There is one more circumstance connected with my subject to 
the fluid, or even direct into the gaseous, it follows, almost of which I must draw your attention, because, though its application 
necessity, that there must be a border-land, the limits of which to the mechanical properties of substances is very recent, it 
are determined by temperature and pressure, in which substances promises to be of great importance. I allude to the periodic 
are constantly changing from one state to another. This is law of Dr. Mendeleeff. According to that law, the elements, 
observable in fusion, but to a more marked degree in evapora- arranged in the order of their atomic weights, exhibit an evident 
tion, where the particles are being incessantly launched into periodicity of properties, and, as Prof. Carnelley has observed, 
space as gas and return as constantly to the liquid state. Henri the properties of the compounds of the elements are a periodic 
Ste. Claire Deville has investigated similar phenomena in function of the atomic weights of their constituent elements. 
chemical reactions ; he has fqund that at certain temperatures Acting on these views, Prof. Rober! s.Austen has recently devoted 
and pressures substances fall asunder and combine much in the much time and labour to testing their exactness with reference 
way in which evaporation takes place, and has given the name to the mechanical properties of metals. The investigation is 
of" dissociation" to this µroperty of matter Prof. Mendeleeff and surrounded by extraordinary difficulties, because one of the 
others have extended the great French chemist's observations, essential features of the inquiry is that the metals operated on 
and have formulated the gener.11 law tl::at substances are car.able should be absolutely pure. For chemical researches a few grains 
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of a sulistance are all that is needed, and the requisite purity can 
be obtained at a moderate cost of time and labour ; but when 
mechanical properties have to be determined considerable masses 
are needed, and the funds necessary for obtaining these are 
beyond the reach of most private individuals. I cannot hdp 
suggesting that wealthy institutions, such as many of those con
nected with our profession, could not employ their res)urces 
more wisely than in giving the means of following up the 
researches which Proi. Roberts-Austen has inaugurated. 

In view of the difficulty of obtaining metals of sufficient purity, 
he selected gold as his base, because that metal can be more 
readily brought to a state of purity than any other, and is not 
liable to oxidation. In a communication to the Royal Society, 
made last year, he shows that the metals alloyed with gold which 
diminish its tenacity and extensibility have high atomic volumes, 
while those which increase these properties have either the same 
atomic volume; as gokl or have lower ones. The inquiry has 
only just been commenced, but it appears to me to promise 
results which, to the engineer, will prove as important and as 
fruitful of progress as the great generalization of Mendeleeff has 
been to chemists. A law which can not only indicate the exist
ence of unknown elements but which can also define their 
properties before they are discovered, if capable of application 
to metallurgy, must surely yield most valuable results, and will 
make the compounding of alloys a scientific process instead of 
the lawless and haphazard operation which it is now. 

The practical importance of the views I have enunciated are, 
I think, sufficiently obvious. Everyone will admit that an 
external force cannot be applied to a system in motion without 
affecting that motion; consequently matter, in whatever state, 
cannot be touched without changes taking place, which will be 
more or less permanent. The application of heat will cause a 
change of volume, and, at last, a change of condition ; the 
application of external stresses will also produce a change of 
volume ; and it is natural to infer that there must be some relation 
between the two, and, accordingly, Prof. Carnelley has drawn 
attention to the fact that the most tenacious metals have 
high melting-points, though here again there is a great want 
of exactness, partly on account of the difficulty of measuring 
high temperatures, and partly by reason of the scarcity of pure 
materials. 

Agaio, long-continue:! stresses, or stresses frequently applied, 
may be expet·ted to produce permanent changes of form, and so 
we arrive at what is termed the fatigue of substances. Stretched 
beyond their elastic limits, which limits I do not suppme to exist 
except when stresses are applied quickly, substances are perma
nently deformed, and the same effects follow the long applica
tion of heat. The constant recurrence of stresses, even of those 
within the elastic limit, causes changes in the arrangement 
of the molecules of substances which s!owly alter the pro· 
perties of the latter, and in this way pieces of machinery, 
which theoretically were abundantly strong for the work they 
had to perform, have failed after a more or less extended period 
of use. The effect is intensified if the stresses are applied sud
denly, if they reach nearly to the elastic limit, and if they are 
imposed in two or more directions at once, for then the mole
cular disturbance becomes very intense, the internal equilibrium 
is upset, and a tendency to rupture follows. Such cases occur 
in artillery, in armour-plates, in the parts of machinery subject 
to impact; and, as might be expected, the destructive effects do 
not always appear at once, but often after long periods of 
time. 

When considerable mas,es of metal have to be manipulated 
by forging or by pressure in a ·heated condition, the subsequent 
cooling of the mass impcse; restrictions on the free movement of 
some, if not all, of the particles ; internal stresses are developed 
which slowly assert themselves, and often cause unexpected 
failures. In the manufacture of dies for coining purposes, of 
chilled rollers, of shot and shell hardened in an unequal manner, 
spontaneous fractures take place without any apparent cause, 
and often after long delay, the reason being that the constrained 
molecular motion of the inner particles gradually extends the 
mothn of the outer ones until a solution of continuity is 
caused. 

Similar stresses occur in such m1sses as crank shafts, screw 
shafts, gun hoops, &c. The late General Kalakout,ky, some 
seventeen years ago, commenced a system itic investigation into 
the internal stresses in the tubes and hoops of guns and in 
armour-piercing shells. The method he pursued wa, to cut disks 
or rings about half an inch thick off the hoops and shells, 

to divide the metal of each disk into from four to six rings, to fix by 
means of silver plugs, on which very finely marked cross-lines were 
drawn, from four to eight points on the surface of each ring, and 
then to measure, with extreme exactness, the changes in dia
meter produced in every ring by the successive cutting out of the 
rings. Knowing by direct tests the mechanical properties of his 
material, he was able, from the changes in the diameters, to 
calculate what the tangential stresses in every part of each disk 
were, and to draw inferences as to their fitness for the work they 
were intended to perform. The same method of investigation 
has been pursued by Captain Noble of the Elswick Works, and 
by Lieutenant Crozier of the l'nited States Artillery, with the 
practical result that probably much more attention will be paid 
in future to the principles on which 1he annealing and hardening 
of steel is carried on. A gun hoop or tuhe, to be in the best 
condition to resist a bursting stress, should have its inner surface 
in a state of compression, and its outer in a state of tension, and 
the hoops should be shrunk on to the tubes or on to each other 
with but very little pressure. General Kalakoutsky proposed, 
in order to set up beneficial internal stresses, that tubes which 
were being annealed should be cooled from the inside by a jet 
of steam, cf air, of water, or of oil; and he advocated the practice 
of testing the effects of each new method of manufacture or of 
treatment by the careful measurements of slices of the finished 
material instead of working at random, as is still very much 
the practice. It is evident, also, that a sample of steel cut out 
of a gun hoop or crank shaft, and tested, can afford·no indication 
of the available tenacity of the same sa!nple ill situ. When 
released from the constraint of its surroundings, the particles 
must, of necessity, change their condition, for the disturbing 
forces have ·been removed; and the probability is that, if the 
steel be good, the test will prove satisfactory, especially if some 
time be allowed to elapse between cutting out the sample and 
testing it, and a false security will be engendered such as has 
often led to disastrous results. 

The infhtence of time on steel seems to be well established ; 
the highest qualities of tool steel are kept in stock for a 
considerable period ; and it seems certain that bayonets, swords, 
and guns are liable to changes which may account for some of 
the unsatisfactory results which have manifested themselves at 
tests repeated after a considerable interval of time. As all th<:se 
things have been hardened and tempered, there must necessanly 
have been considerable constraint put upon the freedom of 
motion of the particles, this constraint has gradually been over
come, but at the expense of the particular quality of the steel 
which it was originally intended to secure. 

I have now laid before you the views respecting the consti
tution of matter which I think are gaining ground, which explain 
many phenomena with which we are familiar, and which will 
serve as guides in our treatment of metals, and especially of 
alloys; but I must admit that the subject is still by no means 
clear, that a great deal more definition is wanted, and that we 
are still awaiting the advent of the man who shall do for 
molecular physics what Newton did for astronomy in explaining 
the strncture of the uni verse. 

One of the most remarkable features of the last thirty years is 
the introduction of petroleum, and the wonderfLtl development 
to which the trade in it ha, attained. 

Under the generic name of petroleum are embraced a vast 
variety of combinations of carbon and hydrogen, each of which 
is distinguished by some special property. ..\t ordinary tempera
tures and pressures some are gaseous, some are liquid, and some 
solid, and most are capable of being modified by suitable treat
ment under various temperatures and pressures. The employ· 
ment of petroleum in the arts is still extending rapidly. Used 
originally for illuminating purposes, it is now employed as fuel 
for heating furnaces and steam-boilers; as a working agent in 
heat-engines; valuable medicinal properties have been discovered; 
and as a lubricant it stands unrivalled. 

As an illmninant, even in this country, it is, to a large extent, 
superseding every other in private houses, and even in public 
lamps, because it gives a cheaper and more brilliant light than 
ordinary gas, and leaves the consumer free from the tyranny of 
great and privileged companies. 

As fuel it is especially convenient, cleanly, and economical. 
Stored in tanks of suitable con,truction, it is sprayed into the 
furnace without labour and without creating dust and dirt ; 
it is especially convenient in locomotive and marine work on 
account of the rapidity, ease, and cleanliness with which it can be 
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run into the tender or into the oi l-hunkers of a ship. As a 
working agent in heat-engines it is employed in two ways. 
First as vapour, generated from the lic;u'd petroleum contained 
in a boiler, very much in the same way as the vapour of water is 
used in an engine with surface condenser, the fuel for producing 
the vapour being also petroleum. \' ery signal success has been 
obtained by Mr. Yarrow and other; in this mode of using mineral 
oil , especially for marine purposes and for engines of sma:t 
power; there seems to he no doubt that by using a highly vola
til e spirit in the boiler a giwn amount of fuel will produce 
double the power obtainable by other means, and at the same 
time the machinery will be lighter and will occupy less space than I 
if steam were the agent used. The other method is to inject a , 
very fine spray of hot oil, associated with the proper quantity of I 
air, into the cylinder of an ordinary gas-engine, and ignite it , 
there by means of an electric spark or other suitable means. 
Attempts to use oil in this way date back many years, but it was 
not till 1888 that Messn. Priestm::m Brothers exhibited at the 
Nottingham Show of the R oyal Agricultural Socit:ty an engine 
which worked successfully with oil, the flashing-point of which 
was higher than 75° F., and was therefore within the category 
of safe oils. The engine exhibited was very like an ordinary 
Otto gas-engine, and worked in exactly the ;ame cycle. A pump 
at the side of the engine forced air into a sn a'l receiver at a few 
pounds' pressure to the square inch. The compressed air, 
acting by means of a small injector, carried with it the oil in 
the form of fine spray, which issued into a jacketed chamber 
heated by the exhaust, in which the oil was vaporized. The 
mingled air and oil was thus raised to a temperature of about 
300°, and was then drawn, with more air, into the cylinder, 
where, after being ccmpressecl by the return s troke of the piston, 
it was exploded hy an electric spark, and at the encl of the 
cycle the products of combus tion were discharged into the air 
after encircling the spray chamber and parting with most of 
their heat to the injected oil. The results of careful experi· 
ments made by Sir William Thom son and by myself on different 
occasions were, that I ·73 pound of petroleum was consumed per 
brake-horse p~wer per hour; but the combu;tion was by no 
means perfect, for a sheet of paper held over the e ,haust-pipe 
was soon thickly spattered with spots of oil. 

At the Windsor Show of the R oyal Agricultural Society 
this year, Messrs. Priestman a6ain exhibited improved forms of 
their engine; the consumption of oil fell to 1 ·25 pound per 
brake-horse power per hour, and a sheet of paper held over the 
exhat1st remained perfectly clean. They also showed a portable 
engine of very compact construction, and quite adapted to agri
cultural use ; the ordinary water cart , which has, in any case, to 
attend a portable steam-engine, being adapted to supply the 
water necessary to keep the working cylinder of the engine cool. 

It is hardly necessary to state that the use of petroleum for 
furnace purposes of all kinds is increasing very rapidly, and the 
demand has naturally reacted on the supply in promoting im
proved means of transport; and Newcastle, again, has led 
the van in this matter, for Sir William Armstrong, Mitchell, and 
Co., Mess rs. Palmer, and others have sent out a fleet of steamers 
constructed to carry the oil in bulk with perfect safety, both as 
regards the stowage of a cargo so eminently shifting, and with 
respect to risk from fire and from explosion. 

The enormom consumption of petr-:,leum and o.f natural gases 
frequently raises the question as to the probability of the proxi
mate exhaustion of the supply ; and, without doubt, many fear 
to adopt the use of oil, from a feeling that if such use once 
te·comes general the demand will exceed the production, the 
price will rise indefinitely, and old methods of illumination, and 
old forms of fuel, will have to be reverted to From this point 
of view it is most interesting to inquire what are the probabilities 
of a continuous supply; and such an investigation leads at once 
to the question, " What is the origin of petroleum?" In the 
year 1877, Prof. Mencleleeff undertook to answer this question; 
and as his theory appears to be very little known, and has 
never been fully set forth in the English language, I trust you 
will forgi\'e me for laying a matter so interesting before you. 
Dr. Mencleleeff commences his essay by the statement that most 
persons assume, without any special reason-excepting, perhaps, 
its chemical composition-that naphtha, like coal, bas a vege
table origin. He combats this hypothesis, and points out, in 
the first place, that naphtha must have been formed in the 
depths of the earth. It could not have been produced on the 
surface, because it would have evaporated; nor OYer a sea 
bottom, because. it w,,uld h:we floated up and b een clissipa'.ecl 

by the same means. In the next place, he shows that naphtha 
must have been formed beneath the very site on which it is 
found ; that it cannot have come from a distance, like so many 
other geological deposits, and for the reasons given above
namely, that it could not be water-borne, and could not 
have flow ed along the surface, while in the superficial sands in 
which it is generally found no one has ever discovered the 
presence of organized matter in sufficiently large masses to have 
served as a source for the enormous quantity of oil and gas yielded 
in some di stricts ; and hence it is most probable that naphtha 
has ri sen from much greater depths under the influence of its 
own gaseous pressure, or floated up upon the surface of waler, 
with which it is so frequently associated . 

The oil-bearing strata in Europe belong chiefly to the T ertia,y 
or later geological epochs; so that it is conceivable -that in these 
strata, or in those immediately below them, carboniferous 
deposi ts may exist and may he the sources of the oil ; but in 
America and in Canada the oil-bearini:: sands are found in the 
D evonian and Silurian formations, which are either destitute of 
organic remain,, or contain them in insignificant quantities. 
Yet if the immense masses of hydrocarbons have been produced 
by chemical changes in carboniferous beds, equally large masses 
of solid carboniferous remains must still exist ; but of this there 
is absolu tely no evidence, while cases occur in Pennsylvania 
where oil is obtained from the Devonian rocks underlying com
pact clay beds, on which rest coal-bearing strata. Had the oil 
been derived from the coal, it certainly would not have made its 
way downwards; much less would it have penetrated an im
permeable stratum of clay. The conclusion arrived at is, that it 
is impossible to ascribe the formation of naphtha to chemical 
changes pruduced by heat and pressure in ancient organized 
remains. 

One of the fi rst indices to the solution of the question lies in 
the si tuation of the oil-bearing regions. They always occur in 
the neighbourhood of, aucl run parallel to, mountain ranges,
as, for example, in Pennsylvania, along the Alleghanies; in 
Russia, along the Caucasus. The crests of the ranges, formed 
originally of horizontal strata which had been forced up by 
internal pressure, must have been cracked and dislocated, the 
fissures widening outwards, while similar cracks must have been 
formed at the bases of the ranges ; but the fiss ures would widen 
downwards , and wol!ld form channels and cavit ies into which 
naphtha, formed in the depths to which the fissures descended, 
would rise and manifest itself, especially in localities where 
the surface had been sufficiently lowered by denudation or 
otherwise. 

It is in the lowest depths of these fissures that we must seek 
the laboratories in which the oil is formed ; and once produced , 
it must inevitably rise to the surface, whether forced up by its 
own pent-up gases or vapours, or float~cl up by associated water. 
In some instances the oil penetrating or soaking through the 
surface layers loses its more volatile constituen ts by evaporation, 
and, in consequence, deposits of pitch, of carboniferous. shales, 
and asphalte take place ; in other cases, the oil, impregnating 
sands at a lower level, is often found under great pressure, and 
associated with forms of itself in a permanently gaseous state. 
This oil may be distributed widely according to the nature of 
the formati ons or the disturbances to which they have been sub
jected ; but the presence of petroleum is not in any way connected 
with the geological age of the oil-bearing strata: it is simply the 
result of physical condition and of surface structure. 

According to 1he views of Laplace, the planetary system has 
been formed from incandescent matter torn from the solar 
equatorial regions. In the first instance this matter formed a 
ring analogous to those which we now see surro_unding Saturn, 
and consisted of a ll kinds of substances a t a high temperature, 
and from this mass a sphere of vapours, of larger diameter than 
the earth now has, was gradually separated. The various 
vapours and gases which, diffused through each other, forn:ed 
at first an atmosphere round an imaginary centre, gradually 
assumed the form of a liquid globe, and exerted pressures incom
parably higher than those which we experience now at the base 
of our present atmosphere. According to Dalton's laws, gases, 
when diffused through each other, behave as if they were 
separate ; hence the lighter gases would preponderate in the 
outer regions of the vaporous globe, while the heavier ones 
would accumulate to a larger extent at the central portion, and 
at the same time the gases circulating from the centre to the 
circumference would expand, perform work, would cool in 
consequence, and at some period would assume the liquid or· 
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-even the solid state, just as we find the vapour of water diffused 
through our present atmosphere does now. That which is true 
of changes of physical condition, Henri Ste. Claire Deville, in 
hi, brilliant theory of dissociation, has shown to be equally true 
with respect to chemical changes ; and the cooling of the vapours 
forming the earth while in its gaseous condition was nec~ssarily 
accompanied by cheminl combinations, which took place 
chiefly on the outer surface, where oxides of the metals were 
formed; and a, these are generally less volatile than the metals 
themselves, they were precipitated on to what there then was of 
liquid or solid of the earth, in the form of metallic rain or snow, 
and were again probably dec:,mposed, in part at least, to their 
vaporous condition. The necessary consequence of this action 
is that the inner regions of the earth must consist of substances 
the vapours of which have high specific densities and high mole
cular weights-that is to say, composed of elements having high 
atomic weights-and that the heavier elementary substances 
would collect nearer the centre, while the lighter ones would be 
found nearer the surface. Our knowledge of the earth's crust 
extends but to an insignificant distance ; yet, as far as we do 
know it, we find that the arrangement above indicated prevails. 
Hydrogen, carbon, nitrogen, oxygen, sodium, magnesium, 
aluminium, silicon, phosphorns, sulphur, chlorine, potassium, 
calcium-substances whose atomic weights range from I to 40-
became condensed, entered into every conceivable combination 
with each other, ant! produced substances the specific gravity of 
which anrages about z½, never exceeds 4, and are found neat· 
the immediate surface of the globe. 

But the mean specific gravity of the earth, as determined by 
Maskelyne, Cavendish, and others, _certainly exceeds 5, and 
consequently the inner portion of our globe must be composed 
of substances heavier than those existing on the surface, and 
such sub;tances are only to be found amo~g the elements with 
high atomic weights. The question arises, What elements of 
this character are we likely to find in the depths of the earth? 
In the first place, since gase3 diffuse through each other, a 
certain proportion of the elements of high atomic wei,ht will also 
be found on the surface of the earth. Secondly, the elements 
forming the bulk of the earth must be found in the atmo· 
sphere of the sun-if, indeed, the earth once form eel part of its 
atmo,phere; and of all the elements, iron, with a specific 
gravity exceeding 7, and with an ato:nic weight of 56, corre
sponds best with the,e requirements, for it is found in abundance 
on the surface of the earth ; and the spectroscope has revealed 
the very marked presence of iron in the sun, where it must be 
partly in the fluid and partly in the gaseous state ; and con
sequently iron in large masses must exist in the earth ; so that 
the niean specific gravity of our planet may weU be 5, the value 
which has been determined by independent means. 

It is not easy, however, to define in what condition the mass 
of iron which must exist in the heart of the earth is likely to be. 
Iron is capable of forming a vast number of combinations, de
[Jending upon the relative proportion of the various elements 
present. Thus, in the blast-furnace, oxygen, carbon, nitrogen, 
calcium, silicon, and iron are associated, and produce, under the 
action of heat, besides various gases, a carburet of iron and slag, 
the latter containing chiefly silicon, calcium, and oxygen-that is 
to say, substances similar to those which form the bulk of the 
surface of the earth. But the,e same elements, if there be an 
excess of oxygen, will not yield any carburet of iron ; and the 
same re ,ult will follow if there be a deficiency of silicon and 
calcium, because of the large proportion of oxygen which they 
appropriate. In the same way, during the cooling of the earth, 
if oxygen, carbon, and iron were associated, and if the carbon 
were in excess of the oxygen, the greater part of the carbon 
would escape in the gaseous state, while the remaining part would 
unite with tbe iron. It is certain that, in the heart of the earth, 
there must have been a deficiency of oxygen, because of its low 
specific gravity ; and the argument is supported by the fact that 
free oxygen and its compounds with the lighter elements 
abound on the surface. Further, it must be presumed that much 
of the iron existing at great depths must be covered over and 
protected from oxygen by a coating of slag ; so that, taking all 
these considerations into account, it is reasonable to conclude 
that deep down in the earth there exist large masses of iron in 
part at least in the metallic state or combined with carbon. 

The above views receive considerable confirmation from the 
c~mposition of meteoric matter, for it also forms a portion of 
the solar sy.stem, and originated, like the earth, from out of the 
solar atmosphere, Meteorites are most probably fragments of 

planets, and a large proportion of them inclucle iron in their 
composition, often as carbides, in the same form as ordinary 
cast-iron-that is to say, a part of the carbon is free anrl a ps.rt 
is in chemical union with the iron. It has been shown, besi,!es, 
that all basalts contain iron, and basalts are nothing more than 
lavas forced by volcanic eruptions from the heart of the earth to 
its surface. The same causes may have led to the existence of 
combinati->ns of carbon with other metals. 

The process of the formation of petroleum seems to be the 
following :-It is generally admitted that the crust of the earth is 
very thin in comparison with the diameter of the latter, and 
that this crust incloses soft or fluid substances, among which the 
carbides of iron and of other metals find a place. When, in 
consequence of cooling or some other came, a fissure takes place 
through which a mountain range is protruded, the cmst of the 
earth is bent, fi ssures are formed ; or, at any rate, the 
continuity of the rocky layers is disturbed, and they are 
rendered more or less porous, so th~t smface waters are 
ahle to make their way deep in•o the bowels of the earth, 
and to reach occasional! y the heated deposits of metallic car
bides, which may exist either in a separated condition or blended 
with other matter. Under such circumstances it is easy to see 
what must take place. Iron, or whatever other metal may be 
present, forms an o,cide with the oxygen of the water; hydrogen 
is either set free, or combines with the carbon which was 
a,sociated with the metal, and becomes a volatile substance
that is, naphtha, The water whic~ had penetrated down to 
Lhe inc1ndescent mass is changed into steam, a portion of 
which finds its way through the porous substances with which 
the fi ssures are filled , and carries with it the vapours of 
the newly formed hydrocarbons, and this mixture of vapours 
is condensed wholly or in part as soon as it reaches the 
cooler strata. The chemical composition of the hydrocarbons 
produced will depend upon the conditions of temperature and 
pressure under which they are formed. It is obvious that these 
may vary between very wide limits, and hence it is that mineral 
oils, mineral pitch, oz~kerit, and similar products, differ so greatly 
from each other in . the relative proportions of hydrogen and 
carbon. I may mention that artificial petroleum has been 
frequently prepared by a process analogous to that described 
above. 

Such is the theory of the distinguished philosopher, who 
has fram ed it, not alone upon his wide chemical knowledge, but 
also upon the practical experience derived from visiting officially 
the principal oil-producing districts of Europe and America, 
from discussing the subject with able men deeply interested in 
the oil industry, and of collecting all the available literatnre on 
the subject. It is needless to remark that Dr. Mendeleeff's views 
are not shared by every competent authority; nevertheless the 
remarkable permanence of oil-wells, the apparently inexhaustible 
evolution ot hydrocarbon gases in certain regions, almost force 
one to believe that the hydrocarbon products must be forming as 
fast as they are consumed, that there is little danger of the 
demand ever exceeding the supply, and that there is every 
prospect of oil being found in almost every portion of the surface 
of the earth, especially in the vicinity of great geological disturb
ances. Improved methods of boring wells will enatile greater 
depths to be reached ; and it should be remembered that, apart 
from the cost of sinking a deep well, there is no extra expense 
in working at great depths, because the oil generally rises to the 
surface or near it. The extraordinary pressures, amounting to 
300 pounds per square inch, which have been measured in some 
wells seem to me to yield conclusive evidence of the impermea
bility of the strata from under which the oil has been forced up, 
and tend to confirm the view that it must have been formed 
in regions far below any which could have contained organic 
remains. 

The weights and measures in use in this country are a source 
of considerable trouble and confusion. Besides the imperial 
measures, which are complicated enough, a great number of 
local units are in use, so that unwary strangers are not unfre
quently deceived, or, at any rate, if they hope to e£cape from 
mistakes, have to apply themselves to the study of local customs. 
In the scientific world, again, the metric system is now almost 
exclusively used, and the same may be said of engineers and 
manufacturers who have to do with foreign countries in which 
French measures are in vogae. The same difficulty surrounds 
the measurement of the power of motors. The unit of power is, 
indeed, from the nature of the case, common to the whole 
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world-it is unit of weight multiplied by unit of height-and 
with us the foot-pound, or 33,000 times the foot-p mnd, is gene
rally accepted ; but the difficulty lies in determining how the 
measure is to be applied. Thus, in the case of a water-motor, 
should the power be calculated by the energy latent in the falling 
water, or in the actual work given off by the motor? In heat
engines we have to deal with many variables. There is the 
initial pres,ure of the working agent, the terminal pressure, the 
length of stroke, the number of revolutions per minute, the 
indicated power in the cylinder, the effective power given off, 
and the adequacy of the means of supplying the working agent. 
In the early days of steam, when pressures were pretty uniform, 
and speed bore a certain relation to the stroke, the diameter of 
a cylinder was a tolerably close index to the power of the 
engine, and such simple rules as " 10 circular inches to the 
horse-power," which prevailed among agricultural engineers, 
were tolerably intelligible. But in these days, when pressures, 
speeds, and rates of expansion vary so greatly, the size of the 
cylinder, or cylinders, is no longer a guide, and l imagine that 
most manufacturers have ceased to class their engines by their 
nominal horse-power. The problem is pretty simple in the case 
of pumping-engines, for there the nominal power may be taken, 
as it is in Holland, to be the actual work performed upon the 
water, and perhaps a similar rule might apply to motors driving 
dynamos, but for most other purposes no simple iaw is possible. 
In my own practice I have, for many years, been in the habit of 
classing engines by their indicated horse-power per cne revolu
tion for every probable initial i:;ressur<', below the maximum one 
for whic,1 the engines were designed, and for various rates of 
expansion. To facilitate the calculations I use curves which 
give the theoretical horse-power, on the supposition that steam 
expands according 10 Boyle's law, for 10,000 cubic inches of 
steam measured at the moment of exhaust, which is, in fact, the 
volume of the cylinder in single-cylinder engines, and the volume 
of the last C) Iinder in compounds. These curves are calculated 
for initial pressures rising by 25 pounds, and, in non-condensing 
engines, for the extreme range of expansion po-sit,Ie, and to 
fourteen expansions in condensing engines. The true indicated 
horse-power ranges from 80 per cent. to 85 per cent. of the 
theoretical, as above stated, the preci,e percentage depend
ing upon the construction of th-:! engine. As large engines 
are now almost always compound, the size of the cylinders 
is no guide to the lay n1ind; hence, in answering in
ciuiries, it is necessary by some means to get at the actu,d 
horse-power expected and to settle the initial pressure, for on 
this point there is still much timidity among steam-users, so that 
the engine-builder has to adapt himself in this and other 
particulars to the needs or prejudices of his customer. 

In marine engines, again, the difficulty is still greater, because 
the only measure of the effective power of the engines is the 
speed of the ship under given conditions of immersion. But the 
resistance of ships is a complicated matter, not perfectly ascer
tained yet, so that the speed attained in any new combination of 
engines and hull is by no means a certainty ; hence some recog
nized measure of the power of a marine engine, depending only 
on the measurement of the cylinders and boilers, becomes very 
desirable. 

So strongly has the want of a standard horse-power been felt 
by shipbuilders and marine engine makers, that the, Council of 
the North-East Coast Institution of Engineers and Shipbuilders 
appointed a Committee to investigate the sul1ject, and to devise, 
if possible, a set of rules which would be generally acceptable. 
The Committee made its report in the spring of 1888. They 
took as their basis the indicatecl horse-power, under certain 
normal conditions, and propose to call this the normal indicated 
horse-power (N.I.H.P.). The normal conditions are, briefly, 
the following :-

(I) That the steam, of whatever boiler pressure, is expanded 
to the same terminal pressure. 

(2) That the expansion is effected by all engines with the same 
degree of efficiency, 

(3) That the piston speeds of engines of different lengths of 
stroke are proportional to the cube root of their respective 
strokes, and, further, that the actual loaded trial-trip value of 
piston-speed may be taken as 144 times the cube root of the 
stroke in inches (144 ::i")· 

(4) That in cases in which the engines and boilers bear to 
each other such proportions as to prevent condition (I) from being 
fulfilled without thereby violating condition (3) the coal consump-

tion per LILI'. \\ill not be affected, but will be constant fur the 
same boiler-pressure. 

(5) That the boilers are constructed in accordance with what 
will be generally recognized as the average practice of the 
present day in respect of the allowance of steam room in 
relation to i:ower, the diameter, area, and pitch of tubes, the 
relation of grate to heating surface, and the area of uptakes 
and funnel ; that average natural chimney draught is used, or, if 

, forced draught be em ployed, that it does not exceed the natural 
1 

draught ; that the horse-power is proportional to the heating 
surface (II), and to the cube root of the pressure ( ,:1/P) ; and, 
further, that the actual loaded trial-trip horse-power may be 
taken as equal to one-sixteenth of the heating surface multiplied 

(H~P) by the cube root of the pressure ~·· . 

( 6) That the efficiency of the engine mechanism is constant, 
and that the propeller is such as to secure that the engines will 
utilize the boiler power referred to in condition (5) in the 
manner prescribed by conditions (3) and (4). 

Subject to these conditions the normal indicated horse-power 
is L,und by multiplying the square of the diameter of the low
pressure cylinder in inches by the cube root of the stroke in 
inches, adding to the product three times the heating surface 
of the boiler in square feet, multiplying the sum by the cube 
root of the pressure, and dividing the product by 100, 

N.I.H.P. == (_I)2~s + ~)~!P. 
100 

It is evident from this formula, and from the conditions. that 
account is taken of all the variables, and that the boiler is 
regarded as an integral part of the engine. The report gives 
several useful formula: deduced from the above. \Vhether the· 
expressions given are the most convtnient possible for _general 
marine practice or not, I am not competent to say ; but It seems 
to me that a step has been taken in the right direction in the 
attempt which has been n,arle to measure marine engines by 
some rational standard. The members of the Committee were 
all thoroughly practical as well as scientific men ; they deter
mined their constants by reference to a large number of success
ful cases ; and I sincerely hope that the question will be pursued 
by the marine ergine builders on the west coast, and by the 
cunstructors of land engines. As engineer to the Royal Agri
cultural Society, I have frequently had to define the power of 
engines entered for competition for the Society's prizes, and I 
have experienced the greatest difficulty in laying down rules for 
the guidance of intending competitors, being fearful, on th7 "?ne 
hand, of restricting originality, and, un the other, of adnuttmg 
engines of greatly varying powers. . 

I have expressed an opinion that the numerous engineering 
Societies which exist at this day have it in their power to pro
mote the advancement of mechanical science in a notable mannn 
by appointing Research Committees, or by aiding individual 
investi0ations from their abundant means. The North-East 
Coast Institution of Engineers and Shipbuilders has clone good 
service in their endeavours to establish a practical measure of 
the power of marine engines, while the Institution of Mechani_cal 
Engineers has, for the last ten years, been steadily promoting 
researches of an eminently practical nature. Their expenditure 
has reached the handsome sum of £1700, and their Proceed
ings have been enriched with Reports on the hardening, temi:er
ing, and annealing of steel, on the form of riveted joints, on 
friction at high velocities, on marine-engine trials, and on _the 
value of the steam jacket. The names of those who are actmg 
on these Committees are a guarantee that the investigations 
conducted by them will rank among the classical works of the
profession, and will abundantly justify the liberal expenditure 
which has been incurred. 

It is impossible to conclude the address which l have ~ad 
the honour of delivering, without an allusion to the most im
portant structure which engineering skill and enterprise has ever 
attempted. The Forth Bridge is rapidly approac~ing comple
tion, and on Saturday, September 14, Mr. Baker 1s to deltver 
a lecture, in which he will, no doubt, tell us when the great 
work is likely to be completed. I think that the members of 
this Section belong sufficiently to the '' working classes" to_ have 
a claim to admission to the lecture, and to hear from the ltps of 
the creator of the bridge the story of its inception, of its progress, 
and his hopes as to its completion. 




