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Entangling entanglement: coupling
frequency and polarization of biphotons
on demand
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Quantum information is often carried in the frequency and polarization degrees of freedom (DoFs) in
single photons and entangled photons. We demonstrate an approach to couple and decouple the
frequency and polarization DoFs of broadband biphotons. Our approach is based on a nonlinear
interferometer consistingof a linear dispersivemediumandapolarization controller in between the two
biphoton sources (nonlinear media). When the two DoFs are decoupled, maximally polarization-
entangled biphotons are observed in the polarization DoF, while interference fringes are observed in
the spectrum of the biphotons. When the two DoFs are coupled, by adjusting the polarization
controller, interference fringes disappear from the spectrum and instead appear in the degree of
polarization entanglement, varying between 0 and 1, depending on the signal and idler frequencies.
Our approachoffers aconvenientmeansof tuning thepolarization entanglement andcanbeemployed
for arbitrary biphoton polarization state generation.

Much of the development in the fields of quantum optics and quantum
information processing relies on our ability to effectively manipulate
biphoton states in various degrees of freedom (DoFs). Biphoton manip-
ulation is in fact a necessary step towards generating arbitrary biphoton
states required for many quantum applications1–6 and for studying funda-
mental physics7,8.

In the realm of generating biphotons, nonlinear optical processes, such
as spontaneous parametric down-conversion (SPDC), have traditionally
served asworkhorses9–11. Nevertheless, they are usually incapable of offering
a dynamicway ofmanipulating the properties of the generated biphotons in
various DoFs. Hence, additional steps are required either before or after the
generation of biphotons from a nonlinear process8,12–18 to directly manip-
ulate biphotons in various DoFs.

Directmanipulation of biphotons within a specificDoF, however,may
not always be straightforward. An alternative approach has been proposed,
involving the indirectmanipulation of biphotons through the utilization of
an ancillaryDoF to establish couplingwith the targetDoF19–21.Manipulation
of the more accessible ancillary DoF will result in an appropriate change of
the target DoF of biphotons. This form of indirect biphoton manipulation
requires a reliable way of coupling between DoFs of biphoton state in the
first place. Several techniques have been reported in the literature to facilitate
such coupling, including the use of linear optics andmode selection5, as well
as the incorporation of active elements such as frequency shifters19,20.

Even though biphotons with coupled DoFs have a unique role in
generating complex photonics states, there are few studies offering techni-
ques for generating such states, including cluster states5,22,23. In contrast,
within the classical realm, there is a well-established practice of coupling
variousDoFs to create classical nonseparable states of light, often referred to
as “classical entanglement”24–26. This is commonly achieved by coupling the
polarization and spatial modes of the electromagnetic field through the use
of spatial light modulators, liquid crystal q-plates, J-plates, or
metamaterials27–30. Nonetheless, it is crucial to note that this form of cou-
pling does not offer the capability to independently control one DoF by
adjusting the other.

Here, we propose and demonstrate amethod for generating biphotons
with coupled DoFs (polarization and frequency), by utilizing a common-
path nonlinear interferometer (CP-NLI) without the need for postselection
or active elements. The method allows for the coupling and decoupling of
the two DoFs of biphotons on demand through a simple polarization
transformation. As a result of the coupling between two DoFs, biphoton
properties in polarization DoF (such as polarization entanglement) can be
controlled and tuned by choosing different frequencies of biphotons.

Prior to providing a comprehensive explanation of our technique,
we would like to remark that biphotons with coupled DoFs differ from
two other commonly known categories of biphotons, namely hybrid-
and hyper-entangled biphotons. Hyper-entangled biphoton states17
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can be expressed as:

∣ψhyper

E
¼ ∣ψDoF1

�� ∣ψDoF2
�� � � � � ∣ψDoFn

�
; ð1Þ

where ∣ψDoFn
�
is the maximally-entangled biphoton quantum state in DoF

n. The hyper-entangled biphoton state consists of a tensor product in each
DoF (∣ψDoFn

�
) and there exists no coupling between these DoFs.

In the case of hybrid-entangled biphotons31–33, one DoF of one photon
is entangled to a different DoF of the other photon in the pair. The most
simple form of such a biphoton state can be written as:

∣ψhybrid

E
¼ 1ffiffiffi

2
p ð∣ζ1

�� ∣η2
�þ ∣ζ?1

�� ∣η?2
�Þ; ð2Þ

where ∣ζ1
�ð∣ζ?1 �Þ and ∣η2

�ð∣η?2 �Þ are the orthonormal bases in the Hilbert
space of the first and second photon in the pair, respectively. For instance,
∣ζ1

�
may represent the path state of one photon, while ∣η2

�
is the polar-

ization state of the other photon in the pair.
For biphotons with coupled DoFs, on the other hand, the entire

biphotonwavepacket in oneDoF is coupled or entangled to that in the other
DoF.A simple example of such a state, which is also considered in thiswork,
can be expressed as:

∣ψcoupled

E
¼ 1ffiffiffi

2
p ∣ψDoF1

1

�� ∣ψDoF2
1

�þ ∣ψDoF1
2

�� ∣ψDoF2
2

�� �
; ð3Þ

where ∣ψDoFm
i

�ði ¼ 1; 2;m ¼ 1; 2Þ is the entire biphoton wavepacket in

DoF m, which is also orthogonal to ∣ψDoFm
j

E
ði≠ jÞ. This class of biphoton

states cannot be factorized into the tensor product in different DoFs (unlike
hyper-entangled biphotons).

The basic idea of generating biphotons with coupled DoFs is based
on interfering biphoton amplitudes generated coherently in two non-
linear media which are separated by a linear dispersive medium, as
shown in Fig. 1a. The output biphoton wavefunction, assuming equal
amplitude contribution from the two nonlinear processes, can be
written as:

∣ψNLI

� ¼ 1ffiffiffi
2

p ½eiαðωA;ωBÞ∣ψ1

�þ ∣ψ2

�� � ∣ωA;ωB

�
; ð4Þ

where ∣ψ1

�
and ∣ψ2

�
are the two interfering biphoton wavefunctions,

generated separately in the two nonlinear media, and α(ωA,ωB) is a
frequency-dependent relative phase due to the linear dispersive medium.
Note that the wavefunction in Eq. (4) is not normalized.

If ∣ψ1

�
and ∣ψ2

�
are two identical polarization states, such as being

equivalent to ∣Ψþ� ¼ 1ffiffi
2

p ð∣HV i þ ∣VH iÞ, the output state will be

∣ψNLI

� ¼ 1ffiffiffi
2

p ∣Ψþ�� ½eiαðωA;ωBÞ þ 1�∣ωA;ωB

�
; ð5Þ

which, regardless of α, is in the polarization state ∣Ψþ� with an amplitude
modulation dependent on α. The spectral intensity (〈ψNLI∣ψNLI〉) varies as
cos2ðα=2Þ, which means that the interference fringe can be observed in the
frequency DoF of biphotons. Also, it can be seen that the polarization and
frequency DoFs are decoupled from each other.

Now if ∣ψ1

�
and ∣ψ2

�
are different and orthogonal to each other, e.g.,

∣ψ1

� ¼ ∣Φ�i ¼ 1ffiffi
2

p ð∣HH i � ∣VV iÞ and ∣ψ2

� ¼ ∣Ψþ�, then

∣ψNLI

� ¼ 1ffiffiffi
2

p ½eiαðωA;ωBÞ∣Φ�i þ ∣Ψþ�� � ∣ωA;ωB

�
: ð6Þ

The spectral intensity (〈ψNLI∣ψNLI〉) becomes frequency independent, while
the polarization state is dependent on α (and hence on frequency). It shows
that the degree of polarization entanglement (expressed as
concurrence34CPol ¼ j cos αðωA;ωBÞj) depends on the frequencies of
biphotons, hence the polarization and frequency DoFs are coupled to each
other. As a result of this coupling, we can control the entanglement in one
DoF (polarization) by varying the other DoF (frequency).

Since ∣Φ�i can be obtained from ∣Ψþ� by a simple polarization
rotation,we can always switch from the biphoton statewith decoupledDoFs
[Eq. (5)] to the one with coupled DoFs [Eq. (6)] and vice versa. The role of
the polarization controller (PC) in Fig. 1 is to couple or decouple the two
DoFs on demand.

Results and discussion
Experimental setup
To demonstrate our approach experimentally, we use a reflective CP-
NLI35 shown in Fig. 1b. The biphoton amplitudes generated by the
forward-propagating and back-reflected pump interfere with each
other. The reflective CP-NLI automatically satisfies the requirement of
having identical biphoton emission spectra for the two interfering
biphoton wavefunctions. Furthermore, since the loss (waveguide loss
& reflection loss) are approximately the same for the pump and the
signal/idler, this reflective CP-NLI configuration also automatically
ensures that the interfering biphoton wavefunctions have approxi-
mately equal amplitudes.

Our experimental setup is illustrated in Fig. 2. The reflective CP-NLI
consists of an approximately 20-cm-long periodically-poled silica fiber

Fig. 1 | Common-path nonlinear interferometer
(CP-NLI). aGeneral scheme of a CP-NLI consisting
of two nonlinear media, pumped to generate
polarization-entangled biphotons. The wavefunc-
tion of the biphotons from the first nonlinear
medium ∣ψ1

�
undergoes a transformation R̂ and

interferes with the biphoton wavefunction from the
second nonlinear medium ∣ψ2

�
. The transformation

R̂ determines the output state ∣ψNLI

�
. b A modified

reflective CP-NLI. The biphoton amplitudes gen-
erated from the forward and backward paths inter-
fere with each other. PC: polarization controller.
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(PPSF)36 serving as a nonlinear medium, an approximately 5m-long SMF-
28 fiber functioning as a linear dispersive element, and a fiber-based
polarization controller used to perform polarization transformation. The
reflector is implemented via metal coating of one end of the SMF-28 fiber
connector. The nonlinear medium PPSF is used for generating broadband
polarization-entangled biphotons (∣Ψþ�)37–39. Its broad emission band-
width and negligible group birefringence significantly simplify the con-
struction of an all-fiber reflective CP-NLI. To produce type-II SPDC, we
employ a continuous-wave 780 nm diode laser (Toptica DL-Pro) as the
pump. The coherence length of the pump is much greater than the group
delay between the pump and signal/idler, allowing us to generate coherent
biphotons in maximally polarization-entangled states in both the forward
and backward directions.

To demonstrate the coupling between the frequency and polarization
DoFs, we measure the degree of polarization entanglement (more specifi-
cally, concurrence), as a function of signal/idler frequencies. To obtain the
density matrix for each signal and idler frequency pair, we incorporate a
dispersion compensatingmodule (DCM)whichmaps the spectrum into the
delay of the arrival time of signal and idler photons. We perform standard
16-measurement QST and employ the maximum likelihood method to
derive the density matrix for each wavelength. The DCM maintains an
approximately constant nominal dispersion of around 707 ps/nm. The
shortest coincidence window is dictated by the time jitter of the detectors
~256 ps, which gave us a wavelength resolution of approximately
0.36 nm (50 GHz).

Priciple of the approach
First, we give a brief derivation of the output quantum states from the CP-
NLI for both the decoupled and coupled cases. The general quantumstate of
biphotons at the output of the CP-NLI in Fig. 1 is derived in ref. 3, which
considers both the polarization and frequency DoFs, as well as pump
coherence. After pumped for type-II SPDC, the quantum state of biphotons
generated from a nonlinear medium of a length L is:

∣ψ
� ¼ R

dωAdωBϕðωA;ωBÞeiΔkVHVL âyAHâ
y
BV

h

þ eiΛâyAVâ
y
BH

i
∣ vac i;

ð7Þ

where âyAS0 ðâyBS00 Þ is the creation operator of the signal (idler)fieldwith S0ðS00Þ
polarization; ΔkVHV ¼ kωPV

� kωAH
� kωBV

� kQPM is the phase mismatch
between the pump (V), signal (H) and idler (V) in the quasi-phase-matched
(QPM) PPSF structure, and ΔkVVH is similarly defined;
Λ = [ΔkVVH(ωA,ωB)−ΔkVHV(ωA,ωB)]L is related to the group

birefringence of the PPSF38. The biphoton amplitude is defined as:

ϕðωA;ωBÞ ¼
R
dωPA0ðωP;ωA;ωBÞf ðωPÞL

× sinc ΔkL
2

� �
δðωP � ωA � ωBÞ;

ð8Þ

where f(ωP) is the pump linewidth,A0ðωP;ωA;ωBÞ includes the nonlinear
susceptibilities and other phase factors. To simplify the analysis, we made
the approximation ΔkVVH ≈ΔkV HV across the entire phase-matching
bandwidth and substituted them with Δk. The approximation is justified
due to the extremely low group birefringence of the PPSF38 and leads to
Λ≪ 1. Consequently, the same spectral amplitude is used for the ∣HViωA;ωB

and ∣VHiωA;ωB
states in Eq. (7).

The coherent superposition of the two biphoton amplitudes results in
the following generic form:

∣ψNLI

� ¼ R
dωAdωB ϕHHðωA;ωBÞ∣HH i�

þ ϕHVðωA;ωBÞ∣HV i
þ ϕV HðωA;ωBÞ∣VH i
þ ϕV VðωA;ωBÞ∣VV i�� ∣ωA;ωB

�
;

ð9Þ

where ϕS0S00 ðωA;ωBÞ is the biphoton amplitude of each polarization state.
Note that ϕS0S00 ðωA;ωBÞ includes the effects of both dispersion of the linear
medium and polarization transformation of PC2. Their collective effect can
be modeled by two consecutive transformations:

R̂ ¼ T̂ × Û; ð10Þ

where T̂ ¼ e2ik0ðωAÞL0 Î� e2ik0ðωBÞL0 Î is the phase accumulation due to dis-
persion of the linear medium and Û ¼ ÛA � ÛB is the polarization
transformation of PC2 which effects a global biphoton state rotation. Note
that Û is assumed to be weakly wavelength-dependent, such that

ÛA ffi ÛB ¼ eiϕ1 cos θ �eiϕ2 sin θ

e�iϕ2 sin θ e�iϕ1 cos θ

� 	
: ð11Þ

Thepolarization transformationplays an essential role as it is responsible for
coupling the frequency and polarization DoFs of biphotons. It is assumed
that PC2 has broad spectral coverage over the signal and idler bandwidth,
therefore the angles θ, ϕ1, and ϕ2 are the same for both photons. The values
ofϕ1 andϕ2 are determined by the birefringence introduced by the PC2. For
simplicity, we set ϕ1 = ϕ2 = 0, but our findings can be easily generalized to

Fig. 2 | Schematic of the experimental setup. The
780 nm pump from a narrow-band laser diode is
sent to the PPSF through a wavelength division
multiplexer (WDM). The polarization of the pump
is controlled by a polarization controller (PC1) for
type II phase-matched SPDC. The biphotons gen-
erated from the forward and backward paths inter-
fere, producing an output state, which is sent to the
measurement apparatus. In inset a, the L/C band
splitter separates signal (λ > 1564 nm) and idler
(λ < 1564 nm) into two spatial modes, where we can
use polarization analyzers (PA_1 and PA_2) to
characterize the polarization state through quantum
state tomography (QST). This setup is also used to
obtain frequency-resolved QST by inserting a dis-
persion compensatingmodule (DCM). In insetb, we
use this DCM to temporally disperse the biphotons
for spectral measurements3.
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cases with non-zero ϕ1 and ϕ2. Under these assumptions, we obtain3

∣ψNLI

� ¼ 1
2

R
dωAdωB � sin 2θ∣HH i½


þ cos 2θ∣HV i þ cos 2θ∣VH i þ sin 2θ∣VV i�
þ ½e2iαðωA;ωBÞ∣HVi þ e2iαðωA;ωBÞ∣VH i��
�ϕðωA;ωBÞ∣ωA;ωB

�
;

ð12Þ

where α(ωA,ωB) =Δk0(ωA,ωB)L0+Δk(ωA,ωB)L, the phase mismatch of
the pump, signal, and idler fields in the linear (denoted by subscript 0) and
nonlinear medium, respectively.

To demonstrate this effect, we consider two special cases shown in
Table 1. For Case 1, there is no polarization rotation (θ = 0) and the two
DoFs of biphotons become decoupled. The amplitudes of ∣HV i and ∣VH i
in Eq. (12) contain contributions from forward- and backward-propagating
biphoton, which eventually leads to interference between the biphoton
amplitudes. For Case 2, the polarisation is rotated by θ = π/4 and the two
DoFs of biphotons become coupled, as will be shown in Section “Case 2:
biphotons with coupled DoFs”.

To illustrate the coupling between the two DoFs, we first consider
Schmidt decomposition of the biphoton states into frequency and polar-
ization, i.e. ∣ψNLI

� ¼ P
k∣ξk

�
Pol∣χk

�
Freq. Note that the definition of sub-

systems we use here differs from the one normally used in the literature,
where the two subsystems consist of signal and idler photons. However,
since our focus is on the coupling between two DoFs of biphotons, we
consider the complete biphoton state in both polarization ∣ξk

�
Pol and fre-

quency ∣χk
�
Freq DoFs as our subsystems for decomposition. With this

definition of subsystems, biphoton states with Schmidt rank greater than 1
indicate that the two subsystems are entangled, implying a coupling between
the twoDoFs. Consequently, apart from the entanglement between the two
photons in the polarizationDoF, the twoDoFs themselves are also coupled.

Case 1: biphotons with decoupled DoFs
When there is no polarization rotation (θ = 0) applied to the biphoton
amplitude, the quantum state at the output of the CP-NLI can be derived
from Eq. (12) as:

∣ψNLI

�
case1 ¼ 1

2

R
dωAdωB½∣HV i þ ∣VH i��

ϕðωA;ωBÞ½1þ e2iαðωA;ωBÞ�∣ωA;ωB

�
;

ð13Þ

The rank-1 biphoton state can be written in Schmidt form

∣ψNLI

�
case1 ¼ ∣ξ1

�
Pol � ∣χ1

�
Freq; ð14Þ

where ∣ξ1
�
Pol ¼ ∣Ψþ� and ∣χ1�Freq ¼ R

dωAdωBϕðωA;ωBÞ½1þ e2iαðωA;ωBÞ�
∣ωA;ωB

�
, implies that the polarization and frequency DoFs are completely

decoupled from each other.
In order to gain further insight into the biphoton state, we analyze its

spectral intensityby tracingover thepolarizationDoF.The spectral intensity

of the biphoton state ∣ψNLI

�
case1 is proportional to

jϕðωA;ωBÞj2cos2αðωA;ωBÞ3, which results in the appearance of spectral
fringes. These fringes are generated by the interference between forward-
andbackward-propagatingbiphotonamplitudesandare associatedwith the
spectral phaseα(ωA,ωB). By employing the spectralmeasurement apparatus
illustrated in Fig. 2b for coincidencedetection in apolarization-independent
manner, we experimentally observe this phenomenon, as shown in Fig. 3a,
which agrees well with the simulation curve. The minor discrepancy
between the experimental data and the simulation curve can be attributed to
the conversion from time towavelength, which is based on the dispersion of
the DCM, ignoring all higher orders. The spectral intensity fringes clearly
show that tracing over the polarization DoF does not affect the frequency
DoF of biphotons, and the two biphoton amplitudes continue to spectrally
interfere with each other as expected.

Our focus now shifts to examining the polarization DoF of biphotons.
Trace over the frequency DoF and generate the reduced density matrix of
the biphoton state:

ρ̂red - polcase1 ¼ TrFreqð∣ψNLI

�
ψNLI

�
∣Þ

¼ R
dωAdωBf ðωA;ωBÞ× ρ̂0case1ðωA;ωBÞ;

ð15Þ

where f ðωA;ωBÞ ¼ j~ϕðωA;ωBÞj2 (with ~ϕðωA;ωBÞ ¼ ϕðωA;ωBÞ
½1þ e2iαðωA;ωBÞ�) is a slow-varying frequency-dependent factor that is not of
importance here. ρ̂0case1ðωA;ωBÞ is the densitymatrix corresponding to each
signal and idler frequency-conjugate pair. For the biphotonswith decoupled
DoFs, ρ̂0case1ðωA;ωBÞ represent a maximally polarization entangled state
(concurrence CðωA;ωBÞ ¼ 1) and is independent of signal and idler
frequencies. Upon evaluating the integral in Eq. (15), the reduced

polarization density matrix ρ̂red - polcase1 is obtained, as presented in Table 1.

The coherence elements in ρ̂red - polcase1 indicate that quantum interference has
not been destroyed by tracing over the frequency DoF. As a consequence,
the entire biphoton wavepacket remains in a maximally-entangled
polarization state, which has been confirmed experimentally using the
QSTmeasurement apparatus illustrated in Fig. 2a. The level of polarization
entanglement, as observed in the experimentally acquired polarization
density matrix shown in Fig. 3b, is of high degree [CPol ¼ 0:95ð2Þ]. It is
significant to note that the coherence in the polarization DoF is preserved
even after integrating over the signal and idler frequencies, due to the
decoupling of the two DoFs.

Case 2: biphotons with coupled DoFs
When a polarization rotation of θ = π/4 is applied to the biphoton ampli-
tude,

∣ψNLI

�
case2 ¼ 1

2

R
dωAdωB �∣HH i þ ∣VV i½

þe2iαðωA;ωBÞð∣HV i þ ∣VH iÞ�
�ϕðωA;ωBÞ∣ωA;ωB

�
:

ð16Þ

Table 1 | Features of biphoton states with decoupled and coupled DoFs

Case 1 Case 2

ÛAðBÞ 1 0
0 1

� 	
1ffiffi
2

p 1 �1
1 1

� 	

Schmidt form ∣ξ1
�
Pol � ∣χ1

�
Freq c1∣ξ1

�
Pol � ∣χ1

�
Freq þ c2∣ξ2

�
Pol � ∣χ2

�
Freq

Schmidt rank 1 2

ρ̂0ðωA;ωBÞ
1
2

0 0 0 0
0 1 1 0
0 1 1 0
0 0 0 0

0
BB@

1
CCA 1

4

1 �ρ�0ðωA;ωBÞ �ρ�0ðωA;ωBÞ �1
�ρ0ðωA;ωBÞ 1 1 ρ0ðωA;ωBÞ
�ρ0ðωA;ωBÞ 1 1 ρ0ðωA;ωBÞ

�1 ρ�0ðωA;ωBÞ ρ�0ðωA;ωBÞ 1

0
BB@

1
CCA

Concurrence CPolðωA;ωBÞ ¼ 1 CPolðωA;ωBÞ ¼ j cos 2αðωA;ωBÞj
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The amplitudes of ∣HH i and ∣VV i are nonzero and, in contrast to Eq. (13),
the frequency and polarization DoFs cannot be separated due to their cou-
pling. Note that Eq. (16), which is the biphoton wavefunction resulting from
ourCP-NLI, has the same formasEq. (6) except for a global phase.Therefore,
changing θ from 0 to π/4 accomplishes the aim of dynamically switching
between decoupling and coupling of the polarization and frequency DoFs,
resulting in frequency-dependent entanglement in polarization.

The Schmidt decomposition of the state in Eq. (16) yields:

∣ψNLI

�
case2 ¼

X2
k¼1

ck∣ξk
�
Pol � ∣χk

�
Freq; ð17Þ

where c1 ¼ c2 ¼ 1ffiffi
2

p , ∣ξ1
�
Pol ¼ �∣Φ�i, ∣ξ2

�
Pol ¼ ∣Ψþ�, ∣χ1

�
Freq ¼R

dωAdωBϕðωA;ωBÞ∣ωA;ωB

�
and ∣χ2

�
Freq ¼

R
dωAdωBe

2iαðωA;ωBÞϕ

ðωA;ωBÞ∣ωA;ωB

�
. Since the Schmidt rank for ∣ψNLI

�
case2 is 2 and c1 = c2, the

frequency and polarization DoFs are maximally coupled.
Following a similar approach, we trace over the polarization DoF and

analyze the spectrumof the biphotons. The absence of interference between
the biphoton amplitudes from the forward and backward paths leads to the
disappearance of spectral fringes. This is verified using the spectral mea-
surement apparatus depicted in Fig. 2b, and there is no modulation of
spectral intensity for Case 2, as can be seen in Fig. 3c.

Likewise, we trace over the frequency DoF and form the reduced
density matrix:

ρ̂red - polcase2 ¼ TrFreqð∣ψNLI

�
ψNLI

�
∣Þ

¼ R
dωAdωBgðωA;ωBÞ× ρ̂0case2ðωA;ωBÞ;

ð18Þ

where g(ωA,ωB) = ∣ϕ(ωA,ωB)∣2 is also a slow-varying frequency-dependent
factor. ρ̂0case2ðωA;ωBÞ is the density matrix presented in Table 1, where
ρ0ðωA;ωBÞ ¼ e2iαðωA;ωBÞ is a functionof thedispersionof the linearmaterial.
Calculating the integral in Eq. (18), we obtain a reduced polarization density
matrix:

ρ̂red - polcase2 ¼ 1
4

1 0 0 �1

0 1 1 0

0 1 1 0

�1 0 0 1

0
BBB@

1
CCCA; ð19Þ

which is a mixed state: ρ̂red - polcase2 ¼ 1
2 ð∣Ψþ�hΨþj þ jΦ�i Φ�h ∣Þ. A low con-

currence of CPol ¼ 0:10ð4Þ was measured, as shown in Fig. 3d. It should be
noted that the experimental concurrence is not reduced to zero, as the
manual PC has limited tuning accuracy and the biphoton amplitudes from
the two paths are not equal. The results depicted in Fig. 3c, d support the
couplingbetween the twoDoFsof biphotons, as tracingover oneDoFaffects
the other DoF by destroying the quantum interference. One can clearly see
that ∣ψNLI

�
case1 is always a maximally polarization entangled, regardless of

ωA andωB. However, the polarization state of ∣ψNLI

�
case2 depends on signal

and idler frequencies ωA and ωB.
Theunique signature of the biphoton state inEq. (18) is that thedensity

matrix ρ̂0case2ðωA;ωBÞ is frequency dependent for each signal and idler
frequency-conjugate pair. This is a result of the coupling between the
polarization and frequency DoFs of the entire biphoton wavepacket. To
observe this property, we spectrally resolve the concurrence by performing
QST40 on many frequency-conjugate pairs (over a 60 nm bandwidth).
Figure 4 show that the concurrence of the biphotons is frequency-depen-
dent, ranging from 0.12(5) to 0.98(2), with the variation given by

Fig. 3 | Experimentally measured biphoton properties in polarization and
frequency DoFs. In Case 1 (no polarization rotation) the two DoFs are decoupled:
a The interference fringes are observed in the spectrum intensity. The experimental
data are obtained from the setup depicted in Fig. 2b, and the simulation curve is
obtained through a function proportional to jϕðωA;ωBÞj2cos2αðωA;ωBÞ. b The high
degree of polarization entanglement [concurrence CPol ¼ 0:95ð2Þ and fidelity

F = 97.2%]. In Case 2 (a polarization rotation of π/4) the two DoFs are coupled:
c Tracing over the polarization DoF destroys the interference in the spectrum. The
measured spectrum of the biphoton state at the output of the NLI is identical to that
from the SPDC source. d Tracing over frequency DoF leads to the depletion of
polarization entanglement [CPol ¼ 0:10ð4Þ]. The cut-off wavelengths of the DCM
constrain the range of the spectrum.
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CPol ¼ j cos 2αðωA;ωBÞj. In other words, the degree of polarization
entanglement of biphotons can be controlled by tuning their frequencies.
Although the observed fringes in Fig. 4a are related to those in Fig. 3a, it is
important to note that the former exhibits fringes in concurrence while the
latterdisplays fringes in spectral brightness.Thismeans that thepolarization
rotation of π/4 converts the modulation of brightness to the modulation of
concurrence. Moreover, the modulation pattern observed in Fig. 4 depends
on the dispersion of the linear medium α(ωA,ωB) and can be tailored
accordingly.

The reflective CP-NLI enables us to tune concurrence from 0 to 1
by selecting appropriate frequency pairs. Furthermore, as concurrence
is invariant under local unitary operations, local polarization trans-
formations can be combined with our system to obtain any arbitrary
pure biphoton polarization state, ranging from a completely separable
state to a maximally entangled state. It is worth noting that a broad
biphoton bandwidth is not always necessary for polarization entan-
glement tuning, although it does make frequency-dependent con-
currence obtainable with only a modest amount of dispersion.
Equation (6) suggests that polarization entanglement can be controlled
by the interference between two maximally-entangled Bell states (∣Φ�i
and ∣Ψþ�) with varying relative phase α(ωA, ωB). For the case of nar-
rowband biphotons, where it is not practical to use the frequency-
dependent phase for entanglement tuning, phase modulators can still
be used to arbitrarily vary α and control the entanglement or obtain any
arbitrary biphoton polarization state in a CP-NLI.

Our theoretical analysis and experimental results demonstrate
the coupling and decoupling phenomena by observing the frequency
(or polarization) while tracing over the other DoF. When the two
DoFs are coupled, tracing over one of them results in the destruction
of quantum interference in the other DoF. The loss of spectral fringes
is a clear indication of the destruction of quantum interference in the
frequency DoF, while a biphoton polarization state with low con-
currence is an indication of the destruction of quantum interference
in the polarization DoF.

In conclusion, we introduce an approach for coupling and
decoupling two DoFs (polarization and frequency) of biphotons

through a reflective CP-NLI. In contrast to previous methods19,20, our
approach eliminates the need for phase stabilization or active element
for DoF coupling. We further experimentally demonstrated the
on-demand coupling/decoupling of the two DoFs through a
straightforward polarization transformation within the CP-NLI.
Once the two DoFs of biphotons were decoupled, the interference
fringes were initially observed in their spectrum. As a consequence of
coupling the two DoFs, the interference fringes disappeared and were
transferred to the polarization domain and resulting in frequency-
dependent polarization entanglement. This feature could be utilized
to adjust the polarization entanglement by selecting different
frequency-conjugate pairs of biphotons. Moreover, we anticipate that
the CP-NLI approach can be extended to other DoFs, such as time
bins, spatial modes, and orbital angular momentum. The class of
biphotons with coupled DoFs introduced here, combined with the
technique mentioned in ref. 18, can be further exploited for the
generation of two-photon cluster states5,6, which has unique appli-
cations in one-way quantum computing6,23. Overall, our approach
offers a convenient and flexible means of controlling DoFs that could
be useful for quantum information processing, quantum sensing, and
the study of the foundations of quantum mechanics.

Methods
CP-NLI with one nonlinear medium
In the reflective CP-NLI setup as shown in Fig. 2, we integrate a high-
reflectivity broadband mirror at one end of the NLI, enabling the
interference of biphoton amplitudes in both forward and backward
directions upon reflection. This process is executed through the
plasma sputtering physical vapor deposition (DC magnetron)
method. Operating with Ar+ at a flow rate of 30 sccm within a con-
trolled vacuum chamber held at a temperature of 20 °C, and main-
taining pressure below 3 mTorr, we apply 200 W of DC power for
45 min. This procedure yields a thin copper layer measuring 800 nm
in thickness, meticulously deposited atop a fiber connector. Conse-
quently, this mirror serves as an effective broadband reflective surface
for both signal (idler) and pump fields.

Fig. 4 | Frequency-resolved quantum-state tomography. a The concurrence is
dependent on the signal/idler photon frequencies (wavelengths) when the polar-
ization and frequency DoFs are coupled. The error bars represent the standard
deviation obtained from the Monte Carlo simulations fed by the actual coincidence

measurement data. The polarization state density matrix reconstructed from the
polarization quantum-state tomography with high concurrence CPol ¼ 0:95ð3Þ and
fidelity F = 97.4% (b), and low concurrence CPol ¼ 0:11ð4Þ and fidelity F = 51.0% (c).
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Data availability
Data are available from the authors upon reasonable request.

Code availability
All the codes are available from the authors upon reasonable request.
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